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PREFACE 


This book is the natural growth of my several years of teaching and 
consulting in structural engineering with a particular emphasis on 
prestressed concrete structures. Economic criteria and a rational 
approach to design need not necessarily depend on intuition and experi¬ 
ence but can be based on sound scientific principles coupled with 
practical constraints, d he book is developed with detailed examples 
and illustrations to give basic concepts and a feeling for the variety of 
prestressed concrete structures. It is meant as a complete course in 
prestressed concrete structures useful for teaching advanced under¬ 
graduate and postgraduate students. Considerable literature supplied 
by various prestressed concrete manufacturers and consultants has been 
incorporated which gives the book a practical orientation. 

d'he first chapter develops concepts of prestressing and the second 
chapter presents introductory material for prestressed concrete. These 
two chapters together form an introduction to the subject. Chapters 
three to seven discuss the service load design of various discrete struc¬ 
tural systems such as simple composite and non-composite beams, tie 
bars, columns and piers, pipes and ring beams, and continuous beams. 
Idicre is a greater emphasis on economic criteria of design and the 
cross sectional responses of various elements to different parameters. 
C^hapters eight and nine present ultimate flexure and shear-moment 
failure criteria of design. Rigorous and approximate methods of com¬ 
putation of ultimate capacity of the beams are presented. The ultimate 
load design of prestressed concrete beams is also illustrated. 

Chapters ten and eleven discuss the design of continuum structures 
such as two way and flat slabs, folded plates, water tanks, domes and 
ring beams, as well as cylindrical shell roofs. These two chapters arc 
written especially for a student or designer who does not have a basic 
background in the classical plate and shell theories, and still wants to 
design such structures. 

Chapters twelve and thirteen present design of end zones of pre- 
tensioned and post-tensioned prestressed concrete structural elements. 
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A set of tables useful for the design of beams and shells is presented 
in appendix A. Relevant references to the subject are given in 
appendix B. The references given arc not meant as an exhaustive 
set. 

I take this opportunity to express my thanks to Mr. S. C. Goel, 
Indian Institute of Technology, Kanpur, for his constant help at various 
stages of development of the book. I am grateful to Mrs. Jane G. 
Merriam, for her kind help in editing the book ; the Indian Institute of 
Technology, Kanpur, for providing encouraging facilities for preparing 
the manuscript; and the students who have made significant comments 
for the presentation of the book. 

Kanpur Pasala Dayaratnam 

1970 
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CHAPTER I 


CONCEPTS OF PRESTRESSING 


1.1. DEFINITION: Prestressed concrete may be defined as the 
concrete in which effective internal stresses are induced artificially with 
tensioned steel before loading the structure. An illustration of pre¬ 
stressing could be seen in the tightened waist belt of a middle aged 
lady who is about to go to a formal dinner. If the belt is tightened 
before dinner the waist is restricted to stay within reasonable limits even 
after a heavy dinner. A simple engineering example which has used 
the principle of prestressing since several centuries is that of the formation 
of a wooden barrel. As steel ropes or bands are wound around wooden 
staves and tightened, compressive stresses are produced in the barrel. 
Undei working load conditions, the liquid in the barrel will cause tensile 
stresses which are counter balanced by the previously induced coinpres- 
sives ti esses. 1 his type of operation of tightening the steel bands before 
working operations is called prestressing. 

CiOncretc is poor in tension, so at sections of concrete where tension 
IS expected, compressive stresses are introduced before working loads. 

I here are several methods of tensioning the steel and transferring the 
steel force to the concrete. The prestressing steel, when used in con¬ 
crete members, is usually called tendon. The systems and operations 
of pi estressing are discussed later. 




r j 

^ - ar 

zj 

1 y 


(O ' 
STreii 


Fig, 1.2.1 : Simply supported beam 

1.2. STRESS DISTRIBUTION: The distribution of stress and strain 
m a simply supported beam is shown in fig. 1.2.1 assuming that the plane 
section remains plane even after bending. Certain amount of tension 
is produced in the bottom fibre by the external loads and, because 
concrete is poor in tension, some kind of tension bearing capacity has 
to be induced at the tensile zone. The tension capacity is provided in 
two ways: (i) sufficient steel can be embedded in the beam at the 
tension zone which will take the tension directly. This method is 
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defined as reinforced concrete construction; (ii) a compressive stress can 
be induced at the tension fibre through tensioned steel. This system is 
called prestressed concrete construction and it is illustrated in 
fig. 1.2.2. 

If a simply supported beam is first subjected to prestressing force of 
Pt alone, then the stresses in the beam are given by 



Where 

Pt 

prestressing force introduced through the tendon 

A ^ 

area of cross section 

r = 

radius of gyration 

e — 

eccentricity 

yi = 

distance of the extreme top fibre from C-. G. C- 

Yb = 

distance of the extreme bottom fibre from G. G. C 

ftl = 

stress at top fibre in stage 1 

fLl = 

stress at bottom fibre in stage 1 



litage I at transfer without any external load 


J_ t 






Stage 2 at working load 

Fig. 1.2.2 : Simply supported beam with prestress 


The self weight of the beam is neglected in this czisc. 
second stage when working load acts, the stresses arc given by 



In the 


(1.2.3) 


(1.2.4) 
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where a subscript 2 indicates stage 2 (working load) and M the bending 
moment at the section. From eq. 1.2.4, it can be seen that tensile 
stress at working load is compensated by prestressing compressive stress. 
The amount of pjiestressing force ‘Pt’ and the eccentricity ‘e’ are fixed 
by the allowable stresses. Pt cannot arbitrarily be increased just to 
compensate the negative stresses. As Pt increases, ^t2 also increases so 
the allowable compressive stress of concrete governs. Compensation 
of tensile force can also be achieved by increasing the eccentricity ‘e’; 
but as the eccentricity increases, ft^ in eq. 1.2.1 might turn out to be a 
tensile stress beyond allowable limits. The values of Pt and e have to 
be carefully selected. The advantage of providing thrust Pt at the 
bottom is illustrated in example 1.2.1. 

Example 1.2.1 : A simply supported beam of span 8 m is loaded with 
a uniformly distributed load of 5000 kg/m. The cross section of the 
beam is 80 by 30 cm. Determine the stresses with and without a hori¬ 
zontal thrust of 240,000 kg acting at 20 cm below the centroidal axis. 
The self weight of the beam is included in the load. 


f_ P , Pey My 


(yt=yb=y) 


240,000 240,000x20x40 

80x30 ^ 10007^00 + 


4,000,000x40 

1,280,000 


1,280,000 
= 100±150t 125 Kg/sq cm. 

Stresses without horizontal thrust= d::125 kg/sq cm 
Stresses with horizontal thrust = + 7^ +125 kg/sq cm 


SOOO kg./m 


240000kg"' 


t- 1 _^ i 

4_ CGC___ 

Z 0 cm 

_L_ 

I—^ 

L| 

IOC 

) 150 


IZ5 7 

r[ 

7^- e-. 



p/a 


r ' 


Fig. 1.2.3 : Stress distribution at mid section 

It can be seen from fig. 1.2.3 that a tensile stress of 125 kg/cm* 
exists without horizontal thrust, but with the introduction of horizontal 
thrust, there is compressive stress throughout the cross section. 


1.3. PROFILE OF TENDONS : It may be seen from example 
1.2.1 that there are two critical sections, one at mid span and another at 
end span. The stress distributions of these two sections arc shown in 
fig. 1.3.1. 

From fig. 1.3.1 it can be seen that the stress distribution at the end 
section is more dominant than that at middle of the beaim mainly 
because of zero external bending moment at the end section. The 
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'25 250 

Mid seclion End lecfion 


Fig. 1.3.1 : Stress distribution—Example 1.2.1 
stress distribution due to external bending moment starts with zero 
values at the end and reaches maximum at the centre of the beam, 
whereas the stress distribution provided by the horizontal thrust stays 
constant throughout the beam. The critical stress distribution at the 
end section can easily be avoided by providing zero eccentricity at the 
end while keeping the 20 cm eccentricity at the middle of the beam. 
Now it is necessary to discuss the transition of the eccentricity along 
the span. I'he stress variation along the span due to the uniformly 
distributed load is parabolic; so a tendon of parabolic profile will be 
effective to compensate the tensile stresses due to the external loads. 
Sometimes the prdfile is also taken as two straight lines with a bend 
at the middle of the section. These profiles are shown in fig. 1,3.2. 
The eccentricity of the tendon at the end of the beam need not 
necessarily be zero. To provide for a steep curvature, a negative 
eccentricity can also be given. I’hc variation of vertical component 
of the tendon force will compensate the external load as illustrated in 
fig. 1.3.3. The following two examples illustrate the stress behaviour 
due to inclined profiles of the tendons. 



Parabolic 

Fig. 1.3.2 : Possible profiles of tendons 



Fig. 1.3.3 : Vertical component of tendon force 
Example 1.3.1 : (same as example 1.2.1 with a modification in the 
profile of the tendon) The eccentricity at the end is—10 cm and 
at the mid section is 20 cm with a straight line variation. Dctcrmina- 
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tion of the stresses at the end and mid section (-vc sign of c indicates 
eccentricity above G. G. G.). 


5000 kg/m 



= 240,000kg 
I ^ /2e0000cm'» 
MrnQ)»*40^ lO kg cm 


Fig. 1.3-4: Example 1.3.1 

The slope of the tendon is small so 

o- 30 

Sin 6 ^ 

The vertical component of the tendon force at the middle of the 
section 

3 


-2 Pt Sin 0-2x240,000 x 


40 


=36000 


- 100 ± 


) 


The horizontal component (H)=Pt Gos O^Pt 
Stresses at end section of the beam: 
r _ Pt , Pt cy 

A ^ I 

240,000 X 10 X 40 
1280,000 

= (100i75) 

Stresses at mid section of the beam: In addition to the bending 
moment caused by the external load, the vertical component of the 
tendon force will also cause bending moment but in opposite direction 
(fig. 1.3.5). 

wL2 5000x8x800 

Ml — _——- - -=40x10^ kg cm 

o o 


MplJ — 


36000L 


36000x800 


= — 72 X 10® kg cm 


where : Mi = bending moment due to live load 

Mpb= bending moment due to prestressing balancing force 
M = Mi + Mpb = —32 X 10® kg cm 
f = ioo± 75±(-32/40) 125 
= (100i75=F 100) kg/sq cm 

Fig. 1.3.5 shows the stress distribution at the end and middle 
sections of the beam. It may be seen from the two previous examples 
that the profile of the cable has considerable effect on the 
distribution of stress at different sections of the beam. Another two 
examples are given to illustrate the effect of the cable profile on the 
stresses in the beam. 
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{Note : The stress pointing towards the beam is assumed to be 

compression as given in the figures.) 


50 00 kg/m 



Fig. 1.3.5 : Stress distribution—Example 1.3.1 

Example 1.3.2: (same as example 1.3.1 except that the eccentricity at 
the ends is 10 cm instead of —10 cm) : The stresses distribution due to 
the external load and prestressing force are computed as done in exam¬ 
ple 1.3.1 and shown in figure 1.3.6. 


5000 kg/m 


_i_L_t_1-1—, 

[ lOcm 240000kg. 

P^ 


f ^ 

S. 


1- 

1 ^0 cm 

La 



L L 

1 




175 lOO 
rnd section 


75 

M 


50 125 

d section 


Fig. 1.3.6: Stress distribution—Example 1.3.2 
Example 1.3.3; Same as example 1.3.2 except that the profile of the 
cable is parabolic. 


5000 kg/m 

i 1 ^ ^ i 1 





240.000kg 


Fig. 1.3.7 : Example 1.3;3 


Equation of parabola with origin at the end of the beam is 


16000 

d^y ^ -2 _ 

dx* 16000 “ 
Vertical component of force 


Lx-x^ 

16000 

^1 

8000 


/d*y\ -240.000 

* ( dx»“ 8,000 

= — 30 kg/cm 
= —3000 kg/m 



Fig. 1.3.0 
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The vertical component of the tendon force is uniformly distributed, 
acting upwards and is equal to 3000 kg/m. 


5000 Kg./ m 

_ i _ i _t 


3000 k g/m 




End secTion Mid section 


Fig. 1.3.9 : Stress distribution—Example 1.3.3 
The efFcctive vertical load on the beam is (5000—3000) = 2000 kg/m 
and is acting downwards. The stresses are calculated for this load and 
the stress distribution is shown in fig. 1.3.9. 

A comparative study of stress distribution of the four examples is 
given in table 1.3.1. Beams 2 to 5 have used the same amount of mate- 

Table 1.3.1 : Stress distribution on beam with tendon 
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rial under same external load conditions except for the profile 
of the tendon. It can be seen from the stress block that the 
profile and the eccentricity of the tendon has considerable effect on the 
stresses. 

1.4, LOAD BALANCING METHOD : From the previous examples, 
it can be seen that the external load could be balanced by the 
transverse component of the cable force. A design method in 
which the external load is balanced by the transverse component 
of the cable is called ‘load balancing method’ (1.1). Fig. 1.4.1 
illustrates the selection of cable force and profile for load balancing 
method. 

Example 1.4.1 : Provide a load balancing cable for a given cable force 
(P= 160000 kg) for the beam shown in fig. 1.4.1. 

Two alternative solutions exist for this type of problem. If the cable 
force is specified, the eccentricity could be adjusted or vice versa. In 
this example, cable force is fixed so the eccentricity is adjusted. 


T 

u 

O 

1 


5000 kg./m 

t t ^ ^ t t t t 



em(Ll 


30cm 



Fig. 1.4.1 : Example l.-l.l 


(Given P—calculate cable profile) 



8cP/L“ = 5000 = balancing force 

. , SPOOLS 

.. e- gp 


. P 160000 , 

A=~^0^ • ‘^s/sqcm 


Where : fa = average stress 

Example 1.4.2: Determine necessary cable force to balance the 
external load of the beam shown in fig. 1.4.2 with 20 cm eccentricity 
at mid span. 
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Fig. 1.4.2: Example 1,4.2 
u, 

Balancing torce due to cable=-j -2 


Load to be balanced =5000 kg/m 
8 Pe 




= 5000 


P = 200000 kg 
f^^=:=P/A = 83.33 kg/sq cm 

Typical examples of load balancing cable profiles are shown in 
figures 1.4.3. (a) and (b). 

2P sin S ---= wu 

or 2P (e/-^) = Wh 

. T>„^ (wbL) 

• • A 


where: Wb=balancing force 

If P is fixed, e could be selected, or 
if e is fixed, P could be selected. 



(Pe/^)=w 

• Pc 

• 3 ^ 


Fig. 1.4.3(a) 


W ¥4 

A _ i 



K- L3 L3 --*4^ L3 


Fig. 1.4.3(b) 
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In some beams, the external load could be partially balanced by 
the cable component and the unbalanced load could be treated as efifec- 
tive external load. Examples given in section 1.3 illustrate the partially 
balancing technique. 

1.5. BASIC PHASES OF LOADING IN PRESTRESSED CON¬ 
STRUCTION : There are about six stages in the load conditions of a 
prestressed concrete structure. Some stages of loading override some 
other stages so the effective loading conditions need not necessarily be 
six. However for the sake of clarity, all the important phases of loading 
on the structure are recorded below : 

(i) Transfer of prestressing force : Transfer condition may be defined 
as the condition at which prestressing force is transferred to the 
beam. The loads acting on the member in this stage, arc the 
prestressing force and the self weight. 

(ii) Prestressing force, self weight and the superimposed loads (slab 
load etc.). 

(iii) Prestressing load, self weight, live load : The first three stages 
are more or less the stages that occur in the first few weeks of 
casting of the beam. During these few weeks, the concrete and 
steel undergo the time dependent strain variations such as shrink¬ 
age and creep of concrete and creep of steel. Because of these 
deformations, /he original elongation provided for the initial pres¬ 
tressing force decreases and the amount of prestressing force avail¬ 
able also decreases. A steady state might result after a long period. 
The amount of prestressing available after a steady state, is called 
effective prestressing force. 

(iv, V & vi) Conditions (i), (ii) and (iii) of loading arc repeated with 
effective prestressing force instead of initial prestressing force. 
Conditions (i) and (vi) arc the critical load conditions which 
govern the allowable stresses. The two conditions may be called 
as governing conditions which are discussed in detail in 
chapter III. 

1.6. MATERIALS; This section is devoted to materials mainly used 
in the prestressed concrete construction. Because of variety of reasons 
seen later, it is necessary to have some concept about the material pro¬ 
perties used in the construction. Basically there are two materials used 
in the prestressed concrete construction and they are (i) steel, and 
(ii) concrete. 

(I) Steel: Mild and hard steels used in reinforced concrete construc¬ 
tion have a yield limit of 2000 kg/cm® to 3000 kg/cm®. If this steel is 
used in prestressed concrete and tensioned to about 2000 kg/cm® at the 
initial stage, the effective prestressing force available after shrinkage and 
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creep of concrete and creep of steel will be negligible. The approximate 
loss of prestressing due to shrinkage of concrete, creep of concrete and 
steel is estimated to be of the order of 1750 kg/sq cm to 2500 kg/sq cm. 
Obviously no prestressing force will be left in the mild steel after the 
losses. The high tensile steels have ultimate strength capacity as high 
as 21,000 kg/sq cm and the use of such steels will provide considerable 
amount of effective prestressing force even after losses in prestress. 

Prestressing steel available is mainly in the form of wires which are 
cold-drawn from high tensile steel bars. The process of cold drawing 
tends to realign the crystals and the strength of the wires is increased by 
each drawing so that the strength of the wire increases as the diameter 
decreases. The cold drawing process decreases the ductility of the 
material which is a disadvantage. High tensile steel wires are also 
obtained as 'as-drawn’ wires. These wires have low proportional limit 
and to increase the proportional limit, the wires arc subjected to some 
type of stress relieving processes. Variation of ultimate stress with 
respect to the diameter of the wire is shown in fig. 1.6.1. 

The prestressing steel is also available in form of strands which arc 
obtained by twisting wires together. By using strands, the number of 
units to be handled decreases. Small diameter wires of very high 
tensile strength can be used for strands. Approximate chemical com¬ 
position of the high tensile steel wires is: 

carbon = 0,60 to 0.85%, manganese = 0.7 to 1.0%, 
phosphorus = 0.05%, sulphur =* 0.055% and a small 
amount of silicon. 



Fig. 1.6.1 : Typical variation of ultimate 
strength w.r.t. diameter 


Physical properties: The proportional limit or yield point of high tensile 
steel is rather hard to find. Because of the absence of low carbon steel 
in the high tensile steel, the yield point does not exist. A typical stress 
strain curve of a high tensile steel is shown in fig. 1.6.2. 
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From fig. 1.6.2 it can be observed that the proportional limit or 
yield point of high tensile steel is not very clearly seen. The yield point 
of high tensile steel is generally dehned at 0.2% set, i.e., at 0.2% of 
permanent inelastic deformation. The approximate yield points are 
given in table 1.6.1. 

Table 1.6.1; Approximate yield and proportional limits 


Wire 

Yield point 

Proportional limit 

Wires as drawn 

0.75 f'« 

0.35 Fb 

Prcstretched 

0.85 f'. 

0.55 Fh 

Temp, treated wires 

0.87 f'. 

0.70 Fb 

Strands—stress relieved 

0.90 f's 

0.75 f's 

The modulus of elasticity 

of high tensile 

Steel may be taken as 

shown in table 1.6.2. 



Table 1.6,2 : Modulus of elasticity of steel 

Description 



Cold drawn wires 


2.1 X 10® kg/cm* 

Heat treated wires 


2.0 X 10® kg/cm® 
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As it is rather hard to establish any positive limits for high tensile 
steels, it is desirable that sufficient tests be conducted on the specimens 
to be used in any particular job. 

The creep characteristics of high tensile wires are given in 
fig. 1.6.3. 



Fig. 1.6.3: Creep ill Jit eel 

In most of the high tensile wires, the creep is negligible upto 
0.45 f's and it is about 3 % at 0.5 and 0.55 f'.. stress level. The steel 
is subjected to high tension during the first stages of construction, so 
most of the creep occurs in the early stage of construction. The wires 
and strands are generally supplied in coils of sufficient big diameter as 
not to cause any inelastic deformation. 

(ii) Concrete: Consecpient to the use of high tensile steel in pre- 
stressed concrete construction, the concrete has to be of high strength 
character. The Indian code of practice suggests a minimum cube 
strength of 420 kg/sq cm for pre-tensioned system arid 350 kg/sq cm for 
jKJSt-tensioned system. A typical concrete strength vs. water-cement 
ratio is shown in fig. 1.6.4. 



Fig. 1.6.4 : Cube strength vs. watcr-ccmcnt ratio 


As the water cement ratio increases, the strength of concrete 
decreases. For most prestressed concrete constructions, a water-cement 
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ratio of about 0.45 is used. For water-cement ratio Jess than 0.4, the 
workability of concrete decreases, with the result that compact and high 
density concrete is difficult to obtain. High workability with less 
water-cement ratio requires a higher percentage of cement and well 
graded aggregate. 12 mm to 25 mm slumps are sometimes used with 
controlled vibration. 

The strength of the concrete referred in this book is always to be 
that of a 15 cm cube at 28 days unless otherwise stated. The actual 
concrete strength after several months of casting will be higher than 
that of 28 days strength. A typical relation between strength of concrete 
with age is shown in fig. 1.6.5. 



Fig.^ 1.6.5 : Strength of concrete with age 

A typical stress strain curve of a good graded concrete is shown in 
fig. 1.6.6 and the stress strain relation (1.2) may be expressed as 



Fig. 1,6.6 : Typical stress strain curve of concrete 

fe = Ee€(l- ^ 2 ^^- ) (1.6.1) 

Where = ultimate strain (about 0.003). The stress-strain curve 
of concrete is desirable for determination of ultimate load capacity of 
the beams and also for understanding Young’s modulus of the concrete 
itself. Determination of Young’s modulus for concrete is not as specific 
as it is for steel. This can be easily observed from the curve. There 
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have been many formulae developed to determine Young’s modulus of 
concrete; they arc given below; 

(a) As per Indian code of practice ; 

Ec = 18,000 v^f'e (Itg/sq cm) 

or Ef. = 68,000Vf'c (psi) 

Where f'e is the 28 days 15 cm cube strength for a portland 
cement and 7 days cube strength for a rapid hardening cement. 

(b) As per American concrete institute : 

Ep = (psi) 

Where y = weight of concrete per eft and 
= 6" cylinder strength (psi) 

(c) Ilogncstad has proposed ; 

Ec -= 1,800,000 + 460 f'e (psi) 

Where f^, = 28 days cylinder strength. 


(d) As per German code : 

C'ube strength 
(kg/cm^) 

300 

450 

600 


C'on esponding cylinder Ec (psi) 
strength (psi) 

3400 4.8x 10® 

5100 5.7x 10® 

6800 6.2x 10® 


(e) British cooe specihes as ; 

Cube strength 
(psi) 


Ec (psi) 


3000 

4000 

5000 

6000 

8000 

10,000 


3x 10® 
4x 10® 
4.5x 10® 
5.0x10® 
6.0x10® 
6.5x10® 


It can be seen from the various specifications that there is no 
absolute basis on which Young’s modulus could be determined. Young’s 
modulus is a function of the ultimate strength of the concrete. The 
modulus of elasticity plays an important part on the deformation and 
loss of prestress characteristics. A certain amount of tolerance has to 
be assumed in the use of Young’s modulus. The Poissons’ ratio for 
prestressed concrete varies from 0.15 to 0.22and an average of 0.17 may 
be adopted in the calculations. 

7 ime dependent character of concrete shrinkage : As concrete is cast, cured 
and exposed to weather conditions, some drying and chemical changes 
take place. Consequently the concrete undergoes change in volume 
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depending upon time, moisture content, water-cement ratio and weather 
conditions. The change of deformation independent of stress is called 
shrinkage. The amount of shrinkage varies from 0 to .001, Some 
amount of the shrinkage is recoverable upon restoring the moisture 
content of the concrete. (In some extreme wet conditions with certain 
aggregates, the concrete is likely to expand.) The amount of shrinkage 
is proportional to the water-cement ratio. It is desirable to use a low 
water-cement ratio to reduce the effect of shrinkage. The aggregate 
properties also affect the shrinkage. Aggregate with low percentage 
absorption will give less shrinkage. The chemical decomposition of 
cement or even the chemical reactions in the cement will have some 
influence on the shrinkage. It is always possible to make an approxi¬ 
mate estimate of shrinkage of concrete while designing a concrete mix 
(1.3). For purposes of design, the shrinkage may be assumed as 0.0002 
to 0.0004. 

Creep in concrete ; The creep strain is defined as the time dependent 
deformation resulting from the presence of stress. The creep deforma¬ 
tion is a complex phenomenon especially in concrete. Most materials 
subjected to a particular stress level will continue to deform for a certain 
period even without any change in the stress level. Normally there is 
no creep at low stress levels, but as the stress level increases the creep 
also increases. The jcreep of concrete is a function of several quantities 
such as (i) stress level, (ii) the duration of stress, (iii) age of concrete, 
(iv) previous history of stress, (v) water-cement ratio, (vi) strength of 
concrete, (vii) aggregate, (viii) cement, and (ix) weather conditions to 
which the concrete is exposed. Fhc creep of concrete assumes an 
asymtotic behaviour tending to stabilise the strain in a longer period. 
However most of the creep occurs in the first year. The ratio of the 
final strain in time to the initial strain of concrete is called the creep 
coefficient. A typical creep curve is shown in fig. 1.6.7. The creep of 
concrete decreases with moisture and weather conditions. For the 
purposes of design the creep coefficient of concrete is taken as 2.5 to 3.0. 



Fig. 1.6.7 : Creep of concrete 
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P«r lod 


Fig. 1.G.8 : Creep of concrete 

Problems 

1.1 A simply supported beam of span L and depth h is subjected to 
self weight Wf, and a live load of AVe- Both the loads are distri¬ 
buted uniformly over the span. Find a cable force and profile 
so that a load of Wj. + We/2 is balanced by the cable. 

1.2 A simply supported Ijeam of span L and depth h is subjected to 
self weight \Va uniformly distributed and four concentrated loads of 
each 1 , spaced at equal interval. Find load balancing cables 
for these loads. Adopt two different cables for the two load 
systems. 

1.3 A double overhang beam has the middle span as L and the 
ov^erhang span on either side as L/4. Determine a prestressing 
cable for balancing a uniformly distributed load on the entire 
beam. 





CHAPTER II 


PRESTRESSING SYSTEM 
AND LOSSES OF PRESTRESS 

2.1, GLASSIFICATION: Prestressed concrete construction may be 
classified into a number of groups based on design, construction, method 
of applying prestressing and purpose of the structure. Some of them 
arc discussed here. 

2.2. EXTERNAL OR INTERNAL PRESTRESSING SYSTEM; 

Introduction of a horizontal thrust through the ends of a beam can be 
achieved either through an external force or through a built up internal 
thrust. The external prestressing can be obtained by external reactions 
introduced through different support conditions. For a simply support¬ 
ed beam, the external reaction can be obtained by jacking against 
abutments as shown in fig, 2.2.1 ; a continuous beam can be prestressed 
externally by jacking the appropriate supports to get the desired effect 
(fig. 2.2.2). Economical external prestressing of statically indeterminate 
structures is not simple and is often impossible. External prestressing 
is not common even though theoretically possible. It requires greater 
degree of accuracy in planning, maintenance and execution. Shrinkage 
of the beam releases certain thrust of the external jack thus reducing 
the prestressing force on the beam. Similarly a small expansion of the 
beam will create very high thrust in the beam due to the restraint of the 
jacks. 



I'ig. 2.2.1 : Extcniiilly prrsliessrd coiurctc simply .supported beam 



Fig, 2.2.2 : Externally prestressed concrete—continuous beam 
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2*3- OR OlROLJXiAR PRCS I'RSSSINfG s Linc^ prestress* 

ing is done in straight members such as bcams^ piles and slabs whereas 
circular prestressing is applied to circular structures such as tanks^ pipes, 
silos in which the tendons or wires are put in curve going around the 
structure. 

2.4. PRE-TENSIONING: Pre-tensioning is obtained by stressing the 
tendons in position to a predetermined amount and placing the concrete 
in position while maintaining the stress in the tendons through an 
external force system. As the concrete hardens, the tensioned tendons 
are bonded ; when the tendons are released from external jacks, the 
tendons will try to regain the original length. The concrete, as a 
result, is stressed. The tendons are strained (stressed) through hydraulic 
jacks and the strain is maintained during curing. A typical pre-tens¬ 
ioning bed is illustrated in fig. 2.4.1. Methods of prestressing, anchoring 
and other items of construction vary with patent. Since tendon force 
is transferred from steel to the concrete through bond, it is desirable to 
use small diameter wires. If the profile of the tendon is curved, then 
necessary profile fixing arrangements have to be provided. 

The tendon is stretched between two bulk heads or rigid supports 
and then anchored to supports till its force is transferred to the proper 
members. Some type of anchorage arrangements have to be provided 
for holding the tendons to the supports. 



Pre&frebsing bed 


Fig. 2.4.1 : Typical pre-tensioning bed 

2.5. POST-TENSIONING SYSTEM: Concrete is cast while there 
is no stress in the tendon. When the concrete i.s hardened, the tendons 
are stretched through hydraulic jacks bearing against the concrete. The 
tendon force is transferred to the member through necessary anchorage 
wedges or similar blocks at the end of the member. A flexible hose or 
rubber tube may be used to house the tendons so that bond is not 
developed between the wires and concrete while casting or curing the 
concrete. The hose gets bonded to the concrete as the concrete sets. 
Sometimes the void between the hose and the wire is filled with a 
grouting mixture in which case the wire develops a bond with the 
concrete. This method is called bonded construction in post-tensioning 
system. In some construction, an inflated water-filled rubber hose is 
placed in position. As the concrete hardens, the pressure in the hose 
is released and the hose is pulled out leaving a duct in the concrete. The 
tendon is inserted in the duct and stressed with the help of jacks. Then 
the tendon force is transferred to the concrete through anchorages which 
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arc usually fixed at the cuds of the member. In some cases of 
construction, the cable is coated with grease or bituminous material and 
then wrapped in paper so that no bond is developed between the 
concrete and the tendon. This type of construction is called unbonded 
construction. 

Post-tensioning system can be used for cither in situ or pre-cast 
coiislniction. In most cases, the tensioning ol the tendons is done in 
stages either at site or in iaclory. Post-tensioning construction docs 
not reciuirc rigid abulincnts, so it is more versatile for large spans. The 
anchorage is obtained tlnougli several patent mctliods using wedges 
or cones and bearing plates etc. Some typical anchorage arrangcnienls 
are shown in lig. 2.5.1. 

2.6. PARTIAL PRESTRESSED CONCRETE : A construction 
where some amount ot tensile stre.sscs are allowed to be taken by mild 
steel bars pKjvidccl as i cinlbiccment is called a partial prestressed 
concrete consti iiclion. Ordinary i (‘inff)icement is also provided 
to take .some ol' the stresses caused du(‘ to haiidliiig (2.1—2.10). 

2 7 CLASSIFICATION BASED ON METHODS OF PRESTRESS¬ 
ING: The basic principle of |)rcs(rcssiiig and the* behaviour of 
prc.sliessed beam is more or less (he same in all ])iestressed construction. 
Ilowcvei' (he JiicLlitfjds ol' application of prestressing force or the 
anchorage dc\iccs used iti dilferent constructions arc likely to vary. 
Based on the methods ni' applic’ation and construction, prestressed 
concrete is divided into several systems. J'hcic arc hundreds of patents 
cov ering a number ol prcstrcs^ing systems. lA ery i)atcnt has its own 
method ol'jn c.sticssing toicc and its own details of anchorages. 

(a) Pre-tensioning systems : As described cviously, the pre- 
tensioning system is very adaptable for factory manufacturing of 
prestressed concrete members, dhere are several patents for pre- 
tensioned sy.stcins ; one of the systems, the Hoycr system has been used 
ill various countric.s. It consists of stictching the wire.s between bulk 
heads placed several inctres apart on prestressing bed. i'hc prestressing 
bed itself is capable of adjusting the bulk heads and span and also of 
positioning the tendons in prolile. To keep the vertical profile of 
tendons, some kind of tic downs are provided from the roof The 
wires arc tensioned with hydraulic jacks ol long strokes. The anchorage 
arraiigciuent is simple and can be based on the wedge friction principle, 
d'hcrc are several other popular patents in practice which are not 
discussed in this book. 

(b) Post-tensioning systems : In post-tensioning systems, the tension¬ 
ing is normally done with hydraulic jacks developed particularly to 
suit the patented system. The anchoring of the wires to the concrete 
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itself needs more care than the anchoring to bulk heads done in a 
pre-tensioning system. Some popular post-tensioning systems arc : 
(i) Freyssinet, (ii) Magncl, (iii) Hobling, (iv) Leondhaidts, (v) Lec- 
McCall, and (vi) Ryerson BBRV system. 

The Freyssinet double acting jack pulls a number of w ires at a time 
using a main ram which reacts against the embedded anchorage. As 
the required tension of the wire is reached, the inner piston pushes the 
plug into the anchorage thus causing an anchorage of the wires 
wathoul much loss of tension irom anchorage take up. Similarly other 
systems use a specific type of jacking to achie\ e tlie required tension. 

The principles of anchorages can broadly be listed in three groups: 
(i) wedge action producing frictional grip on ^vires, (ii) direct l)earing 
from rivet or l)olt beads formed at tlu^ end ol' the wires, and (iii) 
looping of the ^vires ai'ound the concrete. The Freyssinet system uses 
a concrete cylinder witli a conical interior opening and cones reinfor¬ 
ced witli steel wires. 1 he conical plug lias longitudinal grooves to 
recci\’e the wires. The cylinder is placed flush with the face of the 
concrete and serves to transmit the reaction of the jack and the prestress¬ 
ing force to the member (fig. 2.5.1). 'Fhe Magnel system uses 
tapered sandwich plate wdlli \vedgcs as sliowii in fig 2.5.1. The 
Lce-Mc(]all system u.ses steel rod w'ith nut arrangement. Strcscon and 
Prescon systems use ii\ct heads bearing against end steel plates. 
Ryerson BBK\^ postteiisioning system does not use tlie friction or 



GifTorcl-Udall-CGL Anchor Grip for 4, 5 & 7 mm wires used in pre- 
tensioning and in plate anchorages for post-temioning 

(Coiirtejr)> of Killick, Nixon & Co,y Ltd., Bombay) 
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wedge type of grips but inserts flat plate shims after the necessary 
extension of the wires. There is variety of stressing and anchors used 
to suit different situations; one typical example is shown in fig. 2.5.1. 



, (a) Anchorape of Mapncl system 

{Courtesy of Stressed Concrete Construction Ltd., .\[adras) 



(b) Frcyssinct jack and other cone system 
(Coir/m ofFreyssintt Prestrtssed Concrete Co. Ltd.. India) 
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Anchorage during stressing 

STRESSING 
ROD 


stressing adaptor 


Anchoroge In stressed position 



(u) Type M stressing ancliorage Ryerson DDRV System 
{Courtesy of Joseph T. Ryerson & Son, Inc. U. S. A.) 

Fig. 2.5.1 : Typical stressing end anchorage 

2.8. LOSS OF PRESTRESS ; Prestressing force is measured either 
through the extension of the prestressed wire or by a pressure gauge reading 
of hydraulic jack at the time of jacking. The force recorded at the time of 
jacking at the jack position is not necessarily the amount of force availa¬ 
ble at all sections of the beam and at various working stages of the beam. 
In addition to the analytical calculations based on reasonable assump¬ 
tions, a large amount of experimental data based on material behaviour 
has also been used to predict the loss of prestress. The various losses of 
prestressing may be due to (i) creep in steel, (ii) shrinkage of concrete, 
(iii) creep in concrete, (iv) steam curing, (v) elastic shortening of the 
member, (vi) anchorage take up, (vii) bending of the member, 
(viii) friction. 

2.9. LOSS OF PRESTRESS DUE TO CREEP IN STEEL : The 

amount of creep in steel varies from 2 % to 6 % depending on the steel 
and also on its stress level. As the stress level increases, the creep of steel 
too increases. An average of 2% to 3% creep strain may be taken 
where the stress level of steel is about 0.6 times the ultimate strength. 
Most of the creep in steel occurs in the first 1000 hours of its stress. The 
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stress on steel or concrete is not constant in the history of the structure. 
As the concrete relieves some prestress, the stress in steel drops; therefore 
the creep in steel could be assumed as relatively low. 

2.10. LOSS OF PRESTRESS DUE TO SHRINKAGE OF CON¬ 
CRETE : The loss of prestress due to shrinkage is to be calculated 
based on shrinkage of conciele. The following shrinkages are adopted 
lor design by Indian code of practice. 

For pre-tensioning concrete, total shrinkage—0.0003 

For post^nsioning concrete, total shrinkage—(0.0003^/logm(T + 2) 

w here 'r=^%ge of concrete in days at transfer 

2.11. LOSS OF PRESTRESS DUE TO CREEP IN CONCRETE: 

As explained in chapter I, ireep in concrete is a complex phenomenon. 
For the purpose of the design, the following creep coefficients are 
adopted ])y Indian code of practice. 

'1'ahle 2,1 1.1 : Creep coEFnciENrs 


Conditions ol exposure 

Cheep coefficient 

In water 

0.5 C,,| to 1.0 C, 

In humid air 

1,5 C,i 10 2.0 C,, 

In average humid air 

2.0 C, i to 3.0 C, 

In dry atmosphere 

2.5 C, 1 to 4.0 C’v 

Where the value of is taken as given 

in table 2.11.2. 

4'Aiu.r. 2.11.2 


Ratio of strength of 
concrete at transfer 

0,1 

to that 28 days 


0.50 

2.2 

0.84 

1.5 

1.00 

1.0 
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2.12. LOSS OF PRESTRESS DUE TO STEAM CURING : Steam 
curing is often used with a pre-tensioning system. The curing period has 
to be accelerated so as to release the pre-tensioning bed and the equip¬ 
ment for further fabrication. Raising the temperature of concrete with 
steam before hardening heats the prestressed steel and thus relaxes some 
of the prestressing force. On cooling, the concrete contracts and off’sets 
the strain recovery in the steel. Creep characteristics ol* steel changes at 
lOO^C’ temperature; consequently there will be a considerable loss of 
prestress in the member. 

2.13. LOSS OF PRESTRESS DUE TO ELASTIC SHORTENING 
OF THE MEMBER: Elastic shortening depends upon the modulus of 
elasticity of concrete, steel and the initial prestressing force. In pre- 
teiisioned construction, the prestressing force is measured while jacking 
against bulk heads. As soon as the transfer of the prestressing force 
takes place, the member undergoes an elastic deformation, AVliilc com¬ 
puting prestress losses, all the transfer force should ])e considered towards 
elastic shortening. 

In post-tensioned construction, wires are stretched with reaction 
against the member itself, so the clastic' deformation takes place simul¬ 
taneously and the jacking or the initial stresses are independent of the 
elastic shortening. If the tensioning of wires is done in stages, the ^vi^es 
that were anchoied wall undergo elastic shortening while the jacking is 
done for the next stage of prestres.sing. The wires anchored at the very 
first time will loose a maximum of prestressing force whereas the wires 
stretched later will not undergo any loss of prestress from elastic shorten¬ 
ing. If the prestressing is done at equal intervals, an average prestressing 
force could be taken for computing the elastic shortening. 

2.14. LOSS OF PRESTRESS DUE TO ANCHORAGE TAKE UP : 

In a post-tensioned system, an allowance should be made for slipping of 
steel at the time of transferring the tendon force from the jacks to the 
member. In most of the systems, there is likely to be a small amount 
of adjustment of anchorage cones resulting in a small amount of relaxa¬ 
tion of prestress. An average of about 0.25 cm is estimated as anchorage 
slip in wedge type of grips ; for heavy strands the slip may be 0.5 cm. 

2.15. LOSS OF PRESTRESS DUE TO BENDING OF THE 
MEMBEIR : Loss of prestress due to bending depends on the bonding 
character of the construction. In an unbonded construction when the 
beam bends due to external load, there is bound to be some change in the 
length of the prestressed steel, and the loss of prestress due to bending is 
illustrated in fig. 2.15.1. In bonded construction, even though there 
will be a change in the length of the tendon as the live load comes, it 
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would cause only a local effect and no effect on the prestressing force. 
As soon as the live load is taken away, the loss due to bending will be 
recovered. For design calculations while working with live loads, the 
loss due to bending has to be considered for all unbonded construction. 


WifhDut live load 

t t t i _1_ i t..L-L 

Wifh live load 

Ti -- S 



1 ig. 2.15.1 : Effect of bending on loss of prestress 

2.16. LOSS OF PRESTRESS DUE TO FRICTION : There will be 
considerable movement of sliding of tendon relative to the surrounding 
duct during the tensioning operation. Because the tendon is in direct 
contact with the duct or with spacers provided, the friction will cause a 
reduction in prestressing force as the distance from the jack increases. 
There will also be some amount of friction in the jack and in the 
anchorage system. The loss of prestress due to friction is discussed 
below ; 

(a) Friction in jack and anchorage : This friction is directly proportional to 
the jack pressure and will considerably depend upon the system 
of stressing. The loss of prestress due to this friction has to be specified 
by the patent. 

(b) Friction due to alignment variations : Whether a duct is straight or 
curved, there will be a certain amount of variation caused by vibrations 
or constructional methods in the actual alignment. 7’he variation in the 
alignment will cause some points of contact of the wire with the duct 
and also with other wires or spacers ; this will cause friction. The 
prestressing force at any distance x from jack may be expressed as 

= .. (2.16.1) 
Where 

Po —prestressing force at jacking end 
c —the base of Napierian logarithm (2.718) 

k = constant depending upon the type of duct (wobble correction 
factor). 

3^0.0015 per metre for metal sheating with good supports for sheating 
SO.003 per metre for metal sheating without rigid supports for 
sheating 

The various values of k are shown in table 2.16.1 (derivation of 
this expression is given in the next section). 
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(c) Friction in duct due to curvature : For curved tendons, the friction 
depends on the curvature. The derivation is given below with reference 
to a small clement of the tendon. The normal component of P in the 
radial direction is given by 



Fig. 2.I6.I ; Radial component of cable 

N = (Px + dPx) (0+ d0) — Px(9 = Pxd^ (neglecting second order terms) 
= Px (dtf/dx) dx 

Frictional loss = dPx = /^N = Ml\ (d^) 

Where =coefficient of friction 

N = normal component of force 



On integration from x to o gives 
p ^ 

Log = 

Or 

= •• (2.16.2) 

Let (change in slope between jacking point and the point 

under consideration) 

Loss of prestress = Po—Px = Px(e^^— 1) 

Frictional loss = ^ ~ V e — 1 .. (2.16.3) 

The values of frictional coelFicient M varies from 0.25 to 0.55 depen¬ 
ding upon the duct surface. Approximate values are tabulated in table 
2.16.1. 

Table 2.16.1 ; Frictional coefficient 



Duct 


k 

1. 

Steel moving on 
smooth concrete 

0.30 to 0.45 

0.0015 

2. 

Duct formed by 

withdrawing 

tubing 

0.35 to 0.55 

0.0015 to 0.003 

3. 

Rubber core 

0.40 to 0.55 

0.0015 to 0.003 
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The total cfTcct of friction clue to alignment anci curvature may be 
wiitten as (adding the frictional force due to alignment variations to the 
curvature; : 

(\V 

y (I'de \ kdx) 


Li« • kx) 


. ,■ n V * kx) . . (2.16.4) 

on irilcgralion 1^, ^ 1 

1',, I*, - I |l\-|/*« : kx|l\ .. (2.16.5) 

1 lie \'arifjus Iosse.H in ])restrrss due to different causes are shown in 
taldc 2.H).2. 

ir V^ is tlic transfer |)rf‘strcs.s then jacking stress 1\, is given as : 

V, - P| - floss ofinestress due to frictional effects) 

r.Mii I 2,]h.2 : .Xnsi'RAUT or ccjss uf fresiress 
( Average values for normal conditions) 


\atur(‘ of loss ; Post-lensioning system Pre-tension- 

clue to I- ' - ' ing system 

\iul)()nded bonded 


Remarks 


1. (ireep in steel 2 to 3/^ of 2 to 3 \ 1.5 to 2% 

initial prestress 

2. Shrinkage in 

concrete ().(K)(l2 0,0002 0.0003 

3. C ireep in con- 2.0 to 3.0% 2.0 to 3.0% 2,0 to 3.0% 

('I'c'te 

4. Plastic sliorte- P,/2AE 1%/2AE PJAE 

ning (Stiain) 

11 [)i estre.ssing 
is done in sta¬ 
ges at ecpial 
intervals. 


5. 

Anchorage 

0.25 cm to 

0.25 cm to 

\’cry little 

for wires 


take up 

0.50 cm 

0.50 cm 

to strand 

6. 

Pending 

As per moment 


0 




curvature 




7. 

Steam curing 



As per 
calculation 


3. 

Frictional 



0 

Values of p. 


effect 




& k arc 


given in 
table 2.16.1 
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Example 2.16.1 : Determination of loss of prestress in a pre-tensioned 
prestressed concrete beam of 8 m span to carry a load of 51K)0 kg/m. 
rhe beam is prestressed with 180000 kg at tiansfer and (he cable has a 
parabolic profile with maximum eccentricity ol 10 cm at the middle of 
the span. 

Given data : 

Gross section = 30 x 80 cm 
= 18 sq cm, P, = 180000 kg 
= 2 : lO"’ kg/sq cm, E,. lO-^ kg/sq cm 



1 i[;. 2.1().2 : fixaiiiplr 2.Uj.l 


Sohiiwu : 

, 180000 

Prcsliess at tianslcr— Is’ .-10000 k^ sq cm 

(strain in steclj - —3 10 


Losses of incstiess due to various causes aic computed one after 
another and finally tabulated at the end. 

(i) Idastic shortening : Idastic shortening of beam wliich will alfcct 
the prestressing I'orcc is the cumulative comjncssiva^ strain of the ctm- 
crctc fibre at the steel profile level. It is rather hard to c:alculalc exact 
shortening of the fibres at steel level if the cables do jiot Jiavc smooth 
profiles. ( Calculations could become very tedious if the cables liavc sonic 
complicated profiles. Approximate and fairly accurate methods of 
determination of loss due to clastic shortening arc illustrated in thi.s 
example. Profile of the cable which is of a parabolic form, can be given 
by 


4ex (L —x) 

u 


(2.1b.b) 


Where 

c^ = eccentricity of the cable at distance x from the end of the sjian 
riien compressive strain at steel I 1 / \\ ^ p^ \ 

level due to prestressing force J Ec- y A ‘ J j 
If 6,. is the mean elastic strain due to prestressing force, then 


L 
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On substitution of the respective quantities in the above expression €c 
works out to be 




82.5 


An approximate mean strain could be obtained by taking a mean 
value of strain at maximum and minimum strain points. In this pro¬ 
blem, minimum compressive strain occurs at support and maximum 
strain occurs at mid-span. 

c j ■ Pt 75 

btrain at end section^ . 

ALc Ee 


Strain at mid section = 

Ec 



Pt e\ 
i 


) 


89 

Ec 


^ . . 89 1-75 82 

Approximate mean strain €c~ -~~T '— 

2 he he 

As seen from the above calculations the dilfcrcnce between the approxi¬ 
mate mean strain and the mean strain is not very much. The diffe¬ 
rence is negligible in this particular problem. 

Loss of strain due to elastic shortening---y, —— 2.75 X 10"* 

he 

(^ii) Shrinkage strain : As per Indian code of practice the shrinkage 
strain may be taken as 0.0003. 

(iii) Creep strain in concrete ; Creep coefficient in average humid 
weather conditions may be taken as 2.5 for transfer of prestress at 28 
days of curing of concrete. 

Creep strain—(C,.—1) =4.12 < 10'^ 

(iv) Creep in steel : Let creep in steel be about 2% then 

Creep strain in steel=0.02 

(v) Other losses : Loss of prestress due to anchorage take up and 
friction of spacers and end block is small in pre-tensioned system. 
About 2% of strain loss may be counted due to anchorage take up and 
friction of the spacers. The loss of prestress and the corresponding per¬ 
centage is shown in table 2.16.1. 

The example gives an approximate idea of losses of prestress due to 
various reasons. Percentage loss of prestress in this example is 23.7. 
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Loss due to 

Loss of strain 

Percentage loss 

(i) Elastic shortening 

2.75X 10-* 

5,5 

(ii) Shrinkage 

3.0x 10 ^ 

6.0 

(iii) Creep in concrete 

4.12X 10-^ 

8.2 

(iv) Creep in steel 

1 X 10 * 

2.0 

(v) Anchorage etc 

1 X 10 ^ 

2.0 

Total 

11.87x10^4 

23.7 


Effective prestress force Pe is 76.3% 

= -~-=(l-0.237)=(),763 

^ t 

P,=.riPt=0.763x 180000=137340 kg 

Example 2.16.2 : A post-tensioned prestress concrete beam of 50 m 
span is sul^jected to a transfer prestress force of 93.8 X 10^ kg. Transfer 
of force is at 28 day strength. Profile of the cable is parabolic with 
maximum eccentricity at mid section as 110 cm. Determine the loss of 
prestress and find the jacking force required. The beam is subjected to 
a live load of 2400 kg/m and jacking is done from both ends of the 
fleam. 

Given data; 


Pt = 93.8 X 10^ kg, A = 9471 sq cm, 

Aa = 89.3 sq cm, I =6224 x 10^ cm^, 
fs =10500 kg/sq cm, 

E^ = 2.1 X 10® kg/sq cm, 

E^. = 3.82 X 10^ kg/sq cm 
Solution : 

Elastic strain in steel at transfer condition is given by 


^8 = 



10500 
2.1 X To® 


= 50x 10-* 


i) Loss due to elastic shortening ; 


ElcLStic strain at end section = —^ 

AEp 


Elastic strain at mid section = 


2.60X 10 ^ 

Me 


AEc ^ lEc ) 


3.66x10-* 
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Wliere 

Mi:^bending moment due to prestressing force and self weight of 
the beam 

Mean clastic strain ^ X 10 ^^^3.13 10 

1 he strands arc strained at intervals so half the mean strain is the 
cllccUve loss in the shortening. 

Loss ot strain ~ --Loii, 10 ^ 

^ii; Shrinkage in concrete ; 

3 ,'; 10 

Shrinkage -- -j- “t-,-; --2,. 10 ^ 

log '1 , 1 ) 


(hi; (hreep ni conci etc ; 

Assuming a cieep coclhcicnt ol 2.'), 

Cl cep strain 1.5 , 3.13. lO * l.tiO ,10 ' 

pvj C a cep in steel ; 

Assuming a creej) strain in steel as about 2.0 
crccji stfiiin in steel 0.02 - 1.0 A 0 ^ 


(vj Anchorage lake \\p ; 

l.ct 0.25 cm be the anchorage take up at each jacking end, 


so loSvS ol strain — 


0.25 

TaJ 


1.0 , in * 


(^vij Strain due tt) external loiee : 

Strain in concrete at the steel level at mid span due to external load 
is given by 


\l,c 

IE, 


- 3 . 47.10 1 


Where NL is bending moment at mid span cine to ext. loads. 

flic negative sign is gi\'en to indicate that there is a gain in strain instead 
of loss i^local strain at mid span). 

i^vii) Frictional loss ; 

Assuming a metallic .sheathing, the frictional eoctriciciits may be 
taken as 


At = 0.25 
k 0.0015 
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As the jacking is done from both ends, effective length of 25 m span is 
taken for calculations. The profile of the cable is given by 

e* = (Lx-x*) 


[-'b 


= 0.088 
0 


The slope change a = (0.088) radians 

Po- 


-Pt / , . 


.0595 


Strain loss ^ ^ ^ ^ = 0.0003 

Es Ag 

The loss ofpi’estress due to various causes are tabulated in table 2.16.2. 
Table 2.16.2 : Loss of prestress 


Loss due to 

Loss of strain 

Percentage loss 

(i) Shortening 

1.56 X 10-^ 

3.13 

(ii) Shrinkage 

2.00 X 10-* 

4.00 

Tii) Creep in concrete 

4.69x10-4 

9,38 

(iv) Creep in steel 

1.00 X 10-4 

2.00 

(v) Anchorage take up 

l.OOx 10-4 

2.00 

(vi) Bending 

-3.47 X 10-4 

-6.94 

Total 

6.78x10-4 

13.57 


71 = 1-0.1357 = 0.8643 
Pe = 0.8643 Pi = 80.9 x 10* kg 

Pq = p^ frictional loss = (1+0.0595) Pi = 99.4 x10^ kg 


Problems 

2.1 A simply supported beam of 16 m span is provided with a straight 
cable profile with a kink at the mid span. The cable has zero 
eccentricities at both end sections and e at mid section. If Pi is 
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the prestressing force required at the mid section, determine the 
prestressing forces at both the end sections of the beam. Wobble 
and frictional coefficients may be taken as k and respectively. 

2.2 A simply supported pre-tensioned concrete beam of 8 m span is 
rectangular in cross section of 30 by 80 cm size. It is provided with 
a parabolic cable with 20000 kg prestressing force and a sag of 20 
cm. Determine the loss of prestress and find the jacking force. 
Use the following coefficients : 

k=^ 0.0015 per metre, —0.45, = Ey = 2.1 X 10® kg/sq cm, 

El~3.2x 10® kg/sq cm. 




Gifford-Udall-CGL 12/7 mm anchorage used for posl-tcnsioning 
{Courtesy of Killick, Nixon csf Co., Ltd., Bombay) 






I’rcstrr-ssiiiLi (‘prr.HKMi in piciiircs^ 

{CourU'^l' fl/ F/n>M/i(l >.(■,/ (.'nnarir- (>., Bomhaw 



CHAPTER 111 


WORKING LOAD DESIGN OF SIMPLY SUPPORTED 
PRESTRESSED CONCRETE BEAMS 

3.1. INTRODUCTION: In working load design, the stresses in member 
due to various working loads are calculated assuming clastic behaviour 
of tlie material. These stresses are adopted based on safety and economy 
of the material. The following basic assumptions are used in service 
load design : 

(i) Elastic and linear behaviour of the material. 

(ii) Homogeneous property of the material. 

(iii) Plane section remains plane even after bending. 

(iv) No cracking at any section. 

(v) Principal stresses not used as criteria of design. 

3.2. LOAD CONDITIONS ; Prestressed concerte beams are subjected 
to two limiting conditions of loading, (i) transfer of prestress, and (ii) 
working load. Prestressing bed and the equipment may be released for 
continuous operation by transferring the prestress before the concrete 
attains its full strength. Prestressing force decreases with time (because 
of various losses of prestress) and reaches a steady state after long period 
and by this time the concrete attains its full strength. A qualitative 
behaviour of concrete strength and the prestressing force with age is 
shown in fig. 3.2.1. Hence at transfer condition, prestressing force is 
maximum and concrete strength is minimum. 



Time:p«riod froni*costing of concrets 


Fig. 3.2.1 : Typical strcM variation 
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The second design criteria occurs when the concrete and steel reach 
a steady state with critical working loads. In this condition, concrete 
strength is maximum and prestressing force is minimum while superim¬ 
posed and live loads are at maximum. All possible load conditions that 
are likely to occur in prestress concrete construction are tabulated in 
table 3.2.1. 


Table 3.2.1 : Conditions of loading 


Load 

condi¬ 

tion 

Loads 

acting* 

Prestressing 

force 

Concrete 

strength 

Remarks 

(i) 

P + G 

Max (.--P,) 


critical post tens¬ 
ioning transfer con¬ 
dition. 

(ii) 

P + Gd .S 

Max (^Pt) 

<f'c 


(iii) 

P-t-G-l-.S I L rl 

Max (<P,) 

<f',: 

possible only if the 
L.L. acts imme¬ 
diately after casting. 

(iv) 

P + G 

Min (S.Pe) 

>f'e 


(v) 

P + G + S 

Mill (SfePe) 

>i'e 


(vi) 

P+G+S+L+I 

Min (S:Pe) 


critical 


♦where the letters P, G etc. indicate 
P = prcstrcssing force ; G— self weight of beam 

,S = superimposed load ; L = live load, and I=impact load. 

Load condition (ii) or (v) comes if a superimposed load such as false 
work or some slabs are imposed immediately during transfer conditions. 

3.3. ALLOWABLE STRESSES i Having determined the critical 
load conditions, it is essential to fix some limitations on the allowable 
stresses at various load conditions. A set of nondimensionalised allow¬ 
able stress coefficients are generally used and the limitations of these 
stress coefficients arc given in table 3.3.1. 
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Critical 

condition 

Types of 
stresses 

Stress coefficients 

working 

I.S.* code limits 

Transfer 

compression 


c'r t — 0.43 to 0.50 


tension 


r/it — 0.1 or lO/Pp 

Working load 

compression 

Cpe^o po 

c/pp =0.31 to 0.40 


tension 

te 

c'te = 0.1 or lO/fp 


*I.S. refers to Indian standards code of practice 
f',, =allowalile compressive stress at transfer 
c\^ —allowable tensile stress at transfer 


c/pe f'^. = allowable comjjressive stress at working load 
c'fp Tp = allowable tensile stress at working load. 


3 4. CRITICAL STRESS CONDITIONS : Extrem e stresses occur at 
bottom and top Fibres of a beam at given cross-scctioii for each of the 
load conditions. Hence the working load design is governed by the 
extreme fibre stresses in the two load conditions. The expressions for 
the stresses are : 


Teniil« tiress 




i 




Fig. 3.4.1 : Stress conditions at transfer 


-^i^+1 y M, -c«r.<c'„ fc 


(3.4.1) 

(3.4.2) 
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Fir». 3.4.2 : Sirr'ss conditions at workinp load 

(3.4-3'. 

(3.4.4) 

whci c 

— prestres.sing force at transfer 
1 - moment of inet tia of the beam 

Mi, moment due to self weight of the beam 
L — length of span 

]\Ti - bending moment at working load (M^^Mm 
M s = bending moment due to superimposed load 
M, ---= 

Ti - effectiveness of prestressing force ( = Pe/Pt) 

All values of c's are positive, so both the compressive as well as 
tensile stres.ses arc given in magnitude without any sign attached 
to them. The centre of steel is also assumed to be below the centroidal 
axis of the beam. The quantities A, y^, vn and I in pre-tensioned 
bonded construction should be based on fully transferred cross-sectional 
area of the beam. In post-tensioned grouted beam, these quantities 
before and after grouting are different and the effect of the grout is 
to be considered in the working load condition only. For all practical 
purposes, the gross cross sectional area is a fairly good approximation 
and is adopted in this book for all purposes of calculations. 

3 5 DIMENSIONLESS VARIABLES: 

yiTyb~^ (over all height of the section) 

_ Yi _= 1 

b yi+yb i-l-(yb/yt) 


- - 1 j +Mt^ = Ceef'c<c'ecr',. 
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Substitation of Mt—+ + and Mg —Ay 

o 


in the four equations yield nondimensionalised equations. 

r_£ A 7 

Af'c (_h V >■ 7 (yb/yt+1) J 


T— / — Y— 

I’v |_ h y r J t -|- 


-’'M 


(yb/yt+lj 


Ih/yi^ 

(yti/yi I-1) 


- =c« 


T 


£ fh_y _ 1 __ . 

h V '■ / (yb/yi+ 


yL^ \ f (l+Ma/M,) \ /_h Y 

Shfv / V (yb,'yt+i) / V >■ / 


Pt r e 

Af'p h 

+ f- 


Vr ) (yb/yt+l) ^ J 


yb/yt (1 +Ma /Me) \ / ^Y_ 
(yb/yt+1) J I r ) 


(3.5.1) 


(3.5.2) 


(3,5.,3) 


(3.5.4) 


These four equations can further be simplified by introducing 
nondimensionalised parameters as suggested by Khachaturian and the 
equations are given below (3.1) : 

'"[^(l + A) -'] - «.,p(l‘+A) ..(3.5.5) 

■"[> 1 iTaT-' ] + 8 »p(I+ - a) ="' ■ • 

-n m r f . +1 1 + - ^ - ,1^ : ^ t 5 - =-Cte (3.5.8) 


Where 

hf'c 

yL® 

(r/hl2 =p 

yb/yt = 


depth factor 

efficiency factor 
shape factor 


section 

properties 


Ma/Mg =R moment ratio J 
Pt/Af'c =ni .. reinforcement rado 
e/h =6 eccentricity ratio 


steel properties 
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Known and unknown quantities of the above four governing equa¬ 
tions may be classified as 

Cct, ctt, Cce and cte .known quantities 

P, o), A, €, "n, un and R.unknown quantities 

Out of the seven unknowns, 7] can reasonably be estimated and 
recomputed if necessary. With this assumption, there are six unknowns 
in the four equations which means that at least two of the nondimen- 
sionalised parameters must be estimated to get a unique solution. 
Arbitrary estimate of any of the two parameters is done based on practi¬ 
cal and economic considerations. 

To assume values of any two parameters, a constructive discussion 
is necessary. Four out of the six parameters (o), p, , R) are essen¬ 
tially associated with the property of the cross section and the other 
two parameters (m, €) are associated wdth steel. 

(a) Depth factor (cu = hf'c/yT“) : The expression contains three known 
quantities (f'p, T, T) and one unknown quantity h. Depth of the beam 
in many cases is controlled by architectural and site conditions. Even 
ifitisnot given, it can reasonably be assumed. It generally varies 
from L/15 to L/25. The effect of the depth of the beam on economy is 
dis(mssed later. 

(b) Efficiency factor {p=r^lh^) : For a given depth, the efficiency 
of the section increases with the increase of radius of gyration. The 
pos.sible range of values of p are tabulated in table 3.5.1. 

Tarlf: 3.5,1: Approximate limits of p 


No. 

Section 

Limits of p 

(i) 

All area concentrated at C.G.C 

0 

(ii) 

All area concentrated at the 
extreme fibres 

0.25 

(iii) 

Rectangular section 

0.0833 

(iv) 

I-section 

0.10 to 0.17 

(v) 

T-scction 

0.08 to 0.10 


Higher the value of P, higher is the flexural efficiency of the section. 
The effect and mode of selection of efficiency ratio for design is discus¬ 
sed later. 

(c) Shape factor (A=yt)/yt) : The range of shape factor for 
I-section is small. For symmetric I-scctions (any symmetric sections) 
the value of shape factor is unity. Approximate range of shape factors 
for practical sections is given in table 3,5.2. 
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Table 3.5.2 ; Limits of ^ 


No. 

Section 

Limit of A 

(i) 

Symmetric sections (symmetry about 
centroidal axis) 

1.0 

(ii) 

I-section—top flange heavy 

1.0 to 1.6 

(iii) 

I-section—bottom flange heavy^ 

0.6 to 1.0 

(iv) 

T-section 

1.2 to 1.8 

(v) 

Inverted T 

0.6 to 0.9 


For heavy live loads and for long spans, the top flange has to be 
heavier in which case A should be chosen between 1.2 to 1.8. Even 
though the range of A is small, the effect on the limiting equations is 
considerable, so it is desirable that this value is not assumed to start 
with the design. 

(d) Alomeni ratio —= ^ • It is difhcidt to fix any 

limit to the range of the value of R. As the length of the span increases, 
the ratio R decreases whereas Mg is indirectly a function of Ma. The 
value of R varies from 5.0 (for short spans) to 0.5 (for Jong spans). It 
should not be assumed but should be solved from the equations. 

(e) Reinforcement ratio (m = Pt/AfV) : Pt/A may be defined as 
average stress. The reinforcement ratio is simply the ratio of average 
stress to the strength of concrete. For all practical purposes, it varies 
from 0.15 to 0.30. The value of m should be computed from the 
governing equations for economical section. 

(f) Eccentricity ratio (€ = e/h) : Eccentricity ratio is a measure of 
effective utilization of prestressing force. As the value of € 
increases, the required prestressing force decreases. 6 can be taken as 
high as possible but it has to be bounded by practical considerations 
such as cover, transfer condition etc. The two hypothetical limiting 
cases of € are: (i) G.G.S. at the lower kern point, (ii) C.G.S, at the 
extreme of the lower fibre. These limits of eccentricity ratio vary from 
0.25 to 0.55. The extreme value of € is limited by cover distance. 

d' is the minimum cover required then 

, _yb-d'_ yt, A d' X 

~ yt+yt h j. 
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If the value of d'/h is around 0.1, then 

This value varies I’rom 0.35 to 0.40 for heavy bottom flange and 0.40 
to 0.60 for heavy top flange of I-sections. 

Tabic 3.5.3. gives approximate practical limits of various non- 
dimcnsionalised parameters. 

Tahle 3.5.3 : I.imiiing valuks of nondimensionaltsed variable 



S. No. 

Section 

h 

P 


R 

1 

m 1 

6 

(i) 

I-section with 

L/1.5 

0.12 

1.0 

0.5 

0.15 

0.40 


heavier top 

to 

to 

to 

to 

to 

to 


flange 

L/25 

0.17 

1.8 

2.0 

(long 

span) 

0.30 

0.60 

(ii) 

I-section with 

L/15 

0.10 

0.6 

1.0 

0.15 

0.35 


lieavier bottom 

to 

to 

to 

to 

to 

to 


flange 

L/25 

0.14 

1.5 

5.0 

(short 

span) 

0.30 

0.40 

(iii) 

I'-section 

L/15 

to 

L/25 

0.08 

to 

0.10 

1.2 

to 

1.8 

0.5 

to 

2.5 

0.15 

to 

0.30 



3.6. SOLUTION OF THE E^^UATIONS : In many practical prob¬ 
lems, values of od and p may be assumed and then four unknowns with 
the four equations can be .solved for a given set of values of c/s. The 
four equations are rearranged below : 

Multiply cq. 3.3.6 by f] and add to eq. 3.5.8 

^ (1 

-87^(1+^-'=^"'*+"** •• (3.6.1) 

Multiply cq. 3.5.5 by q and add to eq. 3.5.7 

=’1‘'t‘+cce .. (3.6.2) 

Eq. 3.6.1 over cq. 3.6.2 yields 
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T]ctt + Cee 


Addition of eqs. 3.6.1 and 3.6.2 yields 


i+R-n 

spo) (1 + a) 


(1 I a)— n (Cctn-Ctt) {-(Cte + Cce) 


or 

R = [(cte + Cpe) + “H (ccff-Ctt)] —(I — 

Dividing eq. 3.5.6 by A and subtracting from oq. 3.5.5 gives 



Cct C(t 
or m = —— - 

1 +A 

Similarly from eqs. 3.5.7 and 3.5.8 

^ C('e Cto 

m = - - -- 

Substituting the value of A in eq. 3.6.5 yields 

= ct~ Ctt (nCpt + Cte)/ (‘HCtt + Coc) 

i -f +Cte)/(TlCtt + Cce) 

Cct Cpe Ctt Cte 


'n(cttH“Cpt) -j- (cto-(-Cpe) 


(3.6,3) 


(3.6.4) 


(3.6.5) 

(3.6.6) 


(3.6.7) 


Adding eqs. 3.5.5 and 3.5.6 gives 

. (3.6.8) 

Eqs. 3.6.3 and 3.6.4 dehne the properties of the section and eqs. 
3.6.7 and 3.6.8 dehne the prestressing steel and its location. An 
interesting aspect about the equations is that eqs. 3.6.3 and 3.6.7 are 
functions of stress coefficients and effectiveness of prestressing which 
can always be estimated reasonably well. 

Rearrangement of the above equations are presented below. 
These equations will be used for discussion on the economy of the 
section. 


^ Cct~l~Cte 

^ctfhCce 


R = 8 Pa» (cte + 'qcct) ^ 

= 8 po) (T|Cttd-Cce) ( A + 1 ) —(1—“n) 


(3.6.3) 

(3.6.9) 

(3.6.10) 
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Cct— A Ctt _ A Cpe — 

( H- A ) "" T1 (1 + A j 

3.7. ECONOMIC DESIGN : Economic design of a beam may be 
achieved by obtaining minimum concrete and steel with cost factor built 
in. But in most cases, the minimum weight design will cause minimum 
dead weight moments and consequently overall economy. Hence 
minimum weight drsign is discussed in this article. 

Minimum weight will give minimum self weight moment and 
consequently maximum value of moment ratio (R = Ma/Mir). R will 
be maximum for maxim\un value of stress coefficients for any given 
values of p arul a) i.e. R is maximum for 

= Ci,—c/ti 

Cpe —C —c 

Jf area of .steel is mlninuim, the eccentricity will be maximum 
and if area of steel is maximum, the eccentricity will be minimum. 
For long spans, the eccentricity computed from the solution of simul¬ 
taneous equations is Ijkcly to fall beyond the bottom fibre. But the cable 
ha.s to he ke[it within the cross section. The shape factor A could be so 
adjusted that the eccentricity of the cable is within the limits of the cross 
section. A marginal variation of some of the permissible stress coefficients 
would enable to modify the shape of the cross section. For example, by 
permitting tensiem stress at transfer less than the permissible stress, the 
shape of the cross section will adjust such that there will be more room 
available for accommodation of the cable. 

The permissible stresses fix the shape of the cross section. The 
range of the A as pci the permissible stresses of the Indian code of 
practice is given in table 1 of appendix A. 

Indian code of practice for stress cocflicicnts : 

At transfer: 



Fig. 3.7.1 : Strets cocfiicicnti (c'd) 


in = 


= 
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At working loads: 

(1) Stresses in service not likely to increase 

(2) Stresses in service likely to increase 



I'ig. 3.7.2 : Stress cocfiicicnts 
Allowable tensile stress coefficients arc 

c'tt=0.1 c\.i, 

C |g = 0,l C (je 

or 14 kg/sq cm for pre-tensioned and 10 kg/sq cm for post-tensioned 
whichever is minimum. 

3.8. PROPER.XIES OF IDEALISED SECTIONS : ATost shapes of 
sections in actual construction are of unsymmetrical I-section. Some 
typical prestressed concrete sections arc shown in figs. 3.8.1, 3.8.2 and 
3.8.3. For long spans, beams have normally heavier top flanges. Present 
section discusses sectional properties of idealised sections for the sake of 
simplicity. 

Properties of cross section of an idealised unsymmetrical I-section. 
A=(bt tfhbij th-|"h;v bvv) 

= bt tt + bb tb+(h-tt—tb) bw (3.8.1) 

= (bth)[ct + crCbA (I—ct—Cb) Cw] 

= (bth) .. (3.8.2) 

\\ here 

ct=-tt/h, Cb = tb/h 

c^-b„/bt, C;=bb/bt .. (3.8.3) 

y, = (1 /.4)j^bt t, (^ h-^ + (h-1,- tt) b« ^ j 

l{c.(l-| )+c. + +c, A] 

[Ct + CfCb+(l- Ct—Cb) C„] 


— Cybh 


(3.8.4) 




46 


Prestressed Concrete Structures 


yt = h-yb 

h^Cb ^1 —-Y-^f + Cw (1—Cl —Cb) 

[ct + CfCb4-(l—Ct — Cb) Cw] 

~Cyth . , 

l=b|h>r ~ - (ci“-Hctc’n-i-c, (1 —Ci-Cb)®>-rCt - 

— Cl bt 


Where 


Ca, Cl, Cyi) and Cyt are nondimcnsioiial coefficients as given 
above expressions. 


A = 


yt 






(a 



Fig. 3.0.1 : Typical I-Scction for long spans 



Fig. 3.0,2 : Idealised form of the I-scction 


(3.8.5) 

in the 

.(3.8.7) 

(3.8.8) 





Design of Simply Supported Prestressed Concrete Beams 



The expressions listed in eqs. 3.8.1 to 3.8.8 arc useliil in studying 
the various relationships of the section. Sectional properties for various 
values of ct, ci,, c^, cj are given in tabic 2 (Appendix A). 

3.9. CABLE PROFILE : Design procedure of a prestressed concrete 
beam consists of; 

(i) Selection of area of cross section, shape of the section and 
determination of area ol steel and inaxiinnm eccentricity. 

(ii) Determination of layout of the cable to suit the other 
requirements. 

The hrst part has been discussed in the previous section in which shape 
and size of the sections, area of steel and maximum eccentricity arc 
obtained by solving the governing equations. Eccentricity given by 
the equations applicable only at mid-span of the beam. It is now 
accessary to discuss the eccentricity of the cable at different locations 
along the span. End section has to be considered as another critical 
section as discussed in chapter I. 

End section ; End section of a simply supported prestressed concrete 
beam is subjected to prestressing force and external shear forces. 
Additional stresses due to secondary effects of anchorage block etc. are 
also induced at the end-section. To take care of all the secondary 
effects and practical limitations, area of the section is generally 
increased at the end. 

The four requirements at the ends arc 


.. (3.9.1) 

+ 1 ^=Cct f'c<c'ci f'c . . (3.9.2) 

-^(-^-1 ) = Ctere<c'eerc •• (3.9.3) 

1 ^ = Cce f'c<c'e, f'c . . (3.9.4) 


Where 0=ratio of prestressing force at mid span to that at the end 
section of the beam. This is a measure of losses due to friction. 
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Eqs. 

3.9.1 to 3.9.4 may be rearranged as 
c'ti f'c fl ^ r®/yt 

.. (3.9.5) 

< 

Cctlc-1 

) rVyt. 

. . (3.9.6) 


r]Pt 

1 r’/yt 

.. (3.9.7) 

.<( 

c' 1' r 


. . (3.9.8) 


The lowest of the values of ‘e’ given by these four equations may 
be taken at the end support or it may be desirable to locate the steel 
at C. G. C. of the concrete, ddie value of 0 may be estimated around 
0.95. 

Profile of the Prestressing Steel : 'Fhe profile of the prestressing steel 
should be determined so that the four permissible stress requirements 
arc satisfied at all points along the beam. Once the eccentricities at 
mid and end sections arc determined, a reasonable shape of the profile 
may be made. A smooth curve of about second degree is reasonable 
for many practical problems because this curve will compensate 
uniforiuly distributed loads very cfTectively as a balancing load. 

3 10. DESIGN PROCEDURE BASED ON FLEXURE : A discus¬ 
sion on tlic analysis of the beam has been made in ihe previous articles. 
It is desirable to consolidate the procedure for designing a prestressed 
concrete beam. A recommended design procedure is: 

(i) Select the materials to be used and list the allowable stresses 
and stress cocfHcients as per the code requirements. 

(ii) Select a) and P in the range as described in the previous 
articles. Value of o) is generally obtained by other criteria 
and value of p is selected as high as possible. 

(iii) After selecting the stress coefficients, solve the eqs. 3.6.3, 3.6.4, 
3.6.7 and 3.6.8 for R, m and (. 

(iv') Select the section for the values of p and , from table 2 
in Appendix A. 

(v) Check the eccentricity obtained from the governing equations 
whether it is within the practical limitations of clear cover. 

(vi) If the cover is not enough, change the stress coefficients or 
efficiency ratio to meet the reqircments. 

(vii) Calculate steel area of cross section for the calculated P*. 

(viii) Select number of wires and check for: (a) accommodation 
of wires, (b) eccentricity, and (c) clear cover. 



Design of Simply Shipported Prestressed Concrete Beatns 


49 


(ix) ir all the three requirements mentioned in (viii) arc satisfied, 
proceed to determine the losses of preUress. If the require¬ 
ments are not satisfied, select another section to suit the 
requirements. 

(x) Compute the losses in prestress if necessary. 

(xi) Check the assumed value of q. If the computed value of q 
does not check with the estimated value, recheck the design 
\\ ith the new \ alue of q. 

(xii) Fix the profile of the cable as discussed in section 3.9. 

(Noi€\ Design for shear, anchorage, bond and other requirements arc 
discussed later i. 

Design example 3.10.1: Design of a post-tensioned beam for the 
following data : 

Data ; ellcc.tivc span -- 50 metres, 
live load ~ 2000 kg/m, 

depth of beam 2.2 metres, 

a co\ LM'ing coat of about 5 cm thick to be over the top flange of 
the beam, 

concrete of strengtli, f'e =450 kg/sq cm, 

liigh tensile steel of 5 or 7 mm wire strands are available, 

tensile strength of preslressing steel - 15000 kg/sq cm, 

Code specilicati(jns ; 

density of concrete, (y;—2400 kg/m’* 

Young’s modulus, Ec—I 8000 y/ =3.82 X 10^ l^g/sq cm 
Es =2.1 X 10^ Itg/sq cm 

Stress coetheients : 

c',i-Li.47, c'tt = d 5 ‘^Q =r0,02 

c Qe=0.31,c te= 450^”^'^^ 
fs (at transfer) =0.7 f'y 
fs (at working load) = 0.6 f's 
fs (at anchorage) =0.8 f'g 
Design Procedure: 

Trial 1 ;—Assume efficiency ratio and depth of the beam. 
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Let 


then, /_,o= 


p = 0.13 

h=L/25 = 200 cm, 
ti=0.8 

Tic'pt + c'te 0.396 


hf'e 


0.326 


= 1.21 


Crt—ZAUl L 
€ (limit) — ^ 


P (cu c^•t) + 


yt, —d' 


L ]-»■“ 

(-1 + /, -x)“(tTa-'’-') 


= 0.440 


^ (req)' ^ (limit), this condition states that the eccentricity is 

beyond the lower flange. There are few possibilities through which the 
eccentricity would be reduced : 

(i) increase the depth, or 

(ii) take cti- ic'tt 
Trial 2 ;— 


Let h = h . X =220 cm and 
(limit) 

Ctt=~0.05 (i.e., allowing compression of 0.05 f'^ 

. hf'e 

“=yL=='-®^ 

0.396 , 

0.27" 


‘ (r=q) -( o.47 + a074 ) 1" (-0-05 + 0.47)+ 0,0763).0.59 

‘ (limi.)-( ,+++ - 4-)“lO-095-0.1)-0.495 

A preliminary design is suggested assuming eccentricity ratio sks 0.5. 
Calculation of self weight and cross sectional area : 

= 1.716 (0.396) (1.68)-0.2 = 0.94 

Assume w idth of top flange as 2 metres for the purpose of calculation 
of superimposed load. Then 


R = 8 pQ) (Cie-h'HCct) 
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w«=2 X 2400x0.05 = 240 kg/m (say 250 kg/m) 
Wa=Wi+Ws=2250 kg/in 

vvg=^=2394 kg/m 



= 9975 sq cm 


Steel requirement; 


m 


Q i — A cti 

l + A 


= 0.22 


Pt = mA f'c= 98.75 X 10^ kg 

p 

Selection of section : The basic parameters obtained from the govern¬ 
ing equation may be consolidated as 

A =1.47, q)= 1.65, P=0.13, € = 0.5, ni = 0.22 

A —9975 sq cm, Ay = 94 sq cm 

\ suitable section to suit the requirements could either be selected from 
table 2 (Appendix A) or could be obtained lioin eqs. 3.8.1 to 3.8.8. 
The closest suitable section for the nondimensicmaliscd requirements 
Irqm table 2 (Appendix A) is 

c,=0.5, c,, =0.12, ct = 0.12, c„ = 0.12 

and the corresponding coefficients of the section from table 2 (Appendix 
.\) are 

P = 0.136 ca=0.2712 

A =1.484 c, = 0.0369 

a>=1.65 Cyi,=0.5973 

cyt=0.4027 


The stresses may now be checked for the selected section. The substi¬ 
tution of the various sectional parameter gives 

[ Pd+Vr"* ]- + 

[ P(+ * ]- 8 Pco (f+ A) =0-37<c'ct 
ce«=-r,m ]+8p^fr|^)=0-361>c'ce (not permissible) 
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It can be seen from the above expression that the stresses at working 
load condition exceed the allowable stresses, and these stresses are 
computed based on the assumed value of r|. If the actual stresses are 
marginal, then actual value of should be computed for the particular 
section and the stresses be checked with the actual value of r]. 

Loss of prestress for calculation of t| : 

(i) Elaiitic sliortening: A mean elastic shortening could be obtained 
by totaling the elastic strains at steel level over the length and 
dividing the total elongation by the length. Due to symmetry of 
the beam, only half the length of the beam is considered and the 
loss of prestress is loinputed. 

Let 

(t. - mean clastic sliaiii 

- eccentricity at distance x 

tlien 



Let 



x-), assuming a pai abollc cable profile 


riic bending inoinent is given by 

M VV^r-} W’h ,, 

x'--' — - -i.Lx xy- 

From the above three equations the value of is given as 
(99 1 97-73.9) 


^c 


1', 


-^-0.00032 


An approximate clastic strain may also be obtained without going 
through the integration. 


(*e) 






(^c) . 


_ Pi 

AX: 

I'aking a mean value of the above two 
0.000365 + 0.000260 


-0.U00365 

0,000260 


— 0.000313 


which is fairly close to the mean clastic strain (0.00032) computed through 
integration. 

Using €c-0.00032, since the cables are strained at stages, the loss of 
strain due to elastic shortening is €c/2 = 0.00016 

3 10 * 

(ii) bhriiikagc strains- , 
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Taking transfer at 28 days, the loss due to shrinkage is given by 
log,o(30) 

(iii) Creep in concrete for a creep coefficient of 2.5 
= (2.5 — 1) fo = 0.0a048 

(iv) Creep in steel (3 %)-0.005 x 0.03-0.00015 

(v) Anchorage take-up of 0.25 cm on either end gives loss due to 

anchorage —25QQ --0.0001 

vi) Gain due to bending : 

Max. gain of strain due to bending—^^^^=^0.000289 

J r.(. 

Tf no bond is assunied, the actual gain in stress due to l)ending is 

I (0.000289) 0,000193 

(vii) Frictional loss : 

Let k —0.0015 (wobble effect per metre length) 

—0.25 (frictional coefficient) 

/dv\ no-,3000 ^ 

l^dx ^ ,-n 025 ;I0' 

rt™0.0B8 (total change in the slojie oft lie cable) 


Strain loss 


Po-Pl _ 
Pt 

Po-Pt 


- r k 0.0595 


0.0003 


Summing up the losses in prestress: 


Loss due to 


Loss of strain Percentage of loss 


(i) Elastic shortening 

(ii) Shrinkage 

(iii) Creep in concrete 

(iv) Creep in steel 

(v) Anchorage take up 

(vi) Bending due to live load 


0.0001 G 

3.2 

0.00020 

4.0 

0.00048 

9.6 

0.00015 

3.0 

0.00010 

2.0 

0.00019 

3.8 


Total 


0,00090 


18.0 
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0.005-0.0009 

0.005 


= 0.82 


The value of f] works out to be slightly higher than assumed and 
the stress coefficients with new value of T) are not altered very much. 
The computed stress coefficients are higher than the allowable with the 
actual y] = 0.82, so a new section has to be selected. The depth of the 
beam is restricted, so the stress coefficients could be reduced by decreasing 
the efficiency factor p of the section. From table 2 (Appendix A) a 
lower efficient section is chosen and the corresponding values are given 
below : 


New section and its properties : 

Select p = 0.1205 

= 1.68 


then from table 2 (Appendix A) 

cr = 0.5, Cw 0.12, ct = 0.12, Cb - O.OB 
and the sectional coefficients arc 

ca- 0.2560, Ci = 0.0329, Cyb = 0.6269 and Cyt = 0.3731 

Sine e the ranges of R, f, m arc known fairly well from the previous 
calculations, instead of starting with stress coefficients, let R, m be 
assumed and allowable stress coefficients be checked. 

Let 

( = 0.53, m = 0.24, and R = 0.94, then 

"^250 


A = 


y 


10,000 sq cm 


Calculation of stress coefficients : Using the parameters as selected in 
the previous section, the stress coefficients work out to be 


Ctt 

-0.091.::(c't,) 

(permissible) 


- 0.50 >(c'ct--0.47) 

(about 6.4% over stress) 

Cvv 

0.321: (cV'-0.31) 

(about 4.2 % over stress) 

CXv 

- -0.007<(c',r = 0.02) 

(permissible) 

f«o 

-(0.005-0.0009) E, = 8610 kg/sq 

cm 

f.c. 

--=0.57 "0.6 



15000 



Anchorage strain —0.005-1-0.0003 (i.c, frictional loss) 
= 0.0053 


fHo = 0.0053 X Efl= 11130 kg/cq cm 



15000 ® 
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Actual stresses are slightly higher than the allowable. The small excess 
amount may be compensated by selecting an actual section which is 
slightly larger in area as compared to the idealised section. 

Idealised section : All the coefficients of the section are given previously. 
Using these coefficients, dimensions could be obtained as 


A = 10000 sq cm 
-0.2560 bth 
bt= 178 cm 

r--0.1285 h2-6219 cm^ 


t, -0.12 h -26.4 cm 
tf) —0.08 h — 17.6 cm 
b,v = 0.12 bt-21.4 cm 
bi, (65 bt —89 cm 


0.6269 h — 138 cm 
yt-0.3731 h - 8*2 cm 


e 0.53 h —1 16.6 cm 
Pt-mAfV -108x 10* kg 



All difn^nsforw ar« in cmt. Actl«i 

Use 7 mm wires (No. of wires required 268 or 30 strands of 9 wires) 
Fig. 3.10.1 ; Section at mid span 


c.cc 



Cables each containing 9 nos of 7 mm wires 
Fig. 9.10.2 : Approx, arrangenient of cables at mid span 
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In case, it is not possible to increase the depth of the beam because 
of the above tvv'o reasons, it is possible to adjust the allowable stress 
coefficients to keep the eccentricity within the allowable limits. The 
eccentricity could be reduced by decreasing the value of ctt* In other 
words the stress coefficients should be selected as 

C,.t = Cti *< C^t, Cee = Cte = c\e 

A box section which is capable of accommodating many cables 
in the open box area is economical in providing flexibility for high 
eccentricity while achieving the maximum permissible stresses. 

(c) Effect of strength of concrete : Variation in the area of cross section 
with strength of concrete is shown in fig. 3.11.4. As the strength of 
concrete increases, the area of cross section decreases. This straight 
forward conclusion could be made even without graphs. The graphs not 
only illustrate the qualitative nature, but also give quantitative values 
which are helpful in selecting the concrete strength. The decrease in 
the area of cross section with increase in the concrete strength is not 
rapid when compared with that of depth or efficiency ratio. It is desir¬ 
able to use a high strength concrete. However the rate of cost of high 
strength concrete is more, so a proper selection of quality in the concrete 
is to be made such that the total cost of the structure is minimum. Other 
limitations in selecting a high strength concrete are the workability, 
availability of proper equipment and skilled man power for good and 
uniform compaction. 



Efficiency ratio (P) 

Fig. 3.11,1 : Variation of croat section with efficiency ratio 
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Cluhc strength in kg/sq rm 

3.1 1.4 : Variation of c ross section with cube strcnjith 

3 12 GENERALISED ALLOWABLE STRESS E(iUATIONS : 

Governing equations established so far arc only for simply supported 
beams. 11 is desirable (o establish nondimcnsionalised design criteria 
for general bending moment conditions. 

I.et M._, -maximum bending moment 
Mj --minimum bending moment 

T he values of Mj and Mo include moments due to self weight of 
the beam and are assumed to be of same sign. 


I’lic allowable stress equations are : 



-1 

ey^ ' 

)- 

MiVj 

Ar^f'e 

-Cu<c'tt 

.. (3.12.1) 


1 4- 

V 

eyi ' 


MiV. 

=- rt 

.. (3.12.2) 

Af'T 

r2 

} 

Ar=f'c 

np. { 

M\\ 

-1 + 

cy2 ' 

r^ 

y 

Ar“T'e 

= ce 

.. (3.12.3) 

/ 

Af',\ 

1 

^>1 

y 

Ar*f'c 

= te 

.. (3.12.4) 


Notations for various quantities are shown in hg. 3.12T. 
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Introducing the nondimensionalised values as already defined in the pre¬ 
vious sections, the above equations reduce to : 


>(1+A)] P(l + A) 

r 1 I 1 

‘"L P O + ArJ P(r4-A) 


(3.12.5) 


(3.12.6) 


—71111 


•H- 


+ 


Rx 


P M-l- A) I P(l+A) 


- Cro 


(3.12.7) 


- 11 m 


( 


1 


\ , ARx 

^ P{l + A) j ' p(l + A) 


(3.12.8) 


where 

X 


Ml 

AhfV 


(3.12.9; 


or 

x -f AIl ^ ni, R- and A . . (3.12.10) 

\\\h J ’ M, y. 

Solution of the above ecjuations gives the required beam dimensions. In 
any problem, the governing moments and M 2 are first located and 
then section is designed Ibr the moments with the bending moment due 
to self weight as an unknown quantity. The set of equations is to be 
established for a critical section of the beam and solution of tin* equa¬ 
tions can be obtained with some assumed parameters. T his set of equa¬ 
tions is useful in solving statically determinate beams such as overhang 
beams, cantilever l)eams. 



Ca) Tronsfer 


(b) Service load 


Fig. 3.12.1 : Sign conventions for allowable stresses 


3.13. LOAD BALANCING METHOD : An introduction to load 
balancing method was discussed in chapter 1. I he basic concept is 
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that the external load at any pKjint on the beam is balanced by the 
traasverse component of the cable force. The load balancing method is 
very effective for beams subjected to constant load conditions. Even for 
variable load conditions, partial balance of the load will be affective. 
The example of section 3.10 is reworked here with load balancing method. 
Example 3.13.1 ; Same as example 3.10.1 by load balancing method 
Given data : 

effective span = 50m, live load = 2000 kg/in 
superimposed load =250 kg/in 
maximum allowable depth of the beam = 2.2 m 
f\. = 450 kg/cm^ I ', = 15000 kg/cm^ 

Allowable stress coctFicicnts (for loads likely to increase) : 
c'n =Cu, =0.022, c\,t=0.47, c\.e^0.31 


Design procedure : 

Selection of equivalent balancing load : Assume self weight of the beam 
as 2400 kg/m. rhis assumption is to be based on the span of the beam 
and the live load on the beam. For a span ol about 50 in, the self 
weight is likely to be close to live load unless the live load is really small. 

vvg =2400kg/in, wV=250 kg/rn, wi = 2000 kg/m 
Wi = (wy f Wrt l-wi) =4650 kg/rn 


If wt is balanced completely, excessive stresses are likely to be developed 
at transfer condition. On the other hand, if only w„ is balanced com¬ 
pletely excessive stresses are likely to be developed at working load con¬ 
ditions. Fhcreforc, it is desirable to balance an average load of the two 
conditions of loading. Fhe radial component of cable force at working is 
less than that at transfer load condition because of loss in prestress. Let 
the load to be balanced be wt,. Load to be balanced should be more 
than load at transfer but less than the working load. 


Let Wbc = load balanced at working condition = 3000 kg/m 


Cable force and profile . Let the cable profile be parabolic with maxi¬ 
mum eccentricity e. Fhe transverse component of prestressing force is 
given by 


Pe 


d»y __ 

dx® 


8c Pc 

L" 


then : 


8ePe 

L» 


= Wbe = 3000 


cPe = 


3000 X 250000 

' 8 


=93.75 X 10* kg cm 
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If the external load is completely balanced, the stress at any section is 
given by 

f 


In a partially balanced beam, the actual stresses will be on cither side of 
fave so it is desirable to make a rough guess of favc 

Let fave=2/3 of allowable working stress 
= 2/3 (0.31) f'o 

=0.20 f'e 

favo=0.20 fV—90 kg/sq cm 

Since Wg = 2400 kg/m, A = Wg/> = 10,000 sq cm 

Pe = favc A 

=0.20 X 450 X 10000=90 X 10‘ kg 
93.75x 100 

•• ^ 90xl0‘ 104.2 cm 

Stresses at transfer condition ; 

Let t]^0.8 

=:] 12.5X 10^ kg 

Equivalent load balanced at transfer condition is 


Wbt-=- 




He Pp 
0.8 I> 


8000 

0.8 


— 3750 kg/m 


Actual external load at transfer is the self weight, so the load that is not 
balanced at transfer condition is — —3750-|-2400= — 1350 

kg/m (acting upward). The stresses due to the load that is not balan¬ 
ced, can be calculated by beam theory and they are 
n Pi Myt 

Where M=;bending moment due to the load that is not balanced 
fit —stress at top fibre at transfer (tension) 

f 


Pt I / M \ /j^Y f Y^\ 
A '^\Ah J \ r ) Y** ) 

_ Pt , M 

A Ah p (1 + A) 

A = ^AT = * *2.5 kg/sq cm 
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Actual compressive stress at working load condition of this method is 
more than the allowed one. 'Fhis could be easily avoided by increasing 
the eccentricity for the same prestressing force. 

Revision of the design with eccentricity = 1 10 cm 

Transfer condition ; (let prestressing force remain the same.) I’he 
load that is balanced due to 110 cm eccentricity instead of 104.2 cm is 
given by 

-3750 (^ 3060 kg/m 

p 

lu\e=112.5 kg/sq cm (remains same as before) 

Load that is not balanced = (2400—3960) kg/m = — 1560 kg/m 

f t= — 112.5-h -j^-^(55.6) —46.2 (compressive stress) 

1350 
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fci= 112.5 + =220.5 kg/cm* 

220.5 _ . „ , . 

Cct = -y 5 ^ =0.49 (excess) 

(ii) AA orking load condition : 

Load balanced at working load condition 
= 3960 x0.8 = 3168—3170 kg/m 
Load that is not balanced=4650 —3170 = 1480 kg/m 


A 

fie- 


— fa\e-90 kg/cm* (as before) 

33x 
1650 

68.0 X 1480 


^^_^_114.33x 1480 


(Vfi 10 kg/sq cm permissible) 


90-T 


151 


1650 


51 kg/cm- 


0.336 (not permissible, therefore revise) 

A comparison of the two solutions obtained from sections 3.10 and 3.13 
is shown in table 3.13.1. 

I abli: : 3.13.1 : Lo.mparison of solutions of a beam design 

BY TWO METHODS 


Description 

Method 1 

(nondimensionalised 

parameters) 

Method 2 
(load balancing) 

A 

10000 sq cm 

10000 sq cm 

P 

0.1285 

0.1285 

A 

1.68 

1.68 

p. 

93-7 X 10^ kg 

112.5X 10^ kg 

e 

116.5 cm 

110 cm 

ctt 

-0.091 

-0.107 

Cct 

0,50 

0.49 

Cte 

0.007 

0.028 

Cce 

0.321 

0.336 

A, 

103 sq cm 

107.1 sq cm 
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The load balancing method is fairly easy ; it also gives an additional 
advantage of giving directly how much effective vertical shear force is 
existing. However it is not easy to assume a very economical section 
and some amount of trial and correction procedure is to be adopted. 

Problems 

3.1 Design a pre-tensioned prestressed concrete simply supported beam 
of span 24 in for a live load of 2400 kg/m. Design by nondimen- 
sionalised parameters and load balancing methods keeping the 
depth of the beam not exceeding 120 cm, use f'p —450 kg/sq cm, 
f'rt—15000 kg/sq cm. 

3.2 Design a post-lensioncd piestressed concrete balanced cantilever 
bridge of spans as shown in Idg. 3.1. 'The bridge is used for two 
lane tralFic with a riKjving load of 15000 kg/m. The girders are 
arranged such that the top llanges of the girders form the main 
slab of the bridge. A 5 cm thick wearing coat is to be provided 
on the top of tlie flanges. Tse f'(.~400 kg/sq cm. 


,._.e i J 

It?. ;i --. ii — 


rig. j.l ; Probk ni Ik2 



CHAPTER IV 


PRESTRESSED CONCRETE COMPOSITE BEAMS 


4 1 INTRODUCTION : A pi esiresscd concrete composite beam con¬ 
sists of two essential parts, (ij a prestressed concrete beam either pre-ten- 
siuiied or post-tensioiiod, and (ii) concrete slab reinforced, or prestressed 
or c\ cii of plain concrete. Usual construction procedure consists of two 
stages ; 

[ i) A prestressed concrete beam is placed in position. I hc beam 
is either lully or partly prestressed. 

fi A plain or reinforced concrete slab is cast in-siiu over the top 
of the prestressed concrete beam. 

If the beam is partly prestressed before casting the top slab, the remain¬ 
ing pre.strcssing is done after casting the slab. I’lacing of the top slab is 
done in two wavs. I’he slab is cast directly on the beam with or with¬ 
out overhang so that the total shuttering is wholly supported by the 
prestressed concrete beam itself. If the slab is fairly wide and the 
beam is not to be overstrained with the load of shuttering and wet 
concrete of the slab, the slab is cast partly supported by a shuttering not 
directly resting on the beam, 

1 he concrete slab hardens and acts together with the girder to form 
a composite section. The precast beams are cast with controlled con¬ 
crete of high strength, the slab with less strong concrete. If the slab has 
to act together with the precast beam, a strong bond has to be genera¬ 
ted between the beam and the slab. ^Vhen the composite section bends, 
the top fibre of the beam and the bottom fibre of the slab should have 
the strain compatibility of a single member. Some kind of connectors 
joining the two parts have to be provided to achieve single unit action. 
These connectors are essentially under shear force so they arc called 
“shear connectors”. 7"he integral connection is achieved by providing 
shear keys at the top fibre of the beam along the span, or leaving the 
top of the beam unfinished and even sometimes roughened for casting 
the slab over the beam. Vertical ties are also provided 
along the span to prevent separation of the slab from the beam. It is 
desircable to treat the junction of the slab and the beam as a construc¬ 
tion joint. The deformation of composite section with and without 
shear connectors is shown in fig. 4.1.1. 
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(a) Compf)3it(* section ^vjL^^out shear connectors 



(1)) (juii»posit(* scctin with shear l onnectors 
l ig. 4.1.1; Klh rt of .shear connectors in conijjosiU’ construction 


4 2. ALLOWABLE STRESS CONSIDERATIONS : I here are three 
critical conditions of loading in con^posite construction which may be 
considered for design purposc.s: 

( i ) 'Transfer condition ; 'I'hc beam is subjected to the transfer 
prestressing^force and self weight of the beam. 

( ii) C-asting of slab condition : The beam is subjected to transfer 
prestress, self weight of the beam, self weight of the wet slab 
and other superimposed loads due to shuttering etc. 

(iii) W orking load condition : The compo.sitc beam is subjected to 
ciTective prestressing force, self weight of the beam and the 
slab, other superimposed and external working loads. 

In general, the third condition dominates the second condition 
so the first and the last conditions are real for design considera¬ 
tions. The stresses due to live loads are to be superimposed on the 
stresses caused due to second condition. This is a reasonably good 
and safe assumption because the slab hardens in the elastic deformed 
shape of the beam at second stage. The differential shrinkage of the 
slab and the beam affects the actual stress distribution. For the 
sake of simplicity of design, the shrinkage stresses are treated separately 
and superimposed on working load stresses. The expressions for 
stresses in the extreme fibre of the beam for these two critical conditions 
can be written as 


(4.2.2) 
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-CeofV <c',.of',. .. (4.2.3) 

- n ( 7^'-- f I ) + (M, 4-M*.+M.„) ^^ + Ma ^ 

:^.C,ef'.. <c',ef'e •• (4.2.4) 

^Vhere 

= bending moment due to .self weight of llie slab 

M.i = bending moment due to superimposed loads before' the 
concrete hardens 

Ij, = moment of inertia of the gross composite section about its 
centroldal axis 

yh( “ distance of the bottom fibre of the beam from the 
centroidal axis of the composite section 

\ ir ^ distance of the top fibre of the beam from the centroidal 
axis of the composite section 

1 he stress distribution at tliiee (-(mditions are shown in fig. 4.2.1. 

The moment of inertia of the composite section is to be calculated 
by considering the relative properties of the materials of the slab and 
the beam. Since the strength of the slab is difTerent from that of the 
beam, the stresses in the slab and the beam will differ for any given 
strain. It is desirable to transform the area of the slab based on 
relative strength. The transformed area of the slab is to be considered 
while working with the sectional properties of the composite section. 
Areas of the beam and the slab have to be transformed proportional to 
the modulus of elasticity of the t\vo materials. 

The total width of the slab will not be effective in acting together 
with the beam if the width of the slab exceeds certain limits, so the 
width of the slab should also be restricted. The width of the slab 
should not be greater than 

(il one fourth of the span of the beam, 

(ii) centre to centre distance of the adjacent beams, and 

(iii) twelve times the least thickness of the slab or Aveb 

The exact effective width of the slab has to be obtained based on 
shear lag and since the shear lag is not very well defined in the concrete 
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1 ransfcr rondition 






ClasLinp of slab 



Working load condiuon 
1 ig. 4.2.1 : r.oading rondiiions 



(a) Actual composite section (b) Effretive composite section 

bg <1/4 span of the beam or <12 U or < centre to centre of the beam 
Fig. 4.2.2 : Composite section 









Prestressed Concrete Composite Beams 


71 


structures, the effective width is generally obtained from some 
approximate theoretical and experimental data. The effective slab 
width is illustrated in tig. 4,2.2. 

4 3. NONDIMENSIONALISED ALLOWABLE STRESS EQ,UA- 
TIONS: his observed in chapter III that the nondimensionalised 
equations give a basis to establish an economical section. Eqs. 4.2.1 to 
4.2.4 are nondimensionalised by introducing the same parameters ( A, m, 
6, R, P and o)) which were discussed in the previous chapter. The non- 
dimensionaliscd equations arc very similar to the equations developed 
by Khachaturian (4.1). 

Noav 


1 r; 


7AL= / h \ I 

MAr- l^l -! A Jr'r 


1 !-A 


I 

rrip 7T+ A) 


Eqs. 4.2.1 and 4.2.2 reduce to: 


( P * )' 


I 


P 

i A 

P (T+a) 


+ 1 


8 po) ' I + A ) 


8 Pa) (1 -I- a1 


"C|l 


-f-c t 


(4.3.1) 

(4.3.2) 


Further 


) (vA-|-rA-.8 + WH)IA 


(Mg j-Mge + Mel) yi 


f‘rl 


r I j -''lii.'v N3si ~| 

f',lL‘ Mg MgJ 


aa)P(l + A)' 


fit-^’-1 
L ' A ' Mg J 


Let 


Now 


L = Uie I, Ybc ^ yi, and yu; = Utc yt 
Ma yti _ Mf^R ytc 


fV Ic 


f'e Ic 


(^) 


= ( 


1 


8 OJP ( 1 A } 


)" (■:::) 


Let = Rsi and = X, then on substitution of the above 
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quantities, the eqs. 4.2.3 and 4.2.4 reduce to 


p (I-l-a) 


8 QSp (1 "j- A) 


t -h X-f-Ral-f- R 


(p {l-!-A) + * 8(UP (l + A) 


1 + X+Rsi R 


Cp, . . (4.3.3; 


cte .. (4.3.4) 


For ready reference, all the governing equations arc given here: 


P (1 -f A ) 


1 


V mttm " ‘ 


0 Pa)( 1 A ) 


8 o)P (i f a ; 


Cce ^ ^ 1 J f 


1 X + RrI f- 


c,<--- ^ apa, (i h a; 


I f X f RhI -f 


Eqs. 4.3.1 and 4.3.3 give 


R .„ + R 1 

lllc J 


8 p OD (l-fA) 

and eqs. 4.3.2 and 4.3.4 give 

A T-ti u 1 l X FR.if R 




- - — q 

8 p 0) (1 f A ) 

A combination of the abo\ c two expressions yields 


(I ~fX-*-RRi f-R 


(1—q) -fX + Rsif-R 


q Cpi “f 

q Ctt-fCrc 


(4.3.1) 


(4.3.2) 


(4.3.4) 
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or Cl 


“n Cet~i“ Cte 
T| Ctf4- C,-e 


l-T, + x FRgi f R 


Ulo 


- 7 ) + x t-Rsi+ R 


Ubc 

Ulo 


“nett -f“Ceo 


"'here 

Uio 

Xc- 


1 T] T"X-rRsi"l” R“ 


Ujbo 

Ulc 


Xo ..(4.3.5) 


(4.3.6) 


From eqs. 4.3.1 and 4.3.2 

c,.|- Acti 
m - - 

1 -}- A. 

m € ^ I 

P (i-j A) ■ ap(D(i + A) 

me A , , 4 _ (i -i - ) _ 

p (1 + A ) "*■ 0 'pa)(l-|-A) 

A combination of the alcove two expressions yields 
me(l + A) _ , (1 rA) 

p(l + A) ' 8pco(l +A) 


(4.3.7) 


or m e = (cit -f c.-t) P + 


1 

Bo) 


Therefore, € 


:[ 


P (cti -f C,.,) -f 


‘ 1 

)a) J 


(4.3.8) 


From eqs. 4.3.3 and 4.3.4 

(l --i R„ + R 4 );^ ) ,0 „ p (I -I- 'I ■" ( > - | -r ^ -- ^ ) -')] 

(, +,+R., , R ^ „+V+')] 


R 


or (ntc-ubc)=8 cup (1-I- ) Cce 

Ulo 


[' 


Cto 


+ T] m 1 


)] 


Therfore, 


= 8 oiP j^(Ac,.p —do) —■nm(l + A)J 


^ “ fu,o-Uh!oA ~ -nm (1 + A)].. (4.3.9) 


4.4. SOLUTION OF THE GOVERNING EQ,UATIONS : The 

four eqs. 4.3.1 to 4.3.4 give a criteria for design of a section. The 
unknown values in the four equations are n, , m, (, R, p, o), X, Rgi, 
Ubr, utc, uic. Out of these 12 unknowns, some of them arc indirectly 
known. In general, the slab dimensions arc known and, therefore. 




74 


Prestressed Concrete Structures 


all the qaaQtilies associated with concrete slab are defined. Some 
quantities like t], p, o) could be assumed reasonably well. The four 
equations may now be solved with the following assumptions : 

Assume quantities q, P, tw, X, 'Jur, nie, nip and then solve for 

A, Ill, R which arc the basic sectional details. On the above basis, 
the solution of the ecfuations may now be written as: 


A 


'HCi't + Cte 
qcn hCco 


Cot - Acu, 
1 -I- A 


1 

in 


P (t'ti + Cpt) -{- 


8a) J 


_ huipCopfl-j-A) 

( Utf. -- Ui,p) A 


ACpe —Ctp —qm(l + A )] 


(4.3.5) 

(4.3.7) 

(4.3.8) 

(4.3.9) 


4.5 RANGES OF NONDIMENSIONALISED PARAMETERS i 

(ij Depth factor (lu --hf',./yh) ; clficiency factor fp=r^/h2) ; shape factor 
(A ~yh/yt) ; eccentric ity ratio (( —c/h) ; reinforcement factor (m = Pt/ 
Af'p) ; and momeni ratio (R — Ma/M^) have already been discussed in 
the pre\ious chaptdi. 

(ii; Composite section factor ( x,.) : It can be observed from eq. 4.3.6 
that the value of Xo tends to unity for a non-composite section. 



l‘i^. 4.0.1 : Gomposilc section 


It could be seen from fig. 4.5.1 that utp and ui,p ^ 1. The value 
of iitc is in the range of 0.80 to 1.0, U|,p in the range of 1.0 to 1.20 and the 
value of R generally varies in the range of 0.7 to 3. Hence the range 
of X c '^411 be from 0.90 to 1. For many practical purposes, Xc may be 
assumed as 0.95 and A be solved from eq 4.3.5. The procedure for 
design is same as given in chapter III. All these equations reduce to a 
non-comjx)sitc section by setting Apg equal to zero. 


4.6. SHRINKAGE STRESSES : The composite construction consists 
of concrete of two different mixes cast at two different intervals. The 
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shrinkage in the beam is more or less completed by the time the slab 
starts shrinking. The differential shrinkage causes stresses in comp)ositc 
construction. Assuming a certain shrinkage in the slab, strain com¬ 
patibility has to be satisfied from which the stresses duo to shrinkage are 
computed. Let €ti—shrinkage strain in slab and if the slab is comple¬ 
tely restrained, the force developed due to the restraint is givxn by 

Pa = eaEea Ae« .... (4.6.1) 



: DifFcrcnlial shrinkage stress 


The stresses due to shrinkage force are now computed using a simple 
beam theory. The extreme fibre stresses due to slirinkage are : 

= .. (4.6.2) 


Ihs — — 


f'-=-(-*+ '"‘V-) 

/ Pa Pft ^a \ 
ic ; 


Pa I Pa ytfH 

Ac ■ " ‘ I. 


(4.6.4) 


. (4.6.5) 


Where 


fbt) = stress at bottom fibre of the beam 
= stress at the top fibre of the beam 
fijs = stress at bottom fibre of the slab 
fig = stress at top fibre of the slab 

yjjjg = distance of top fibre of the slab from the C. G. C. of the 
composite section 

fa = €b E('3 

Ecs = Young’s modulus of concrete of the slab 

The stresses that are computed arc approximate but arc good for practi¬ 
cal purposes. More exact stresses could be obtained by considering the 
mutual strain compatibility at the junction of the slab and the beam. 
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The shrinkage stresses are in addition to the stresses at working load 
conditions. It is necessary to superimpose the stresses at working load 
on the shrinkage stress and then check the allowable stresses. The 
allowable stress coefficients at working load condition in composite con¬ 
struction may be assumed less than those used in the non-composite 
construction. 

Design example 4.6.1 : Design of a post-tensioned prestressed concrete 
composite beam for an effective span of 50 m to carry a uniformly 
distributed load of 2000 kg/m. The centre to centre of the girders is 
200 cm. Assume the slab width as 200 cm. The maximum depth of 
the beam is not to exceed 220 cm. 

Given data : 

ellcc five span — 50 m, live load - 2000 kg/in 

dc[nh of beam— 220 cm, superimposed load = 200 kg/rn 

coiicrct(‘ strength (f'o) --- 450 kg/sej cm and 

t(*nsilc strength of prestressing steel (f'n) =- 15000 kg/sc[ cm 

Code specifications : 

density of concrete, (y) = 2400 kg/m^ 

Young’s modulus, (Eo) 18000 y^f'e = 3.82 X 10^ kg/sq cm 
Eh - 2.1 X lO*’ kg/sq cm 

Stress coefficients (for loads likely to increase) be : 
c',t -- 0.47 ; c\t -- 0.022 ; c\.,. = 0.31 ; c'tp = 0.022 
Ih (at transfer) -- 0.7 f's 
Is (at working) -- 0.6 f'a 
I'h iU anchorage) 0.8 Tg 

Design proa'durc'. Assume efficiency factor and other coefficients. 
Based on the experience of example 3.10.1, it is now possible to make 
an ap[)ioximate estimate for efficiency and other factors. Factors used 
in example 3.10.1 arc used in this example to make a comparison of 
the two beams. 

Let p 0.1285, A = 1.68, and approximate values of 
utc = 0.92, u,,c — 1-04 

uic - 1.20, T| -^0.84 

cti — —0.05, t'et = 0.47, Ccc = 0.31, etc = 0.02 

The values of u\s hav'o to be chosen from experience and then should be 

checked witfi the actual values obtained in the final selection. Area of 
cross section depends on the assumed values of u’s. Any improper 
selection of ifs will throw off the economy of the beam. Stress cqs. 
4.3.1 to 4.3.4 could be written exactly in the form of simply supported 
beam cqs. 3.4 by introducing a modified R represented by 
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-R = ( 
= ( 


1+ X+R81 + 


1 + X + Rsi “h 


Ulc J 

R^) 

Ulc J 


This modified R will give some guide line. 


hf'c , 
“= rL^ ^ 


1 +A 


req. 


limit 


Cct ^ ^ Ctt 
A 


[ 


P (ctt Crt) T ' 


I -1 = 0.625 

0) J 


1-f A 


- - 0.08=0.55 


The value ol ni may be taken as 0.24 based on the example 3.10.1, then 


R 


8 P Q) Uic ( 1 -h A ^ 


A (Ubc —Ulc) 

Wa 2200 , 

Wg= ^ - J Q7 l^e/m 

. 2050 

^ " 2400 


[Tlm(l -{- ) - (A Cce — Cte) 1 ~~ 1 068 ir 1.07 


Let the thickness of the slab be 8 ( in (sometimes the thickness is fixed 
by practical criteria). 

The area of the slab is given by 

Acs b^ts — 200 X 8 --- 1600 sq cm 
l otal area of c.s. = 8560 4- 1600 — 10160 sq cm 

It is now necessary to determine the various u’s and check the allowable 
stresses. Various dimensions for the given efficiency and shape factors 
are given below (from table 2 in Appendix A). 

For p = 0.1285, A — 1.68, the sectional coefficients are 
ca -- 0.2560, Cl - 0.0329, Cyu -- 0.6269, c, t 0.3731, 
cr = 0.5, c.,= 0.12, ct - 0.12, c„ 0.08 


r* 


_ 8560 

^ 0.256 h 
= 0.1285h2 


= 152 cm 
= 6219 


Yb - Cybh 

yt = Cyth 
tt = cth 
ti, = Chh 

bw 

bb = Cfbt 


= 138 cm 
= 82 cm 
= 26.4 cm 
== 17.6 cm 
= 18.24 cm 
= 76 cm 
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X = 


A 


CB 


A 


1600 

8560 


0.187 


The properties of the composite section are calculated easily using 
the sectional properties of the beam. 


Taking moments about the centroid of the beam cross section, the 
centroid of the composite section would be determined as 




1600 (82-1-4) 
10160“ 


13.6 cm 


ytr 

Vhr 


Ui,. 


82-13.6 = 68.4 cm 


138-1 13.6 - 
.. O.B35 


151.6 cm 


151.6 
^ 138 


1.09 


I,. - I U + .V + A,. (4.f68.4)2 
= 51146603-1-1878000-! 8380000 
= 61404600 cm< 

I,. 61404600 ^ 

Ip " 51146600 " 


Let the superimposed load at the time of casting of the slab be zero, 
then R.,1 —- 0. Using the values computed above, the allowable stresses 
could be checked with the help of ccp. 4.3.1 to 4.3.4. 


Eqs. 4.3.1 to 4.3.4 for m = 0.24, q = 0.84, R = 1.06, p = 0.1285, 

A = 1.68, t = 0.53, o) - 1.65, iit,. = 0.835, m,, = 1.09, X = 0.107 

and U|(. — 1.20 give 


ct( = —0.091 (permissible) 

C(*t = 0.48 (2.4% excess) 


Cto 


Cl-0 


Pt 


As 


0.025 
0.307 
inA f 'c 
925000 

0.6 f e 


(11.3 kg/sq cm tension, excess) 
(permissible) 

= 0.24x8560 x450 == 925000 kg 
= 102.8 sq cm 


Percentage of steel — 


102.8X 100 
10500 


0.98% 


c = 0.53 h = 116.6 cm 

Since some of the stresses in the selected section exceed the j>crmissi- 
blc limits, the reader is advised to try another section. The section 
should also be checked for shrinkage stresses. 
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Problems 

4.1 A simply supported beam of span 20 m is carrying a load of 2400 
kg/m. Design a compKJsitc beam with top slab of 15 cm thickness 
and 150 cm width. Use ('c = 400 kg/sq cm and f'g = 15000 kg/sq 
cm for beam and f'r — 200 kg/sq cm for slab concrete. Make a 
comparative study of this design with problem 3.1. 

-1.2 74ie bridge described in problem 3.2 is provided with a top slab of 
15 cm thickness using M 200 concrete. Design a composite beam 
bridge, using the data provided in the problem 3.2. 



CHAPTER V 


CONTINUOUS BEAMS 


5.1. INTRODUCTION : It has been observed in the previous chapters 
that preslrcssing force causes deformation which can take place freely 
in a statically determinate structure without causing any change in the 
reactions. In a statically indeterminate structure, the deformation due 
to prestrcssiiig force will affect the support compatibility conditions 
resulting in some secondary stresses, 'bhis effect is explained through 
a simple example of two span continuous beam shown in fig. 5.1.1. Let 
the beam rest freely on three supports at same level and let it be 
prestressed with a straight tendon. The tendency of the tendon will be 
to lift the beam from the middle support. Hence, there should be a 
force at the middle support to keep the compatibility of the beam 
resting on all the three supports. This downward force ‘Rt)’ has to be 
balanced by upward reactions at the extreme supports. The stresses 
caused due to these reactions are called secondary stresses. 

fig. fi.l.l gives a complete picture of the problem. The shear 
force and bending moment caused by the prestressing force are also 
shown in the figure. The stxondary stresses depend mainly upon the 
profile of the prestressing tendon and, if a proper profile is not chosen, 
the secondary stresses can be very large. On the other hand, if an 
appropriate profile of the tendon is chosen, the secondary stresses could 
be reduced to zero. A tendon of this profile is called “concordant 
cable”. A concordant cable may be defined as the cable which will 
not produce any statically indeterminate reactions. The concordant 
cable profile is not unique in any given statically indeterminate 
structure but it is located within a certain narrow zone. The resti'ic- 
tioii to the concordant profile zone has the disadvantage of not utilising 
the depth of the beam effectively for a suitable profile in working load 
conditions. There are two possible important practical considerations: 
(i) the profile may be selected as a concordant profile which causes no 
secondary stresses, not considering economy, or (ii) the profile may be 
chosen as a compromise between the secondary stresses and the working 
load stresses based on economy. In other words, a concordant cable 
is a good choice but not necessarily the best. It is also important to 
note that creep is likely to cause some statically indeterminate reactions. 
Analysis of statically indeterminate prestressed concrete structures 
could be done by any of the methods used in structural analysis. 
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5.2. ANALYSIS OF TWO SPAN BEAM: A beam of constant 
cross section and having parabolic tendon profile may be considered 
for analysis. The derivations are developed using the prismatic beam 
theory. The tendon profile consists of two p>arabolas with sags gj and 
gj. The two parabolas intersect at the middle support with an 


i- 



(a) Two span continuous beam (no external 
force including self weight) 



(b) IhcstJcssing force acting and beam free to deform 



Rb 

(c) Constraint due to the continuous supports 


(d) Secondary shear force 



A 


(c) Bending moment due to eccentric prestressing force 




(g) Actual beading moments 
Fig. 5.1.1. Two span continuous prestrcticd beam 
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ccccQtricity c. The intersection of the parabolas has to be rounded to 
a smooth transition curve without affecting the analysis. Sometimes 
the transition curve may be taken as a small parabola in which case 
three parabolas should be considered in the analysis. 



The problem is analysed by making the beam statically determinate 
by cutting it at the intermediate support and matching the com¬ 
patibility. 




(b) B, M. due to parabolic profile only 



(c) B. M, due to middle eccentricity 



(d) B. M. due to indeterminate reactions 
Fig. 5.2.2 : B. M. of separated sections due to prestresaing only 

Slopes at B ol spans 1 and 2 arc to be computed and matched to 
determine the indeterminate reactions. The slopes arc computed using 
tlic bending moment curt^es shown in fig. 5.2.2. 
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F.IA.-4(|L.Pg.)+|(lL.P.,) 

pr 

= -5--(gi + e) .. (5.2.1) 

Similarly 

PT 

.. (5.2.2) 

Where 

^B=slope of the beam at support B and the subscript 1 or 2 
indicates span I or 2 respectively. The superscript ‘o’ refers 
to prestressing only. Profile distance measured downward 
from C.G.C. is considered positive. 

Let 

0'B = Slope due lo statically indeterminate force 

Then 


EIS'bi- ILi M'b 1 

y .. (5.2.3) 

EIfl’B2~'^L2 M'b J 

I’hc condition of continuity is that the change of the slope to the right 
and left of the intermediate support should be zero i.e., 

+0*^82+■■ (5.2.4) 

.-. (Li+L2)+y[L, fe + g.)+L2 (e+g2)]=0 

or M 'b = - P +0 ..(5.2,5) 


Now R'a= 


M'b 

Lr 


P ( Ll gi + L, g; 

Li V L1+L2 


(5.2.6) 


Final moments due to prestressing force can be obtained by superposi¬ 
tion of the moments as shown in fig. 5.2.2. For example, the moment 
at support B is given by 


Mg— Pc-f“ 

“"=■’'-'■(-4^17^+') 

p/ Li gi+L, g, \ 

V Li+L, ) 


.. (5.2.7) 
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It is important to note that the bending moment at the intermedi¬ 
ate support due to prestressing force is independent of the eccentricity 
e at the support. It can be proved in general that in continuous 
beams, bending moment at an intermediate support due to prestressing 
force is independent of the eccentricity over the support but is governed 
by the maximum sag of the parabolas. Now it is clear that the tendon 
profile can be shifted, moving about the end points without affecting 
the bending moment at the intermediate support. For example, 
tendon profiles as shown in two cases of fig. 5.2.3 give the same moment 
at the intermediate support. Hence particular attention should be 
paid while fixing the sag. 



case I 



case 2 


Fig. 5.2.3 : Two tendon protilrs sliown in the above two figures give the 
same moincnt at B 


Let R'a = 0, then from eq. 5.2.6, 




hi Ki + Lg ga \ 

L^-f I-^ / 


(5.2,8) 


A concordant cable can be obtained by providing the eccentricity as 
given in cq. 5.2.8. 

Determination of shear forces ; Shear force in the span AB due to 
prestress is 


Vx-R'a + P Sin a^R'^-ri 


Where 



4giHr^c 

Li 


4gi X 

w 



V, 


L[ 


t.] Ki + L.2 Ka_ 


L, t L 




4gi + e 




'tgi+e- 
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= - Si (8x-3L,)+r.j (Li gj—4gi L,+8g,x)]j^^^j^^j-y 

^ _LT Si (8x- 3L,)+L„ (go-4g ,) ^ Bg, xLj I 

Li[ ■' I.;(I,, + L,)J 

.. (5.2.9) 

The design for shear force should be done based on the shear force as 
obtained above. 

The secondary moments can also be computed by considering the 
intensity of the radial force due to prestressing force. If the cable is 
f:)arabolic, the intensity of the radial force is (P d®y/dx^). The secondary 
moments are computed using this force, and illustrated in fig. 5.2.4. 
rhe method of load balancing technique is discussed later in which 
radial component force plays important role. 



y is meosured from CGC 
fa) Beam witli parabolic cable 



e_Pg, 


(b) Radial force due to P from which tlie arcondary 
momriits (M') could be computed 
Fig. 5.2.4 ; Beam wiili equivalent radial force 

5.3. ANALYSIS OF TWO SPAN CONTINUOUS BEAM WITH 
ECCENTRICITIES AT OUTER SUPPORTS : 1 or a cable profile 

having eccentricities at the end supports, the problem can be divided 
into two parts : (i) moment due to simple parabolic cable with zero 
eccentricities at outer supports plus (ii) moment due to straight cables 
with eccentricities at the end supports. The superposition of the two 
moments will give the resultant moment due to the cable profile. The 
slope compatibility can be obtained by considering the two parts 
separately. The moments are shown in fig. 5.3.1. 

Summing up the slope at B 

(p ‘f (V + (0”bi) t -f- (^“bz)c -f ('bi) “b (0 'Hz) = 

(gi + c) d-Lz +-^(eA Li + Cc (Li-f-Lj)=0 
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M'b=-P [Li(gi+e)+L 2 (g 2 + e)+y(eALi+ecL 3 )]/(Li+L 2 ).. ( 5 . 3 . 1 ) 


MB=M'B+Pe 

_ p Ligi~l~L2ga-Hi (cALi-t-CcL;) 

L 1 + L 2 

(independent of ‘e’) 

Mb _ P / L,gi+L;ga+ ^ (6^1.1 +Cc La) N 

L, - L. + La ) 

Similarly 

Mp _ P / Ligi +Lgggd-l (cAL^d-CoLg 
' La L;V' '■ I'.-l-L. 

R'„=R'a+R'. 

For concordant cable, set M'b = 0. So from eq. 5.3.1 
e - - [ Figi + p 2 g 2 “f 2 (^aLi + ^cFo) l/(^n'^L 2 ) 

Same procedure could be extended to three or more spans. 
However, relaxation at the supports leads to tedious calculations in 
solving simultaneous equations. Moment distribution procedure could 
be used to solve problems of higher indelcrniinacy. 


(5.3.2) 


(5.3.3) 

(5.3 4) 

(5.3.5) 







c 





^ PLi 
3 

(EieB2)p’^'-2^3) ( 02^) 





Je 1 0B^ 1 Li)^/3 

[EvISbZ ”^m'b LzyZ 



Mp" ■ P [L| gn- L g g 24 ^(env'-fiec‘- 2 i] 
L, ^ Lg 



^A- ^l [Li g I -»• L 2 

L-.i-Lg 


Fig. 5.3.1 : Continuous beam 

5.4. MOMENT DISTRIBUTION METHOD: The moment 
distribution procedure starts by fixing the section at the supports against 
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rotation and computing the fixed end moments. It is essential to 
calculate the fixed end moments due to prestressing force and distribute 
them in the same way as done for fixed end moments caused by 
external loads. Fig. 5.4,1 shows a fixed end beam with prestressing 
cable. The fixed end moments due to prestressing force arc computed 
from rotation compatibility at the supports. .\ll calculations arc shown 
in fig. 5.4.1. 

Summing up the slope at end A 

PL T 

[2g-h2eA + enH- ^ (2M\-hMV-0 i-c. for^A-O 


or 


P[2g+2e,,+e„] + (2M'A4-M'B)=‘> 

Similarly for 0q 

.. (5.4.1) 

P r2gH 2e„4-eAj + (M'A + 2M'„)=0 

The solution of the above two equations is 

. . f5.4.2) 

- P (f g4 e^) 

. . (5.4.3) 

M'n-- - P (i g + CR) 

Ma-Mo,, + M'a' Pca-P g + eA)- -1 Pg 

. , (5.4.4) 

M;,-M'’b+M'b-- -1 Pg 

.. (5.4.5) 

Me-Pg-I Pg = JPg 

. . (5.4.6) 


■0 

1 Sei-^ai- 

3 

£i%r ^ ['A.2*a) 
^ fa Mg) 

ZM'g) 



Fig. 5.4.1 : Bending moment in a fixed end beam due to preitrctsing force 
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It is interesting to note that the end moments are independent 
of the end eccentricities. The prestressing force P is negative, so 
and M,j are positive moments. (Same result can be obtained by 
considering the radial force.) 

For a concordant profile, M'a = M'b-= 0 that leads to 

.Tt R -■ (5.4.7) 

7 he fixed end moments due to various tendon profiles are given 
in table 3 (Appendix A). For more detailed fixed end bending 
moments the reader is referred to references (5.1) and (5.2). 

5 5 APPLICATION OF MOMENT DISTRIBUTION PROCE¬ 
DURE : An (‘xamplc of three span continuous beam Avith external loads 
is shown in fig. 5.5.1 alongwith bending moment diagram.? of individual 
spares in fixed end conditions. I’he moment distribution is given in table 
5.5.1. 1 lie snminatiori of momeuTs due to external loads and pre- 

strc.ssing force gives the moment that will exist in the beam. A con¬ 
cordant piolile ( fuild also be obtained by setting the secondary bending 
rnomenls due to the prestressing force ccpial to zero. The secondary 
inomenls aie obtained as the difference of the balanced moments and 
inornents chic to eccentricity. The design should be checked for the 
final moments, 


I i * t 1 1 1 r 1 



(a) Fixed end moments dnr to prrstrrssint? force 



(l>) Indeterminate moments due to prestressing force on continous beam (balanced) 



(c) Moments due to external loading 
Fig. 5.5.1 : Moment in three span continuous beam 
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( contii .) Table 5.5.1 : Moment distribution (die to external load) 
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Total 
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5 6 CONTINUOUS BEAMS WITH VARIABLE SECTION: In 

continuous beams, the magnitude of moment is comparatively large at 
intermediate supports, so efficiency of construction may be obtained by- 
increasing the thickness of the beam at the intermediate supports. The 
variable moment of inertia affects the distribution of moments in a con¬ 
tinuous beam. The cable profile ‘y’ is measured from the centroidal axis 
■md if it is to be a smooth curve, should follow the profile of the centroidal 
axis. As shown in fig. 5.6.1, the centroidal axis has a kink at a 
distance Lj so the cable profile should also have the same amount 
of kink. 



(h) Centroidal axis straightened 
Fig. 5.6.1 : Beam with varible thickness 



Fig. 5.6.2 : Example 5.6.1 

Example 5.6.1: Analysis of a haunch beam as shown in fig. .5.6.2. 

Solution of the problem by moment distribution procedure is 
shown in table 5.6.1. The stiffness and carry-over factors arc obtained 
from tables of haunch sections. The beam is symmetrical about the 
middle support so the moment distribution is done for one span only. 
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Mb—M'b-1 Pcb 

Mb (due to P) :— 0.169 (8 Pg) (vide table 5.6.1) 

MOg^PcB 

If a concordant cable is desired, then 
M'b-- Mh - M% -0.169 X 8Pg- Pcb = 0 
■ ' • = - ~ 0. ] 69 X 8g 

1 Aiii.E 5,f),l : Moment distribution —example 5.6.1. 


Joint 

A 

B 


Member 

AB 

BA 


C'arry over I'aclor 

0,7 

0.5 


Relative stilVncss 

4.4 

6.67 


Distribution factor 

1 

0.5 


Fixed end moment 

0.069 (8 Pg) 

-0.12 (8 Pg) 


due to P 




Balance 

-0.069 

0 


Ciarry over 

0 

-0.049 


Total B. M. 

0 

-0.169 (8 Pg) 


Fixed end moment 

0.069 wL* 

-0.12 wL2 


due to UDL 




Balance 

-0.069 

0 


Carry over 

0 

-0.049 


Total B. M. 

0 

-0.169 wL* 



Transfer condition (neglecting the dead load moments) : 

Mb==-0T69x8 Pg = -L352 Pg 
L. L. Condition; Mb = 1.352 Pg—0.169w L* 
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5 7 DESIGN OF STATICALLY INDETERMINATE SRTUC- 
TURES: In statically indeterminate structures, it is desirable to locale 
the cable zone based upon the zero tension on extreme fibres. The 
limiting curves of cable zone are described below: 


Let Mj = maximum bending moment at transfer condition 

Mj = maximum bending moment at effective working load 
condition 

kb = bottom kern distance = r^/yt 
kt = top kern distance = r*/y 5 
Considering the zero tension at top and bottom fibres 


^0 

T-‘(' 


1 Mivt 

cyt 

)>0 

^ Pt r® 

7 

I 

7] Ptr® ^ 

cyb' 
r® 

)>0 


(5.7.1.) 


(5.7.2) 


Eqs. 5.7.1 and 5.7.2 reduces to 



(5.7.3) 


Eqs. 5.7.3 and 5.7.4. could be shown diagramaiiciilly a.s in 
fig. 5.7.1, 



(a) Beam with limiting eccentricity zone 



(b) A small portion of the beam 
Fig. 5.7.1: Cable zone 

Having determined the cable zone as shown in fig. 5.7.1, the eccentrici¬ 
ties may be adjusted as discussed in the previous section so that 
there arc no secondary moments. 

This procedure calls for (i) selection of section, (ii) assumption ol r\ 
and (iii) value of Pt calculated from the variation between the maximum 
and minimum bending moment and the kern distance available to 
accommodate it. 
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Let the maximum variation between Mj and M 2 =(M 2 —Mi)niax 

then, (5 7 5^ 

+ 

Typical cable profiles for statically indeterminate structures are shown 
in figs. 5.7.2 to 5.7.4. For more detailed continuity connections, the 
reader is referred to references (5.3) and (5.4). 



Pr«fltr»55ioo TBOcJon c G C 



^ Prwjtresaing tendon 




Fig. 5.7.2 : Typical profiles in continuous beams 


5.8« LOAD BALANCING NILTHOD : Analysis and design of 
continuous beams is very much simplified by load balancing method. 
If the external load on each span is balanced by the prestressing force of 
the span, then the stress at any point in the beam is P/A. However, 
the external load is not constant in most of the problems, so the com¬ 
plete balancing of external load for all conditions of loading is not 
possible. A partial balancing has to be done deriving the maximum 
benefit out of this method. The procedure is best illustrated by the 
following example. 
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1 


N;.■^. 


Jant^ j 


j Tendons 

D 

i ' > i 

Precost elements 1 

1 u 


(•) 



Fig. 5.7.3 ; Continuous beams of precast clemcnU 



f- rocas: or c.i.P 
beams 




Prortn^ior.ea . Os^er lapping r enf orcr-mani 

‘ Pr»ca*r or slops 


(a) 



— post !en*K?r.»a lendon cc^'inLiou 


-PfecoiT b«omt ^ " Supplem.PTry . 

^ rrtnrorc»m«nT i i 


L_) 



Fig. 5.7.4: Various types of continuous prestregsed slabs 
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Design example 5.8 1: Design of a post-tensioned two span con¬ 
tinuous beam of 30 m each span and subjected to an external load of 
2000 kg/m over the entire beam for loads not likely to increase. 


20O0ka /m. 


T 

h 



-j_i_t i _L__ 1 _I_t t * * 

TK-n-IT 

-3000----30 00-»-j 


(a) 


Fig. 5.8.1 : Example 5.0.1 

Given data: f'c = 430 kg/sq cm, 1'^—15000 kg/sq cm 
Design procedure : 

(a) Select h—L/25= 1.20 m 

Let the self weight —1000 kg/ia 

(b) Load conditions are self weight of 1000 kg/in at transfer and total 
weight of 3000 kg/m at working. 

Select a balancing load of 1800 kg/rn at working condition, 
unbalance load at working=1200 kg/m 

(c) Gable profile: Ma.ximum sag in a cable gives maximum efficiency 
with minimum steel requirements. Let 20 cm cover be assumed 
both at top and bottom flanges of the beam which would provide a 
maximum sag of about 50 cm. The actual maximum sag will be 
slightly greater than 50 cm and will be about 14 m from support. 
An approximation of maximum sag of 50 cm at mid-span is 
assumed. 


Load balancing equation is given by 


Wbo 


8 Peg 
^ L* 


1800x900 

"^0.5b~ 


= 405000 kg 


Let favo= 100 kg/cm“ 

Then 

l»ve 

= 4050 sq cm 
Let the area, A = 4000 sq cm 
and Pe = 400000 kg 
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Self weight Wg=2400x0.4=960 kg/m (Vs 1000 


— 


Pe 

A 


400,000 

4000 


= 100 kg/sq cm 


kg/m as,sumcd) 


(d) Transfer condition: 

Let t|=0.82 

Load balanced at translei = 1800/0.82 =2200 kg/m. 

Load that is not balanced = (—2200-|-960)= —1240 kg/rn. 
rhe load that is not balanced is the cfTectivc load on the beam. lienee 
the bending moments for the continuous beam should be computed 
based on this effective load. 

At transfer, maximum +ve bending moment ‘Mbt’ occurs at support, 
and it is 


Mbt = — (wg —Wb) 


(»)= 


139500 kgm 


Maximum —ve bending moment Md occurs near point D, and it is 
Md=(wg—wi,) LV16=—69750 kgm 
Stresses at support (transfer condition) : 

Pi 487700 


A 4000 

Pt , Mbtyh 
A ^ I 


= 121.9 kg/sq cm 


A 


Mbt { ^ 

Ah 




Let p = 0.165, A-^IO 
Then 

fe.= 121.9 <(l/0,33) = 121.9-f-87.B 

- 209.7 kg/sq cm 


Cct = 


^ (permissible) 


fti = — 121.94-87.8 = —34.1 (permissible) 
Stresses at mid section (at transfer); 

87.8 


rtt= - 121.9 -I-- 


88.0 kg/sq cm (permissible) 


fct=121.9 + 


87.8 


= 165.8 kg/sq cm (permissible) 


2 
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(c) Working load condition: The load that is not balanced at 
working load is 1200 kg/m. The stresses due to bending can be com¬ 
puted in proportion to the unbalanced loads. The load that is not 
balanced at working load is (1200/1480) times at transfer. 


Stresses at support; 

_ Pe _ 400,000 

lave- ^ 


—100 kg/sq cm 




XB7.R 


= — 100-f 7 1 — — 29 kg/sq cm (permissible) 

100 +71 171 kg/sq cm 

Cco= 17 1/450 = 0.38 (marginal over stress) 

Stresses at mid section (D); 

ft£=--100-T- =—04.5 kg/sq cm (permissible) 


fee = 100 + 35.5 = 135.5 kg/sq cm (permissible) 

(T) Selection of section : 

The given quantities arc 

A = l, P —0.165, A = 4000 sq cm, h --120 cm, 

Pt = 487700 kg, wi=2000 kg/m, Pg = 15000 kg/sq cm 
riie sectional properties for 

A =1.0, p = 0.1660, the coeflicients are 
c, = l, Cw = 0.08, ct = 0.08, Cb^O.08 
Ca = 0.2272, Ci = 0.0379 


CBbth = A = 4000 sq cm 
. , 4000 .... 

bw=0.08x 142 = 11.36 cm 


Cb = 40 cm 
C(i = 30 cm 


g = 50 cm 

^ Pi 487700 ^ 

^«^iy;7Tg- 10500 =^6.4sqcm 


tt=-0,08x 120 = 9.6 — 10 cm 
tb = 0.08x 120—10 cm 


Note :—It is to be noted that since the stresses at support govern the 
section, it may be desirable to increase the height of the beam 
at support to 125 cm and then check for stress. 
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Problems 

j. J JJetermine the 5econdary moments developed in the prestressed 
concrete beam shown in fig. 5.1. of square section. 



Fig. 5.1 


5 2 A three span continuous beam of equal spans is subjected to a 
uniformly distributed load. Determine a cable profile which will 
not cause any secondary moments. 

5.3 A two span continuous beam of 20 m each span, fixed at one end 
and simply supported at the other end is subjected to a uniformly 
distributed load of 1600 kg/in. Design the beam as a pre-tensioned 
concrete structure with 450 kg/sq cm concrete. 
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MISCELLANEOUS STRUCTURAL MEMBERS 


6.1. INTRODUCTION : Several structural elements or simple mem¬ 
bers such as columns, piles, tie rods for arches, tension elements, retain¬ 
ing walls, portal and building frame members are being designed and 
constructed in prestressed concrete. Recent trends in prefabricated 
construction have opened several areas of structural elements being made 
by prestressed concrete (6.1 to 6.6). riiis chapter discusses simple 
structures and structural members of prestressed concrete construction. 
Members arc classified into two major groups : (i) members essentially 
subjected to cr)tnpressivc forces, and (ii) members subjected to tensile 
forces. 

6.2. COMPRESSION MEMBERS: Ihe prestressing concept was 
originally develop^:! to take care ol the low tensile capacity of concrete. 
So prestre.ssing a concrete compression member appears to be redundant 
and superlluous. However, most of the compressive members like 
columns and piles arc subjected to handling and combined axial and 
bending loice. fhe prefabricated columns are subjected to bending 
stresses during transportation and erection. For these reasons, it has 
been Ibiind necessary to use reinforcement to take care of secondary 
stresses. Picstrcssing a compressive member subjected to handling or 
bending momc'iits results in using less steel with higlier elliciency. 

(1) Prestressed concrete columns subjected to combined bending 
and axial force : (iOnsider a column subjected to axial and bending 
moment as shown in lig. 6.2.1. There are two conditions of loading ; 

(i) transh 1 condition and (ii) working load condition. 


F 



4 M 

F 


Fig. 6,2.1 ; Column under external forces 
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Let F = axial force 

M = bending moment (assumed to be small) 

Assuming the same notations as discussed in the previous chapters, the 
stresses at the two load conditions may be written as follows : 

( i) At transfer condition {assuming axial prestress force) : 

fnt = Ft — fatAa (6.2.1) 

where Ac =area of the column 


(ii) At working load condition : The member is subjected to compressive 
ibree. In addition to the losses of prestress with time, there will be a 
further loss of prestress due to elastic shortening caused by the external 
loads (in case of beams, there is a gain in prestress due to external loads). 
('Considering the failure condition, the compressive strain in the column 
at the time of failure will be in the order of 0.003. If the effective 
prestress strain in steel is about 0.004, then the effective prestress strain 
at ultimate load is about 0.001. This illustrates that most of the prest¬ 
ressing force is released when the ultimate load on the column is reached, 
thus the ultimate strength of the column is not much affected by the 
precompression. 

Let the compressive force dominate at working load conditions ; 
then the approximate strain in steel is given b\ 


_ F 

— ^He— 

P= (€sEm) Ah 


— Pe — pnF = 7]Pt - pnF 
where p —Ag/Ao (reinlbrcerncnt ratio) 
n^Eg/Ec (modular ratio) 
Compressive stress is given by 


F My 

‘■^An I 


( 6 . 2 . 2 ) 


Where D = total depth of the section 
On substituting the value of P in cq. 6.2.3 

__Ft pnF , F , MD 

Ac ' Ac” Ac 21 

_ pnF F ME 


pnF F MD 

a;+-2T- 



102 


Prestressed Concrete Structures 


F MD 

= + -■?«)+-21 •• (^■ 2 -'^) 

Eqs. 6.2.1 and 6.2.3 are the governing equations from which the column 
design is to be determined. Here the known quantities are F and M. 
while stresses fpt, fee) iriay he selected either from code or economi¬ 
cal considerations. Value of i] is to be assumed which, if necessary, 
could be checked after completion of the design. So only three quanti¬ 
ties (Ak, Ap, shape and size of the section) are to be determined. 

From eq. 6.2.1, the percentage of steel is given by 

p=(f,t/f«t) .. (6.2.5) 

F/([. 6.2-4 may be modified for rectangular section as 

U = p + (l-pn)+ ^ 

-pnlHt-l- (^ 1 — pn ^ 

As.suniing tlu^ value of depth 1) is given by otlier considerations, the 
area of the .section is given by 


A,.-- 


pn i- 


6 M 

1-D 


(!(.». pq f^t) 


(6.2.7) 


All the quantitic.s on the right hand .side of the above equation are 
known, so the area of the concrete section could be obtained. 

Allowable .stress in steel at transfer is usually taken as 0.7 f'g. Pre- 
compression is mainly for the secondary stresses so it may be taken in 
the range of 0.05 f\. to 0.2 f'c. Allowable compressive force under 
working load may be taken in the range of 0.40 to 0.50 f'e depending 
u])on the utility of the member. 


Example 6.2.1 : T^csign of a prestressed concrete column of 5 metres 
high for a combined, axial force of 50,000 kg and bending moment of 
100,000 kg cm. 

(a) Selection of stresses : 


Let f'p = 450 kg/sq cm 

f'ft = 15000 kg/sq cm 

6,1 = 0.7 Fs = 10500 kg/sq cm 


fpi — 21 kg/sq cm 

fee = 0.4 f'e =180 kg/sq cm 

(b) Selection of section : Let a rectangular section of depth 25 cm be 
assumed, i.c,, D = 25 cm 

(c) Calculation of areas : 


P=-r- = 


f«i 


21 


10500 
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Es 2.1 xl0« 

Ec 3.82x10“ 


Let T]= 0.8, then from eq. 8.2.7 
5.5 


50000 1 


A,= 


500 


< moqoo \ 
5oooox^ry 




--=--50000^ 


1.489 

183 


t89 \ _ 

3:2 j- 


500 


449 sq cm 


I^et breadth of the section be = B, then B ^ A^/D 

r. 449 

B = 7-^— = 18 cm 
23 


Ag 0.002 449 - 0.89 sq cm and 

Pt - Agfsf - 9450 kg 



(Five vvirr'v off) inm dia) 

Fig. 5.2.2 : Section of the column 


Example 6.2.2 : Design a column subjected to an eccentric load of 
50000 kg acting at 2 cm eccentric with the column axis and delermine 
the factor of safety. 

Solution : The eccentric loading could be separated into axial force 
and bending moment as 

F ^ 50,000 kg, and M - 100,000 kg cm 
Adopt the same section as designed in the example 6.2.1. 

Let f'c = 450 kg/.sq cm, — 0.003 

Determination of ultimate load capacity : As the stress-strain curve 
upto the crushing of concrete is not linear, eq. 6.2.7 cannot be used 
directly. Eq. 6.2.3 is general and the same can be used here. 


€86 = 0.8 x 


€c« — 


AcC 


10500 

0.80 X 9450 


477 X 3.82 X 105 


=0.000042 


P — Agfg — AgEg €g — AgEg (fse €u €ce) 

= 0.89 X 2.1 x 10* X (0,004 - 0.003 + 0.000042) 
= 1790 kg 
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Now 


0.64 r, 


-(a.+ £+ a!d) 


Where 0.64 1is the ultimate compressive stress of concrete prism. 

1790 


Wi+*M 

Ac ^ D y 


28f!- 


449 


449 V 2 

F„ ^ (288- 4) -- 06000 kg 


Factor of safety — 



R6000 _ 
50000 ~ 


[Note :—It could be observed from this example that cfl'ective compres¬ 
sion due to prestressing force at the ultimate load is 4 kg/sq cm) 

Ultimate load for a column without prestress : 


Fuu^l 

/ 288 > 
288-4,^ 

1 86000 = 87200 

I'ult 

87200 

1.744 

i' 

50000 ■ 


The factor of safety of a non-precompressed column is 1.744 against 1.72 
of a precompressed column. It shows that the factor of safety is not 
much affected by prccomprcssing the column. This is more or less 
true in most cases. Therefore it is desirable to use prestressed columns 
when it is expected that the column will be subjected to bending 
moments cither during working or handling conditions. 

(2) Typical column subjected to different conditions : Axial pre- 
stressing force is applied in case of a column subjected to small bending 
moments. A more effective prestressing could be obtained by providing 
.some eccentricity to the prestressing cable if the bending moment is 
constant. Similarly in case of columns subjected to handling, if the 
exact handling is specified, it is possible to select a cable prohlc which 
w ould be more effective. In most cases of handling and transportation, 
the members are subjected to random handling so it is always desirable 
to introduce axial prestressing instead of eccentric prestressing. Typical 
possible cable profiles of column arc shown in fig. 6.2.3. 

Columns subjected to large eccentric loads have to be designed as 
beam columns. The deformation of the axis of the column may be 
included while computing the bending moment. 
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(a) Column under eccentric load 



(b) Column handled with two pickup points 



(c) Column handled with one pickup point 
Fig. 6.2.3 : Typical cable profiles of precast columns 

(3) Prestressed concrete piles: Piles are usually ca.st and cured in 
the factory and then transported to the site. Such piles are subjected 
to four load conditions; (i) transfer of prestress, (ii) transportation, 
(iii) driving, and (iv) service. Out of these four conditions, the transfer 
condition is not a dominant condition. The piles arc likely to be 
subjected to tensile stresses during transpK)rtation and driving conditions. 
It is hard to obtain a true vertical position of the pile during driving. 
Any small tilting of the pile during the driving operation will result 
in undesirable stresses. So the allowable stresses during service 
conditions are taken low. Special precautions have to be taken at the 
top of the pile where pile cap and driving force come into contact. 
Foundation piles cannot be cast in long lengths because of transporta- 
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tion problems ; in such cases suitable joints have to be designed. Sheet 
piles arc also made of prestressed concrete construction which are 
precompressed axially. If post-tensioning is done, the ducts must be 
grouted before driving (6.7, 6.Bj. 

(i) Prestressed concrete poles and towers : Prestressed concrete 
poles are gaining their use as transmission poles and towers. The 
transmission poles arc generally cast at factory and supplied to the 
site. The design of poles is simple but the main problem is their 
transportation. .Since the length of poles that could be transported is 
very much restricted, the long poles are cast in small lengths and assembled 
at site. The (onnections have to be designed using simple slices, 

extension pieces or additional reinforcements. Long prestressed 
concrete poles arc used for radio and other eoininimication towers (6.9). 
(5) Prestressed concrete piers and abutments: Piers and abut- 
ineiUs arc j)res(i f.sscil lor two reasons. Picstressing is used as a means 

r>r anchoring ih(' pier to bed rock, and in some cases, if the bending 

inoinent due hi water or soil pressure is large, the piers are prestressed 
against an\ j)ossible tension. During the worst cases of bending 
moments, il the |)iris are subjected to vibrations due to mox'ing loads, 
the piers ate likel) to crack. The prestressing force not only stop.s 

crarkiirg but also reduces deformations. In most cases of prestressed 
piers, the prc^strc■ssing is relatively nominal. 

6 3 TENSION MEMBERS: If a member is subjected to tensile 
forces only, it appears su]>erduous to use any concrete construction 
because the tensile resistance of concrete is negligible. Even though the 
steel takes all the tension force, a prestressed concrete construction for 
tension member has distinct advantage of small deformations. Except 
for a small variety of tension members, most members requires rigidity. 
For example, tic rods of arches and ring beams of water tanks require 
rigidity in addition to strength. 

(1) Tie members: Analysis and design of direct tension member 
is very simple and the governing equations for design can be written by 
considering the transfci and service load conditions. 


Let 

Then 


F—direct tension force to be carried by the member 


Pi 

-^8 Ist 

— n f 4 

■ Ae 

Ac 

— P tst 

P 

F 

(P-F) 

Ac 

Ac 

Ac 


(6.3.1) 


Where 


(w> 


(6.3.2) 
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(6/3.3) 

(6.3.4) 


(6.3.5) 

--■HP fat— (1 -np) .. (ii.3 6) 

.•\f 

Allowable stresses: 6^^ could be taken as high as 0.5 I'(. as the ineml)er 
\vill be relieved of the compression as .soon as the external loads act. 
In service load conditions, allowable stress of coiicrcie may be taken 
as practically equal to zero. T’o have a good serviceability, the member 
may be designed to have small compression even at ^vorklng load 
condition. The value of fpo may be taken in the range of 0.1 f'c to 0, 
The stress in si eel at working load condition should also be checked. 

Example 6.3.1 : Design a tie member of 20 m length subjected to 
40000 kg axial tension and determine the factor ol .safety. 

Assume : 

rc=450 kg/.sq cm 
Ct.i=0.48, C(.e = 0.1 

fpp = 0.1 X 450 = 45 kg/sq cm 
1 5000 kg/sq cm 
4t = 0.6 ra = 9000 kg/sq cm 
t|=0.85 
n = 5.5 



= (Pc + pnF) 


Ei^s. 6.3.3 and 6.2.2 are similar, except for change in sign 
fee "---^(■'1 Pi + P n F—F) 

Ac 

= P,-F(l-np)J 


and f3 = (^ n ^81 + -^ 



Ac — 


F (1-np) 
n P trt— 


or 
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then 


40000 (1-5.5x0.024) 
0.85 x0.024x9000 45 


= 251 sq cm 


Using 16 X 16 cm tic rod section, Ao=256 sq cm 
Ag = 256 X 0.024 -G. 14 sq cm 
Pt-6.14 x 9000 = 55260 kg 

Calculation of factor of safety ; cracking load—Let ultimate tensile stress 
of concrete = 40 kg/sq cm and ultimate tensile strain = 0.00015. 

At cracking load 


If F, 


or 


/ 0.85x9000 ^ q }\ 
2.1x10“ ' A, Ep 


+ 0.00015 


) 


= (0.00364 + 0.00057+0.00015) =0.00436 
fy^.-0.00436 X 2.1 X 10“ = 9156 kg/sq cm 
load at cracking, then equilibrium condition at craking gives 


-40.- (<)ir)r)X(i.i4 .Fc) 

F,,= 10240 ! 502la = 66458 kg 


Factor of safety at cracking - 


Vr 

F 


66458 

40000 


= 1.66 


Total elongation at cracking load = (0.00057 + 0.00015) X 2000 

= 1.44 cm 


It only high tensile steel is used instead of prestressed concrete tie, the 
elongation at the cracking load is 


= 10.3 cm 


FpL ti645H X 2000 
AeEg 1.14 - 2.1 X 10“ 

Oefonnation of steel tic-bar at a load of 66458 kg is as high as 10.3 
cm and will affect the arch, whereas the deformation of a prestressed 
concrete tie-bar is 1.44 cm for the same load. 


The effect of concrcic is lost as soon as the cracking takes place and 
then all the load is to be taken by steel. 


Fuu -f'sA^ 15000x6.14 = 92100 kg 


I’actcM' of safety = 


92100 

40000 


= 2.303 


The factor of safety is not alTcctcd by providing the concrete. 


(2) Prcfitressed concrete ring l>eams and idrcalar tanks : Ring 
beams arc used in domes, water tanks and in similar constructions. 
These ring bean-is are subjected to tensile forces caused by radial 
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pressure. Similarly, circular tanks arc also subjected to radial pressures 
which cause hoop tensions in the tank walls. If P is the prestressing 
force, then the radial component is given by 

d^V P 

P V o = , where R is the radius, 

dx* R 

Most of the load is taken by the steel and the concrete acts like a 
a stiffener with impervious medium. The relation between the hoop 
force and the radial pressure could be obtained from simple statics as 
shown in fig. 6.3.1. There are two conditions of loading and the 
governing equation can be written directly for the two conditions. 



(a) Transl’cr cundilion : Prestress could be replaced by equivalent 
radial coinponml P,/R. 




.. ( 6 . 3 . 10 ) 
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or 


fee — 


(“H Pt+pnwR) —wR 

... Ac 

7] Pt—wR (1 —pn) 


An =— 


r| Pt—wR (1 —pn) 
lee 


(6.3.11) 


The above expressions arc exactly similar to the expressions derived 
in the previous section. Eq. 6.3.11 can also be written as 


Ac- 


wR (1 —pn) 

■n P I'hi Ire 


(6.3.12) 


Allowable stresses : fyt iiJ taken in the range of 0.6 Py to 0.7f'y. The 
value of f t could be taken from 0.4 f'e to 0.5 f f.. In case of circular 
tanks, no cracking should be allowed. Hence the stress at w orking load 
condition should be in the range of O.lOPc- The value of r\ will also 
be low because of losses due to shrinkage and creep will be high since 
structure will be under wet and dry conditions. 


Example 6.3.2: Design of a free edge water tank of 20 metre radius 
to store 5 metre head of water. 


Assume: 


Solution : 


f'f. ~ 450 kg/sq cm, f's—15000 kg/sq cm 
fst — 0.7 f's -- 10500 kg/sq cm 
r,t = 0.5 Pe, fce=0.l P, 
r\ = 0.8, n-5.5 



0.5x450 
0.7 X 15000 


--- 0.021 


(1—pn) 

q p fyt -Ce 

7 h—(0.001 X 500) kg/sq cm 
. (0.001 x500) X2000 (1 - 0.1 16) 

■ ^ ■ 0.8 X OM 1 X 10500^0 


10.2 sq cm 


Considering I cm height, the thickness is 
te = Ac/1 —10.2 cm 
Afi - 0.021 X 10.2 = 0.2142 sq cm 

The pressure of the water reduces to zero at the top of the tank. 
Keeping the thickness of the wall almost constant, the percentage of 
steel could be reduced practically to zero at the top of the wall. A 
nominal steel of 0.1 % is kept at the top. Use 5 mm wires at 9 mm 
centre to centre at the bottom and 40 mm centre to centre at the top of 
the wall. 
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90mrT) 



Fig. 6.3.2 : Section of vertical wall of the water tank 

Ft - 0.218 X 10500 = 2289 kg 

Cracking load and factor of sal'ety at cracking: Let tension crack 
occur at 0.00015 strain and 40 kg/sq cm stress of concrete. 

At cracking load 

^8 = tsc"!" 


Now 

or 


0.8x 10500 2289 

' 1 1 X 10» 10.2 X 3.82 x To’^ 


-f 0.00015 


= 0.004 -f 0.00059 I-0.00015 = 0.00474 

P = Eb^s.A3-0.0047Ix0.218x2.1 x 10'' 

- 2170 kg 

fee = (P-WeR)/Ac 

(2l70^2000we) 

10.2 


or We= 1.289 kg/sq cm 

Factor of safety at cracking= ^^^— = 2.58 

Factor of safety at zero stress in concrete: 

2170 


2000x0.5 


-2.17 
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This example gives only an approximate design. 

(3) Circular tanks with hxed base; Previous section deals with 
circular tanks having bottoms which can translate freely. This type of 
boundary condition does not exist in reality. Most of the tanks have 
fixed or hinged bases. The effect of clamping at the base gives practi¬ 
cally zero hoop stress and maximum negative bending moment at the 
base. A typical bending moment and hoop forces in circular tanks are 
shown in fig. 6.3.3. Vertical prestressing force should be provided to com¬ 
pensate the bending moment. Bending moments and hoop stresses should 
be worked out for any particular tank and the necessary prestressing 
force be applied. An elastic analysis of these cylindrical tanks can be 
used for the design purposes and is discussed in chapter XI. 



ri^. 6.3.-1 : Hoop force in fixed and hinged bases 


(4) Prestressed concrete pipes; Prestressed concrete pipes have 
become very popular because of the built in factor of safety during 
handling as well as service conditions. There is also an ease in manu¬ 
facturing the pipes. Construction and transportation problems are 
major ones when compared to design of the pipes themselves (6.10). 


6 4 PRESTRESSED CONCRETE PAVEMENTS: (1) Roads and 
Runways : Roads and runways hav c thin slabs which are generally 
treated a.s plates on clastic foundation. The working load stresses are 
not very high in most cases. Fhe thickness of the slab is very small as 
compared to the length. Secondary effects due to temperature and 
shrinkage arc considerable. The prestressing cables arc generally put 
at the bottom of the slab with sufficient cover and the prestressing is 
done in the longitudinal direction with ordinary or prestressing steel in 
the transverse directions. Special precautions have to be taken at the 
ends of the slab against warping. The expansion and contraction of 
the pavements is very much reduced by prcstrc&sing force. 

Prestressed concrete construction is also used for revetments 
of canals. Precast units to suit the profile of canal arc manufactured 
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in factory, transported and then placed in position. Cast in site concrete 
is more expensive because of the form-work involved along the canal 
whereas small precast units could very well be used with sufficient care 
at the joints. Construction and expansion joints call for attention in 
this problem (6.11 to G.15). 

(2) Prestressed concrete sleepers: Prestressed concrete sleepers 
are made in mass scale and are used on the rail roads. As the train 
loads arc fixed, the design is done once for a particular track. The 
great advantage of prestressed sleepers is their high resilience with small 
deformation. 

Problems 

6.1 A bridge pier i.s to carry an axial load of 400,000 kg with a 
horizontal pressure of 1000 kg/in for a height of 4 m from the 
base of the pier. The height of the pier is 8 m above foundation. 
Design a prestressed concrete pier with 400 kg/sq cm concrete. 

6.2 A cylindrical barrel pipe line of 2 m diameter is to carry water 
at a pressure of 30 kg/sq cm. Design a prestressed concrete pipe 
wdth a factor of safety of 3. At working load condition, the pipe 
should be at 20 kg/sq cm hoop compressive stress. Use M450 
concrete. 

0.3 Design a tie-bar member of a tied arcli, in which the tie is 
subjected to an axial force of 100,000 kg. Adopt 450 kg/sq cm 
concrete without cracking at working load and 200 kg/sq cm 
compressive stress at transfer condition. Also determine the factor 
of safety for this member. 



CHAPTER VII 


Di:i’Lr:ci ION of 

PRESIRlvSSFI) CONCRiyFK BEAMS 


7.1. INTRODUCTION: ( luitiplrlc load dcfoi ination characteristic 
uplo fallui'c of a prrstrcsM-d cimk rclr huaiM is desirahli* in sonic sit nations 
but not s’cry essential tor inr)st practical problenis. It is desirable to 
( hr( k t he dclle( fimis f)l ,1 St] IK ture at least ujito workini^ load condi- 
litjus. Ill ( as(' ol prestressed ( oncrele iK-arns, it is possible to ( aleulatc 
th(‘ didlcctions uith Ku-jd aci uraey u[)io aorkiiif^ load since the conc'rete 
tlocs not ( 1 a( k in working; load (.onditious. klie basic assumptions 
usi'd in elasiie beam ih''o!\ will hold ^ood (oi prestressed concrete 
beams. Conco te ( oiild he eonsithaed .is a lK»mn;j;eneo\is and isotopic 

niiileiial esen thouLth theta' is homid to he some amount of non- 

hoTiKi^eneity in tlu'. material. I hat phiiK* seeli ais normal to the axis ol 
die beam i emailu ])lanc I'ven alter hendinj^ is a ^ouiul assumption 
applicable to prestressed eoiu rele Ixxims, I'he stress-strain lelation is 
assumed to he linear in the sim[)le beam iheoiy w liei cas the stress-strain 
relation in eoncrele is inU alisoliitely linear, d'be ellei t of aiiproxirna- 
lion ol lineal i/.i\tion ol' the stress-strain in eoiu rete ( ould be lari^c il 
the stress level mulin' iiu'cslration is k'or low st^c^s, the* lineari¬ 

zation dot's not iiialU'r \ei\ iiiiu li, 1 lie modulus ol chisticity of 
coiuii'tc has to be eslimaled actnialeh to !:^ei L;riod results on 
delbrmatitms. J’be lelalion between the \ oung’s modulus and the 

cube strength has been investigated and a reasonable basis i^ set up 

between these Ivm* properties. 

7 2 DEFLECTIONS BASED ON LOAD BALANCING METHOD: 

RejilaceiiunU of [iiestress lorec iiitt'* a slatit ally equivalent system of 
fort cs was discussed in eliapter 1. I be transverse and horizontal 
coinpouenls prc.^lrcss force can be i onsidered independently as 
external loads and coupled with self weight and super imposed loads. 
The method of calculation of stresses in j^u estressed concrete beam based 
on load balancing terhni(|uc was discussed in eha]:)tcr T. The deflection 
theory can be developed exactly in the same wav as the bending theory, 
1 his method dt^es not call for further develoj>nient of separate set of 
c.xprcssions associated with prestressed concrcu' beams ; the dencction 
equation of elastic beam columns could be used in the dcllection theory 
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of prcstiesscd concrete beam. Theory and procedure ol deflection 
predictions arc iilustiated through examples. 

Example 7.2.1: Dcicrinine maximum deflection at transfer and at 
working load conditions of a prestressed concrete beam as shown in 
fig. 7.2.1 subjec ted to a load of 5000 kg/m. 


T'_ 


I-i-. 



7,:f. I : I'xainpir 7.2.1 


S-ilutun: PresLressed concrete beam at transfer and working conditions 
Ml ly be represented as a statically equivalent .system like that shown in 
tig. 7.2.2. 'Idle two conditions may he tiealed as lic'ani eohimn 
piobleins; luaxinunn dclha iion ('jukl l)c predicted irsing beam column 
loi Ill’ll i. An approxiiiiair ncixiinum deflection equation for beam 
( nliiniii may be given a.s 





i7.2.1) 


Where 


\,, maximum detlec tion ot'a siinj^le l^earn with same transverse 
loading 

yma\ - maximum dcllcction fur a beam column 
« ^ P/lA, 

Where P -- axial load and P| - Euler’s buckling hrid 





^ - - - - - -- . f 5 cosfl = Z^OQOO Kg 



p / 'C ' Q V 

ILqiiivalcnt beam column at iiansfer condition 


■‘"j 



Fig. 7.2.2 ; Equivalent beam column at working load 
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Deflection at transfer condition : 

Let Ec = 4 X 10® kg/sq cm 

where 

VV’bt transverse force at rnid span 


VV,t 

48 E I "" 


-0.5 


Pt 240,000 

IV "" -II»E1/L“ 


ymftx — 




Deflection at working load: 
Let 1] 0.85 then 


Pe 

15. 


0.0255 


0.03 

0.515 cm (upward) 


5wbe L^ / 1 \ 

' 384 Ei 1 - a ) 

0.090 cm 


WbpL'Y 1 \ 

48 El \ \-a ) 


i'hc deflection calculation at working load condition includes loss of 
prestress due to various reasons. It can be observed that the actual 
dellcction at working load condition is very small as compared to the 
dcllection of a reinforced concrete beam under the same conditions of 
loading. 


Example 7.2.2: A pi estressed concrete beam as shown in fig. 7.2.3 
is provided with a parabolic cable profile. Determine the deflections 
at transler and working load conditions with a working load of 5000 
kg/m. 


30 ^ 

> 

8 0 
i 

- eoo - ^ 

Fig. 7.2.3 




(Lx-x2) 


dx 


4e 

JJ 


(L-2x) 


dy _ 4e _ 1 

dx J X=0 - T7 = To 


Solution: A statically equivalent prestressed beam is shown in 
lig. 7.2.4. 
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2400Q 

t ir -r- r - T 

_ - 6000 kg/m _, 


|y-2400Okg 

C0 5p =2 40,000 


(a) Statically equivalent hram at transfer conditio 




50CX3 kg/ m 

_i_ I k k k _L_ 


~f—♦ r t ~~r 

■^*6000 kg/m 


24000 
^ nPi 


(h) Statically cquivalrni beam at working load 
FiK- 7.2.4 


Deflection at transfer condition: 


Let 


Ef. — 4 X 10^ kg/sq cm, then 


a — 


Pt 

Pf. 


0.03 


_ 5wbtL4/ 1 \ 

ymax - 33^ pj ^ , j 

Where Wbt - 6000 kg/m (intensity of transverse load) 
Ymax = —0.644 cm 
Deflection at working condition : 

Let ti = 0.85, then 

a = ^ 0.0255 

r E 


Effective transverse load at working condition is Wbe = (wi — Wht "H) 
(5000-6000 n) = - 100 kg/m 


5wbe L^ 
'WfEV 



-0.0106 


In this example, the balancing load is more than the working load so 
the deflection is always upwards. The upward deflection due to the 
prestressing force is sometimes called camber.,,.^ 


7.3. EFFECT OF CAMBER s In general, the deflection caused due 
to prestressing force is opposite to that caused by external loads. This 
type of deformation gives two distinct advantages; (i) Deformations 

at working load conditions arc very much reduced ; and (ii) stability 
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and tlie resistance of the strii< (ure is improved. The negative curvature 
of a structure gives a structural form vvhi('h withstands external loads 
more efficiently. In addition to the two distinct advantages already 
mentioned, the .structure is likely to gain in architectural appearance. 
Long span bridge and shell structures of ordinary construcrion will 
liave large deformations at working load. Hence the prestressing cable 
can also be used ir) giv mch derormations w hich will give better 
appealan( c.s. Structures with large nverhaugings will derive greater 
architectural and structural stability from j)roper pi estressing. In light 
stnu tm es crei'p deflection could become a problem, so camber should 
also be restrieted to about L/'lOtf. 

Problems 

7.1 A ( autilcv'cr beam ol s|)an 4 m is subjected to a unifbrinly 
distributed load of l()0()kg/rn. 1 he beam is designed with 400 

kg/scj (on ccuicreic. If it is desirable to keep the beam in horizon¬ 
tal position at I he woi kiiig load, design the cross sef'lion, shov'k'ing 
the pre.stre.ssing force and profile. 

7.‘7 Determine llu* deflections at transfer and working loads of the 
50 in span beam ilis( nssed in ( haplei III. 



CHAPTER VIII 


Fr.EXURAT. UI/riMATE STRENGTH 
AND ULTIMA ! i: LOAD DESIGN OF 
PRESTRESSED CONCRETE BEAMS 

8.1. INTRODUCTION : Jlic study of ultimate strength of prcstresscd 
concrete construction is very important due to the nature of .sticss- 
strain characteristics of the materials used and permissible stresses in 
the cnnslruction. The stress in steel at transfer condition is I’om- 
parativcly large. Structural safety in working load condition is assured 
by not e.xrccding a permissible .stress which is equal to certain fraction 
of the ultimate stress. The factor of safety applied to stresses will not 
assure the same factor of .safety against ultimate loads since the stress 
and external load relations do not vary linearlv. Propagation of cracks 
in concrete also plays an impoj tanl role in connecting the sectional 
propel lies wirli the external load and thus aiTecting the factor of safely 
provided in dii' periiiLssiblc stresses. It is therefore essential to predict 
the actual failure of the member in (')rdcr to get a good factor of 
safety involvetl in the construction. Tor idtimale load design, the 
safety factors are called load factors and defined in eq. 8 . 1 . 1 . 

W,| -NtWl-j-NnW^r .. (8.1.1) 

w here 

Wu==uhlmate load 

wi = live load (working condition) 

Wg — load due to self weight 

Ni- load factor for live load 

Ng = load factor for self weight (also superimposed load) 

rhe self weight or the supeiimposed load is fairly defined so 
the value of xxr is slightly greater than unity. The approximate values 
of Ng and Ni are ; 

Ng — 1.20 to 1.80, X] — 1 .aO to 2.40 

These values differ depending upon various factors such a.s the 
utility and type of the construction, type of material and the knowledge 
of the uncertainties such as 
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(i) inaccuracies and errors in construction 

(ii) inaccurate positioning of the steel 
fiii) inaccuracies in load calculations 

(iv) validity of basic assumptions used in the analysis 

(v) non-uniformity in the materials of construction 

(vi) defects in materials either due to manufacturing or due to 
handling and storage 

(viij supporting and other static considerations 

(viii) principal stress considerations due to the three dimensional 
effect 

(ix) secondary stresses due to shrinkage, temperature 
(x) probabilisting over load considerations and so on. 

I'ailure of a structure may be defined as the exhausting of service¬ 
ability condition. It may lie due to either excessive deformation or 
ultimate strength capacity. In general, the failure load calculation is 
based on the ultimate strength consideration and then the serviceability 
crilerias are checked. In addition to the flexural failure, tliere are 
other possibilities of failures. The failure possibilities of prestressed 
concrete members are : 

(i) failure due to anchorage stresses 

(ii) flexural faiUii c 

(iii) combined shear and moment failure 

(iv) failure due to lateral or torsional buckling. 

The present chapter discusses the flexural failure only. The other 
types of failures from strength considerations are discussed later. 

8.2. FLEXURAL FAILURE; Flexural failure is essentially taken as 
the ultimate strength capacity. The flexural failure could be divided 
into two parts. 

(i) Faihtrt diir In yit ldint^ of steel: The steel yields first and results 
in excessive deformation; ultimately the beam collapses. This 
type of failure is called ductile failure and gives sufficient notice 
before actual collapse. If the breaking strain of steel is not 
high enough, even failure from yielding of steel may not give 
enough notice. This is likely to happen in prestressed con¬ 
crete construction. 

(ii) Failure due to crushing of concrete: Compressive strength of con¬ 
crete is reached before the yielding of steel. The crushing takes 
place instantaneously so the failure is without notice and is 
called brittle failure. 

The type of failure depends upon the initial compression and per¬ 
centage of steel. It is desirable to have a ductile failure rather than 
sudden failure (or compression failure). 
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8.3. ULTIMATE MOMENT : Assumptions used in the derivation are 

(i) plane sections remain plane during bending 

(ii) failure occurs when the top fibre reaches the ultimate com¬ 
pressive strain 

(iii) average strain in steel even after cracking is not far from the 
maximum strain 

(iv) force due to tension in concrete is neglected. 

Equations for strains are 


+ (d-a) 





di) 


(8.3.2) 


.. (8.3.3) 

where 

= strain in concrete at steel level at working load condition 
e8e = cffective strain in steel 

= strain in ordinary tension reinforcement 
^strain in ordinary compressive reinforcement 
^g^=3train in prestressing steel at ultimate strength 
€u=ultiinate compressive strain of concrete 
= Ihctors 

a = distance between the neutral axis and the top fibre 
di, d 2 =distance of ordinary reinforcements from the top fibre 

Equilibrium equations have to be written for two possible con¬ 
ditions : 

(i) Neutral axis in the top flange 
(ii) Neutral axis in the web. 


f 1: Neutral axis in 

the 

top Jlanf^e: 


abi 

r^u 

1 

-As 

f. 

. . (8.3.4) 

a2 bt 1 

J 

r^n 

j f(€)€d€- 

b Ag 

fs(d-a) = Mu 

. . (8.3.5) 

2: Neutral axis in 

the i 

web: 


ab^v j 

pfu (a -ti)/a 
f(Cd* + 

abt 

r *“ 

f(*) d« = A,f. 

. . (8.3.6) 

J 

'o 

fu 

J «u(5»--ti)/a 

a*b r 

.fu (a-t|)/a 


f 



f(«) <df + 

a 

- f(<)<d€+A,f,(d-a)=M„ 

.. (8.3.7) 

J 

0 

€ u 

J tu(a —tt)/a 




Prestre^sfd Concreir Structures 


The iillimale rnomcni roiild be determined from the above set of 
equations. 

Example 8.3.1 : Determination ol’ ultimate moment capacity of 
a simply supported ]:)eani of span IG m loaded with central concentrated 
load. The cross section and other particulars are given in fig. 8.3.1. 
Dse tlic stress strain relations as given in figs. 8.3.2 and 8.3.3. 


I'iu;. 1 : HiMiii tion 


oa»:0 C^ ♦ 11640 


Fie;. B.3.2 “^tross strain relation fni strcl 


Cumpr« 55 iv« ?.'rnin 


I'i^. B.J.:) : Stress strain relalifni lor co 


fHo^-BOOU kg sqcm, Aa = 10 sq cm, 

€u=--d.003, ^^^=0 03, 

ft I " ft 2 ~' Ec“3 X 10* kg/sq cm 


Solution 


As.siiming tli.it thr neutral axis is in the top flange, from cqs. 0 3 4 and 
8.3.5 
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n*f)03 (o.oo:i-n.ooi 5 )j-- loi; 

/.fs = 2025 a .. (8.:i.B) 

and 

iK)r)3* [-X (nms--0,(101 :i=) 

-f-10 L (72-^ 

/. 12375 4-10 i;, ^72-a^-Mn .. (8.3.9) 

T .rt 

I'V--18000 kg/sq cm, then from eq. 8.3.0 
ii-.-0.9 (tlic assunq^lion a <(l( is Inir) 

From eq. 0.3.9 

Mu-(963,000 ! 1 1,400,000)--12.338 X 10« kg em 

-If Of haj)pcncd to he greater than 10 cm, then equation of 
case 2 has to be used. It is also necessary to check the strain 
of steel for 6u ' 0.003. Eq. 8.3.1 can be used to compute final 
6sii- 'Fhis would involve determination of and an ap])roxi- 
malc ^rv could be found from the lever arm which is com- 
pnterl \\ itli the help of fig. 8.3.4. 


p 



ro^, rn 

k 



-^'?ji.n( ' ( -•( !r,.; re''ne''tQ! StfQin 

P Q 

Fiir. 8.3.4 : Strain flistril)ution 




f.40 + 


^8C 


€oe 

6 


-I 0.020() 


— 0.004 : 0.020f') -{- 

€.qe 

In many cases, 6,.f is very small as crmipared to 4ind it i.s 
approximately about 1/8 to l/IO of 

So “ fpe, this is negligible as compared to 0,0246. 

€bp 

Hence, 

eg=0.0246<t,u 

The failure is by crushing of concrete. 
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Maximum curvature=e„/a=0.003/8.9=3.37x 10-‘ rad/cm. Maxi- 
mum deflection could be calculated only after finding the values of the 
ewcvalUTt at various points and then by double integration. Determin¬ 
ation of ultimate load capacity is usually simple but the prediction of 
the deformation involves numerable calculations. 


8.4. SIMPLIFIED METHOD FOR DETERMINATION OF ULTI¬ 
MATE MOMENT; The method described in the previous section for 
determination of ultimate load is general and the calculations involved 
for determination of may not worth the accuracy involved. Some 
modification in stress-strain relation of concrete could be done by 
assuming an equivalent stress block. A rectangular stress block modific¬ 
ation is done in this chapter. The two equilibrium equations regarding 
the compression zone are modified as follows (see figs. 8.4.1 and 8.4.2). 
The two cases as discussed in the previous section are investigated. 

Case 1: An/tral axis- in the to/) Jlan^r (q^a) 

Let a k,i d 

Considering the equilibrium eipiations wc have 


C -- 



f (^) (1^ — kj k 3 f (• lit a— Ag fail 


(8.4.1) 


Where 

C = compressive force 

kj— the ratio of average to maximum stress 
kg— ratio of equivalent stress block 

(k,'k.)(rv&d-) 

Let the centroid of the stress block be at k^a from the top fibre, 

then 


kg a — 




(8.4.3) 


The value of kj for rectangular stress block is 1/2 and for triangular 
block 1/3. Ultimate moment is given by 

Mu-Ag fgu d (1 -k, k„) . . (8.4.4) 

Other strain relations are 
fsu—fe (^8u) 




(8.4.5) 

(8.4.6) 
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Eqs- 8.4.2, 8.4.4, 8.4.5 and 8.4.6 involve four unknowns (fBu,ku,kg, 
^Bu) further simplified by eliminating ku. 

r __ P 2 (^1 ^a) f c (bt d)_f8 4 7) 

[^Bu ^se ^se ^ce/(^Be Pi ^cc) Pi ^uj 

Solve eqs. 8.4.7 and 8.4.5 for f^u and €su, then ku from eq. 8.4.2 and 
Mu from cq. 8.4.4. 





Fig. 8.4.1 : Ultimate niorneiit—case I (neutral axis in top flange) 



' (•‘a' 

k^k^f^d t.... ; 

I : 

J j ^ A^f fsU 


Fig. 8.4.2 : Ultiiiiatr inoiiicnt—case 2 (ncutjaJ axis in tljc wcF) 

Case 2: Neutral axis i?i the web : 

The forces and moments of case 2 arc shown in hg. 8.4.2. Xevv 
cocfiicients k 4 and k, which are to be estimated are introduced. The 
stress block on the fiaiige can be assumed close to a rectangular block. 
Equilibrium equations can be written as 

ky kjkj f^c d b^vH-k^ 1 c (bt — b^) tt = As fsu • ■ (8.4.8) 

?vlu = k^k3 ku f c d^ b\v (I k^ ku) rk^ f 0 (bt b,v) tt (d — k- tj) (8 4.9) 
Above equations have to be solv'cd alongwith the steel strain and 
steel stress eqs. 8.4.5 and 8.4.6. The ranges of various k's are: 

kj k3=0.64 to 0.70, k2-=0.45 to 0.50 
k4=0.70 to 0.85, k- = 0.45 to 0.50 

The use of values of k^, kg, kj, k^, kg arc illustrated by assuming a 
rectangular stress block shown in fig. 8.4.3. The value of k^ is obtained 
from experimental data and found to be about 0.7 if cube strength of 
concrete is used and, 0.85 when cylinder strength is used. The value 
of kg can be found by knowing the stress strain relation of concrete and 
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is appruxiiaated Lo U.dj by considering a staLically ct|uivalent stress 
block. The value of for rectangular stress block is 0.5. 



/' , 

iScufr111 a<IS 


I 

I 


1 \\j. B.1.3 : Apjit oxiinalH):! bv 11 ( taii^ul,ir strps- block 


Eixample 8 . 4.1 : Dc.icrinliKiiion ol the ultimate momt nt ca])at:iLy oi 
the beam given in examph' o.j.l. 

Assmning a rca langular sUr:,s f>luck, ihr mm (iKiciit^ nia\’ be taken 
ki 0.70, k,. k., O.uj, kj U.(k‘), k, -O.j 

let a li tin'll lr(un lap. and M. l.'t 

0.7 0,65 -150. 71' lOki, 1-0.05 -150, 7)ti ]0 1 o f^u 

bu 10176 k„ 14015 


SimilarlN eq. 6.4.9 reduces to 

M„ - 19.3 10' (kH-0.5 k„“‘) 1-9.6 : lO" 

f.u 0.00 14 -■ (O.oo:; < \ - k,.^/k„ 

ksu ( €su ' 


The ab(.)\'e foni cqnations ha\’c to be solved siinultaneously. Since 
thc\ ai c non-linrai ccpialiijiis, it i- dcMi.dde (o j>iiKc them h\ trial. 
17asic.st L^iiess could be made about 6.,,,. 


Let 


€^,1 >0.01, so l^n -b'lOOO kg/scj c iii 

ku ir!n-o fkl7o and a —-ll.ti cm 
1 91 / 6 


Check for 6^, by substituting tlie value of k^ in stress strain relation. 
0.003 

O.OOtf r X 0 .d 24 "t).tUi> I- < qi.O'l assumed) 

Now assume f- 0.019 

'I’hcn f,u--I 1640 f 3.09 X 10-* . O.Ol 9 .= 1 7700 kg sq cm 
ku = “0.1 bO and a—11.5 cm 
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Rccheck for €eu by substituting 

fpi, — 0 . 0044 -}- 0.0165 0.0209 (slightly more than assumedj 

Mu- 19.3 X 10 '^ ( 0 . 147 j f 9 . 3 x 10 «- 100.8 x 10 ^ kg cm 


85 ULTIMATE DESIGN OF PRESTRESSED CONCRETE 
BEAMS ; 

The ultiriuire inomcnt iclaliun based on the li\e loads can be written 

as 

i-Ms) } Ni Ml . , (8.5.1) 

(3.5.2; 

W'hero f^i allowable ultimate stress in steel 

I rum eqs. 8.5.1 and 8.5.2. it could be seen that the ultimate iiiurneiit 
Ccijjacity and the ultimate steel stress must be equ.il or greater than the 
ultimate de\signcd moment and .steel stress. Introducing non-diimmsion- 
alised fai tors such as (B.r' 


Q. 


Mu 

In cr- r,. 




Cji - shape factor 


A 

bt h 


b), th } b| t, i bw (li - tb - 11 

l)i h 


■ C)j (Cf 

E(|. 8.5.1 may be written as 
yAI.^ 




Ml 


8 


y hca 


d“ r.. 


■i) 


N| 

NX 


Ml -M, 


(m. 

/ d^iVri y I z*' 

V hCa N, 8 


(8.5.}) 


(8.5.,)' 


Eq. 8.5.5 giv es the area of section in whif h tlir value.s of O and Cn 
are unknowns. Assuming h to be ah each h.\ed by soinc other critei ia, 
the v alue ol hh will be about 85 to 90 percent of h. If a reasonable 
estimate is made lor Ca and Q^, the area ol the section will be known. 
The economy of the striu;Lui c depends upon area of cross .section which 
is directly proportional to Cn and inversely proportional to Q. For an 
economical section the value ol Ca has to be decreased, the value of 
increased, or the value of Q/ca increased. 

Ca increases with, fi) increase of Cf ( =bb/bi i 

(ii) increase of ( ^ 

(iii) increase of Cb ( - tb/h; and 

(iv) increase of ct ( = tt/h) 
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The aim should be to keep the above four conditions close to the 
limiting practical considerations. 

For uniformity in procedure, the equilibrium equations are also 
put in the non-dimensionalised form and given below (8.1). 


Cum’ 1: Neutral axis within the lop Jlangc : 

(t) 


a- 


M 

ht d^ 


-)] 


whcir 


Ah 
bt d 


(Jase 2: Neutral axis within the web: 


\ d y ^u ‘ J ^ 

h,.(l tja) 


I),V 

1)1 


M„ 

1)1 d= I',. 


be 


««-rv 


€ (■ (€) d t -I- 


(8.5.6) 


(8.5.7) 

(8.5.8) 


(8.5.9) 




1 I'oin the iiioincni equilibrium cqs. 8.5.7 and 8.5,10, it can be seen 
that the v alue of d ( Mu/btd“i \ } increases with a/d. d o ha\ c 
maxinuiin ultimate load, (a/d) has to be maximum, will be 

minimum for maximum value of (a/d) and should then be equal to 


Hence €bi 6su -- ^bo 



.. (8.5.11) 


Where — allowable steel strain at ultimate moment from which (a/d) 
could be determined as 


^ _ — € u 

d ( €hI i* i' ^c*e ^u) 


(8.5.12) 


8 6. ULTIMATE LOAD DESIGN PROCEDURE : The quantities 
usually furnished arc: 
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(i) span; 

(ii) load acting on the span; 

(iii) strength of the materials; 

(iv) load factors from code ; and 

(v) stress-strain relations of the materials, 

O^Liantities to be determined are: 

(i) area of cross section (A), its shape and dimensions; 

(ii) prestressing force (Pt) ; 

(iii) area ol steel (A[^) ; and 

(iv) profile of the cable. 

Approximate procedure to be adopted for design of prestressed concrete 
beam by ultimate moment method may be taken as 

(i) select the over-all depth of the beam (h) ; 

(ii) assume a reasonable value of d (approximately 0.85 to 0.90 
times h) ; 

(iii) assume some values of Cf, Ct, etc. and calculate Ca from eq. 
8.5.4 or obtain from tables. Wliile assuming tliese values, 
the economical sizes have to be selected based on the previous 
discussion ; 

(iv) calculate a/d from eq. 8.5.12 ; 

(v) frOTU the value of ‘a\ investigate to which case does this 
belong to; 

(vi) now calculate q fsu/i'e from the force equilibrium equation; 

(vii) calculate d from the moment equilibrium ccpuition ; 

(viii) compute b^ from Q,, then b|, etc. 

Example 8.6.1 ; Design of a prestressed concrete beam by ultimate 
load method. 

Data given: span—16 m 

live load —VVi 10,000 kg concentrated at the mid span 
N(r=1.2, Ni —2.4 and the stress strain relations as given in example 8.3,1. 

Desigji : 

Let h —— 80 cm, d = 0,9 h—72 cm, 

d ^0.6, cij = 0.125, ct — 0.125, Cw^=0.l75, (ye — 0.004 
Ca—Cb (Cf — C^)-i-Ct (I-Cw) "h Cw=*0.33 1 

— = -- —-- = 0.161 

d (—"L —^u) 

1 80 

a 1 1.6 cm whereas tt — ^ — 10 cm 

Since a > ti, this problem belongs to case 2, i.e., neutral axis is in the 
web. 
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-0.00042 


From eq. 8.5.9 
0.175x0.161 
0.003x450 


X 0.0015 


Y :< 3 X 10" X (0.0015)2 -u 3 X 10^ X (0.003-0.0015) 


H- 


0.825 


4 X 3 .; ID' (0.0015'--0.00042'') 
3x450 L ^ 

~| lOODO 


0.003 X 450 
-i- 3 •; 10» X 0.0015 (0.003-0.0015) 


J 


450 


q = 0.0029 
From moment cq. 11.5.10 

M„ _ 0.175 (O.Uil):r 3 IO'> 
Ih cI-P, ().003^x45(r|_ 3 ■ 


(0.0015)^ + 


450 

•} 


18000 


(0.0032 - 0.0015' 


1 1800( 
■ j 450 


(0.839) xO.0029--0.109 


Let y:=- ().0024 kg/ciir’, Mq—O 


Ml — 10000 X 


i(;oo 


4:10“ kiT cm 


I'lom cq. 8.5.5 


■'^-XNX^^'i-hxrx - J 


0i 


2> I V 10« 

"■72 :<72 >:450 x 0.109 
80X0.331 X 1.2 
1106 sq cm 
A _ 1 106 

liCa 


-O.OOLM 


25()0()00 


— 41.5 cm 


80x0.331 
bi, — 0.6 bt —25 cm^ (i-_-10 cm, 
b,v-0.175x 80=14 cm 
Ajt = 0,0029 1 106 = 3.20 sq cm 

__ rr ... 

. 1 - 


1 lOcm 


(0.0032- 

450 


A,' .1;? aq cm 

r .tX 1 L x' 

L-■ *- 

U ;'!> r rTi _ 

Fig. 8.6.1 : Section of example 0,6.1 
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8.7. ULTIMATE MOMENT BY I. S. CODE OF PRACTICE (I. S. i 

1343—1960): Section 6.8 of I. S ; 1343 —1960 discusses different 
types of failure of prestressed concrete beam in which percentage of 
reinforcement governs the type of failure. The procedure is best 
illustrated by working out an example. 

Example 8.7.1: Determination of the ultimate moment capacity of 
a pretensioned concrete section shown in lig. u.7.1 by 1. S. code of 
practice, f^. —450 kg/sq cm, f'^—15000 kg/sq cm. 

Solution \ 

(a) Cllicck lor percentage of steel; 

, 0.08 f\- bt 11 


0.68x450 \'60x 11 
J5000 


1 3.40 .s(| cm 


A(sw — A|.v Atfir —20—13.46 6.54 sq cm 


b„.d 


6.54 : J5000 
10x72x450 


-0.3 (>0.24; 


Since the above value is greater llian 0.24, the beam will fail by com¬ 
pression and Oic ( oi responding nlllmate load is given by 

Mu -0,75 I'c (0,25 1)^(1“ |-0,68 it (bt -l),v)) (d -0.5 P; 

- 12.2 - 10« kg cm 






I 

f. 


Fig. 8.7.1 : L.vainpk* 8.7.1 

Problems 

8.1 Determine the ultimate moment capacity of the 50 m span beam 
of the design example given in chapter IIT. Determine the factor 
of safety. 

8.2 Determine the ultimate moment capacity of the composite beam 
example discussed in chapter IV. 



CHAPTER IX 


ANALYSIS AND DESIGN OF PRESTRESSED 
CONCRETE BEAMS FOR SHEAR 


9.1, INTRODUCTION : rhc* previous chapLcrs discuss analysis and 
design ol’ preslrcssed concrele l>eaiiis subjected to bending inonieiits. 
Bending moments in beams are usually accompanied by shear forces, so 
such members are designed for combined bending and shear. Because 
of simplicity and limited theoretical and experimental data, design of 
members subjected to combined bending and shear is done independ¬ 
ently for bending and for shear, d he failure load is generally predicted 
by taking the combined clfect of bending and shcai forces. Extensive 
research is being done in this direction to predict failure due to com¬ 
bined bending and shear forces. 'The problem is rather (omplex 
and depends upon several varialdes. Isvcn though a large amount of 
experimental data is available, the exact prediction of the behaviour of 
the beams undei combined moment and shear forces has not reached a 
satisfactory stage. A good qualitativ e behaviour is well established and 
attempts are being made to set up a realistic design procedure based on 
the combined action ol moment and shear forces. This chapter presents 
some methods of analysis and design for combined shear and moment 
forces. Ultimate load capacity based on shear moment failure is also 
discussed in this chapter. 


9.2. SHEAR STRESS : Uncracked sectional properties are used 
while calculating the shear stress at working load. 

Let X ™ sliear stress 
V shear force 

moment of area about the point under consideration 



Then the shear stress X for a prismatic member is given by 

I by 

where by = width of the section at the point 


.. (9.2.1) 
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9.3. PRINCIPAL STRESSES : Beams are essentially two dimens¬ 
ional proldems and the principal stresses in plane stress problem arc 
gi\'cn by 



wheie 

— maxlnuim principal stress 
(7.^ — minimum principal stress 
cTx “ normal stress on x plane 


(9.0.1) 

(9.3.2) 


cTy = normal slres.s on y ]ilane 


1 



I iL(. 9..1.1 : Planr strrs.'; notations 


cTy is transverse stress, very small in most cases. If transverse pre¬ 
stressing is done, then cr^ may be considered, otherwise cry may be neg¬ 
lected as compared to In such cases, the principal stressc.s are 

expressed from eqs. 9.3.1 & 9.3.2 a.s 




‘^2 = Y rx -- V ax® I 4t“l 


(9.3.3) 

(9.3.4) 


The principal stress plane is given by 

Tan 2 a =--^^9 __ (9.3.5) 

Where a ~ angle of principal stress plane 

One of the principal stresses is likely to be tensile and will act at an 
angle ‘a’ with the horizontal axis. For very efficient use of shear steel, 
reinforcement should be laid at an angle a with the horizontal. 
However the practical and economical considerations often suggest 
vertical stirrups. 
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9.4, STIRRUPS FOR WORKING LOAOS : Total shear force at 
any section is 

Vt + V,-I-Vi .. (9.4.1) 

where 

Vg -- shear force due to self weight 
\ j, shear force due to superimposed load 
\'i shear force due to live load and 
Vt ^ total shear force. 

In case the tendon is inclined, the vertical component of the tendon 
force will take a part of the shear force and is given by 

Vp.Pe^ .. (9.4.2) 

where Vp shear fjrcc taken by the tendon 
riie effective shear force at any section is given by 

V - ^Vt.\4)) . . (9.4.3) 

where -- effective shear force at the .section 


The tensile principal stress, sometimes called diagonal tension, acts 
approximately at 30 (The inclination is generally 10) to ^10'i. The 
ho rizontal component of thi.s tensile force is generally withstood by the 
prestressing force and the vertical component by vertical shear steel or 
concrete. 


Let 


Arv area of vertical stirrup 
Lv ~ allowable stress in steel stirrups 
s — spacing of the stirrups 
Area of shear steel is given by 

4 (sbw) 

7>-- 


(9,4.4) 


ir Ajv is already selected, then the spacing of tlie stirrups is given by 

■ (-wO ■■ 


( PrTncTocI i.> r i- '"H 


Mor‘xonl3' c:'mpjn^nT . f 


.. J 

f 

V«rfrt.«i uOfTiporntfni of 

Fig. 9.4.1 : Components of principal stresses 
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i w - 

A--- 

t 

Fit^. 9.4.2 : Beam with element forces with inclined cracks 

9.5. FAILURE DUE TO SHEAR : Failure of a prestressed concrete 
beam caused by sliear can be divided into two groups : 

(i) failure caused by pure shear and 

(ii) failure caused by combined shear and flexure. 

Failure caused by pure shear is very rare and practically never 
occurs in mo.st of the prestressed concrete structures. Failure caused by 
the combined action of shear and bending moment is common. There¬ 
fore it is desirable to design or check beams for ‘“‘shear-moment failurc”. 

It has been ob.sei ved that a vertical crack starts at the lower fibre 
during overload conditions at maximum bending moment location. In 
simply supported beam vertical cracking propagates towards supports 
as the load increases, I'hen shear-moment cracks begain to develop. 
Shear moment cracks are normally developed as a continuation of verti¬ 
cal cracks and those cracks in general are from ‘h to 4h’ distance from a 
simple support or from ‘0.5h to h" distance from intermediate supports. 
Shear moment cracks develop large deformation, distorting the hori¬ 
zontal reinforcement. Then the distorted longitudinal reinforcement 
starts resisting the vertical shear force. The location and development 
of cracks affect the deformation characteristics of the beam. Specific¬ 
ally, diagonal cracks develop some kind of rotational hinges about wliich 
the cracked elements rotate. A typical crack development and beam 
rotation is shown in figs. 9..5.1 and 9.5.2. 


_ t _ 1 




(a) Crack initiation 


J__ i _L 


(b) Vertical crack propa^tion 
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(c) Inclined cracks—shear moment cracks 
Fig. !h5.I : 1 ypical crack development 



Wldcnini' of shear—moment crack (rotation hinge) 

I'ig. : Hinge devrlnpinrnt due to inclined crar ks just before failure 

9 6. COMPRESSIVE STRENGTH OF CONCRETE SUBJECTED 
TO COMBINED BENDING AND SHEAR: Iff , is the ultimate 
stress of a concrete cube, the ultimate compressive stress available in 
beams will generally be less than Tc because of shape, length and other 
segregation effects. Ultimate concrete stress is generally given by kpf'c, 
where kp is a factor approximately in the range of 0.64(9.1). If a 
beam is subjected to both bending as well as shear forces, then the 
allowable ultimate compressive stress is further reduced. An approxi¬ 
mate interaction formula has been suggested based on experimental 
data (9.2) and it is 


r'«=(k„ +3.2 ^J=k„ k, 1+ , . (9.6.1) 

k,= l/[l + 3.2(^))J*^j .. (9.6.2) 


where 

f'c8= ultimate concrete stress in a beam subjected to combined 
bending and shear 

kpTc— ultimate concrete prism strength (in many cases, the prism 
strength is taken equal to bending compressive strength) 

Interaction curve for is shown in fig. 9.6.1. The values of Vh/M 
are in the order of O.l to 0.4 in most of the practical problems. 
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Fig. 9.6.1 ; Interaction curve for combined shear and bending moment 



a ^ 


— 


Fig. 9.6,2 : Cloncrctc prism strength 


h 

t 


Value of kp decreases as the length to side ratio inr.rease.s. This varia¬ 
tion may be attributed to three factors : (i) size effect, (ii) consistency 
variation in the concrete and (iii) elTcct of friction at the surface of test 
specimens. In case of concrete subjected to pure bending, ultimate 
bending strength in compression is assumed to be higher than that of a 
prism strength. The relation is given by (9.3) 

f'eh- kp k, f'o . . (9.fi.3) 

Where 

compressive strength of concrete in bending 

kg= nondimensionalised coefficient and its value is suggested to 
be about 1.2 to 1.25 

The practice in working load design assumes a higher strength in bend¬ 
ing as compared to direct compression. If the compressive strength in 
bending is considered to be higher than that in direct compression, then 
compressive strength in shear and bending is also increased accordingly. 
All the calculations in this text are made assuming that the compressive 
strength in bending is the same as the compressive strength of prism. 
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9.7. ULTIMATE BENDING MOMENT UNDER COMBINED 
MOMENT AND SHEAR (MOMENT SHEAR FAILURE) ; Rect¬ 
angular cross Section with Straight Tendons : Combined moment and 
sliear ( l ack (principal stress) is generally inclined at 20'" to 40° to the 
bciitling axis depending upon the relative magnitude of the quantities. 
1 his crack is idealised at 45 for (he purpose of calculation and to be on 
the sjfe side of the design. An idealised crack and various forces 
acting at the time of failure are sho\\'n in fig. 9.7.1. 


1 





(li - 

r—^ 


■■ 


((-) edangu'.ar 

*1 > I 


blocK) 


luL', 'J.7.1 : Forres at ('oinbincil hencliiig and shear failure 
(striiit;hl tendon) 


Vertical component of the stirrup forces at failure is 



where 

Vfl--shear force taken by the stirrup steel 


( 9 . 7 . 1 ) 


Equations of equilibrium at ultimate load capacity of the section are 


~ (1—k,i) Ahv (kj kudh) 

f« As=^k, k- kj k„ bd f',. 

(1 k, k,.) A,v f'Bv J ) +(ki k, f'e) 

(k^ ku d) (b) (d—koa) 

= (k, k, ks ku) (1—kj ku) f'c + (1 —kj ku)“ 


or 


rs = fBu (for all practical purposes) 


fB = f, (€,) 




“<ie + tcc + fu 



( 9 . 7 . 2 ) 

( 9 . 7 . 3 ) 


Agv f av 

.. ( 9 . 7 . 4 ) 

,. ( 9 . 7 . 5 ) 

( 9 . 7 . 6 ) 


( 9 . 7 . 7 ) 
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Above set of eqs. 9.7.3 to 9.7.7 gives the ultimate moment for a beam 
of rectangular cross section subjected to combined bending and shear. 
For all practical purposes, the value of could be assumed equal to 
However with such an approximation, ultimate capacity of the 
beam is on the unsafe side. 

Example 9.7.1; A simply supported 8 m long prestressed concrete 
beam of rectangular cross section (30 X 80 cm) is provided with a straight 
cable of 10 sq cm having 20 cm eccentricity. Mild steel stirrups of 
1 cm wires at 15 cm are provided for shear. Determine the ultimate 
capacity of the beam. 

Use f'e = 450 Fg/sq cm 
f^i, = 15000 kg/sq cm 
kj = 0.85, k 3 = 0.85, ko = 0.5 and k- “l 
Solution : 

Since the beam is rectangular in section and sinqdy supported, 
the critical section is at mid span. 

Fiom cq. 9.7.3 

k„ fs)/(ki k^ bd fV) =0.295 
kj a. ka ku d =0.295 < 0.85 X 00 = 20 cm 


1 - 



h . k, a 


0 0 


J 



... 1 l5CX>C0kj. 


Fi-. 9.7.2: Example 9.7.1 

The following computations are made with reference to fig 9.7.2. 



Let the ultimate stress of mild steel be 3000 kg/sq cm 

Mu= 150000 X 50 +3.14 X 3000 X 30=77.83 X 10» kg cm 


9.8. ULTIMATE BENDING MOMENT UNDER COMBINED 
BENDING AND SHEAR OF A RECTANGULAR CROSS-SECTION 
WITH INCLINED TENDONS ; Fig. 9.8.1 gives the detail of forces 
acting at the time of shear-moment failure of a beam. The inclined 
crack is assumed to be at 45° to the horizontal axis. Ultimate strength 
of concrete and steel arc assumed to be effective at the time of failure. 
This assumption is made to simplify the solution. A rigorous solution 
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could be obtained by calculating the stress in steel based upon the 
assumption that plane sections remain plane. 





Fig, D.fl.l . Forces at combined bending and shear failure of a 
beam willi inclined cable 


Applying the equilibrium equations at shear moment failure (fig. 9.8.1) 


Ah (1^1 1<7 K ^u) bd 


whore 


dy 


(kj k- k.j k,| bd 1 pj (d—k^a) — j d- 

[(!■ k, ku)-^ A,,.r„, 

-bd^l^k, k, k, k„ (1—k3 k„) f'e + p (4x ) 


+ 


-1(1-k3 


.[i.,k,k.k„(i-i..k.k.)r,.p(2-)r.. 


! (1 ■k 3 k.,)2 ph r„v bd 


V] 


Pa—ratio of shear reinforcement 


sb 


(9.8.1) 


(9.8.2) 


(9.8.3) 


kii has to be obtained from eq. 9.8.1 and the ultimate moment 
could be obtained from eq. 9.8.2. 


9 9 ULTIMATE MOMENT UNDER COMBINED BENDING AND 
SHEAR OF I-GIRDER: Expressions for shear moment failure could 
be written in the same way as done for the previous section. There 
are two possible cases of failure in I-girders : (i) neutral axis within 
the top flange, and (ii) neutral axis in the web of the girder* If the 
neutral axis is in the top flange, then ultimate moment is given by 
the previous section by substituting bt for b. 

Fig. 9-9.1 gives complete details at the time of failure of an I-scction 
where the neutral axis is in the w'cb portion. 
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Fig. 9.9.1 : Forces at combined bending and shear 
failure (I-scction with neutral axis 
in tlic \veb) 


Assume rts= fisu at the time of failure, iheii the equilibrium equations 
arc given as 


Ah fyii —k- kg ku 1 db^v f k^ k^ tt ‘ hwj 1 e • ‘ (9.9.1) 

Mu = ki k, kg ku (1 —ko ku) b,vd^fV rk4 k^ (d- If (bt 1%) tt f'e 

+ (Agv^'^sv (1—kg k„)-/2s) d^*-f Ayf^u ^ ^ . . (9.9.2) 


rhe values of ku and Mu are the two unknowns and these two quantities 
could be obtained from eqs. 9.9.1 and 9.9.2. 

Example 9.9.1 : Determination of ultimate load t apacity of a pres¬ 
tressed concrete cantilever beam of 8 m with the cross section as shown 
in fig. 9.9.2 subjected to a uniformly distributed load. 

Given data : 


f'j. = 450 kg/sq cm and f's - 1 5000 kg/sq cm 
ko—0.5, kg —0.85,kj —0.85, k^ —0.85, f^u — Pfi 



Fig. 9.9.2 : Example 9.9.1 

Solution ; 

The section at support is subjected to maximum shear and bending 
moment, so the allowable compressive stress depends upon the relative 
ratio. 

\ h _ 8 X 0.8 _0 o 

8x4 “ ‘ 


ky — 


1 


11-3.2x0.2 


= 0,61 


Assuming the neutral axis in the web portion, from eq. 9.9.1 
k„=[A« ('s-K ^7 tb (bb-b,v) rj/(ki kg f'e d bw)-=0.18 
kg ku d=12.2 (> tb) 
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Strain compatibility to find the type of failure is 




0.00444-0.003 


( 


72--J^2.2 \ 

12 . 2 " ” ) 


0.0193—yield strain of steel 

k, r. [(lu b,) X (72 5) 1-bvv (12.2 -Ih) X (62—1.1)J 

-963730 kg cm 

w,.-=.-(MuX2)/(L-)-- kg/crn = 3000 kg/m 


9.10. LOCATION OF FAILURE SECTION: In the last section 
the failure was assumed to occur at a section where the value of k^ is 
calculated from the shear and moment relation at the section. In any 
problem, it is necessary to locate the likely failure and establish the 
value of k^ at that section. In statically determinate structures, 
location of shear moment failure can be estimated or derived. An 
example of a well-defined situation is shown in fig. 9.10.1, where shear 
force and bending moment are maximum at a particular section (c c). 
Hence .shear-moment failure will also occur at that section. 


w w 



Sheo'' 'vircf d'vigrorn 



Binding womonr diogrom 

rig. 9.10.1 : Deliaed problem of shear momenl failure 

(raihu’c occurs at section c c where bending 
moment and shear force are maximumj 


In some problems, the zone of failure is not well defined. In a 
simple problem like a simply supported beam subjected to uniform 
loading, maximum bending moineiu occurs at mid-span although the 
maximum shear force is near the support. Investigations have to be 
made to locate the maximum combined effect. Since the section will 
develop cracks due to bending, it is difficult to establish a generalised 
principal stres.s equation of the beam. Independent moment and shear 
force diagrams of a simply supported beam arc shown in fig, 9.10,2, 
The figure also gives the effective shear resisted by the cross section and 
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tendon. Location of maximum damage due to the combined effect of 
moment and shear is rather undefined. In such a case as this, failure 
could be cither (i) moment failure or (ii) shear-moment failure. Shear- 
moment failure is likely to occur near a heavy concentrated load if it is 
present. Trial analysis generally gives a satisfactory result even tliough 
it may not give an exact section where the failure occurs (9.3 to 9.5). 



(a) External slicar fnree iliagrain 



.Shear lorce lakrn hy tcmlon 



(r) Shear force, resisted by the section 



(cl; Bending moment diagram 
Fig. y.lU,2 : Shear and moment diagrams 


Location of shear moment failure in a statically indeterminate 
structure is not easy to predict because of the nature ol the shear and 
bending moment distribution- The effects of secondary bending loice 
and the curvature in the cable make the problem more complicated. 
Lven though a particularly critical section exists at wliich the failure 
starts, the real failure of a structure is not due to failure ol a single 
section but due to a localised effect. An investigation near the critical 
section gives fairly close approximation of failure load. Sheai and 
moment are maximum near the intermediate supports so the shear- 
moment failure is likely to occur at about h/2 to 2h from an intci- 
mediate support. A statically indeterminate structure collapses when 
sufficient number of sections yield into a collapsable mechanism. 
Determination of real ultimate load capacity should be based on limit 
design. 
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9.11. SUGGESTIONS FROM EXPERIMENTAL INVESTIGA- 
TIONS : Extensive experimental investigations have been done on shear 
failures and a large amount of data is being accumulated on the subject. 
In spite of the large experimental data, it is still diflicult to suggest any 
exact procedure for design against shear moment failure. Design is 
done independently for bending moment and shear force while shear- 
moment failure load is computed based on the designed section. Effect 
of different parameters on the shear-moment failure, as suggested by 
McGregor, Sozen and Siess (9,6j, are given here to help in the design of 
shear reinforcement. 

(i) EJfcci oj jncslrrss : Increase in j)restressing force increases the 
inclined cracking loads. Even though certain amount of increase in 
cracking load is obtained by increasing the prestressing force, the warning 
against ultimate failure is reduced. A typical behaviour of cracking 
load relative to effective prestressing force is shown in fig. 9.11.1. 



3 Fff«ctive presfressing force 

1 if?. 9.1 1.1 : Effect prestress on cracking load 


(ii) m/irt of ivd) thickness: I’lic inclined cracking load appears to be 
independent ol the thickness of the web. In most cases, the web 
thickness is in a narrow range so that three dimensional clfects do not 
come into play. Web could be treated as a plane stress problem with¬ 
out any loss of accuracy for design purposes. 

(iii) Effect of web reinforcement: Rate of propagation of the shear crack 
depends on web reinforcement. fhe initation of a crack starts near 
the bottom fibre and is generally independent of the vertical (web) 
reinforcement. However, the propagation of the crack depends upon 
the shear reinforcement. Ultimate shear-moment capacity could be 
increased by increasing the shear reinforcement. 

In beams without web reinforcement, the beam distorts and causes 
kink in the main prcstrchsing force* The vertical component of the 



Fig, 9.11.2 : Kink al vci lical crack in a beam with 
web reinforcement 
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prestressing force at the kink contributes towards shear force. The 
kink action reduces the ultimate bending moment capacity even though 
it increases the ultimate shear capacity. The overall ultimate capacity 
of the beam is affected by the kink. The deformation of a beam is also 
affected by vertical reinforcement. A typical load deflection curve with 
different percentages of shear reinforcement is shown in fig. 9.11.3. It 
can be seen that the increase of shear reinforcement decreases the defiec- 
tion to some extent and increases the ultimate load capacity of the beam. 
Even in the case of problems where the reinforcement is not needed 
based upon the working load design, it is still desirable to provide some 
nominal shear reinforcement. It will increase the ultimate capacity 
of the beam and also avoid a sudden failure of the beam due to fast 
propagation of inclined crack. 



Fig. 9.11.3 ; Qualitative behaviour of a prcstressccl 

concrete beam based on shear reinforceinent 


(iv) Effect of vertical prestressing: Vertical prestress reduces the tensile 
principal stress as sho^vn in the following equation : 

^ r (<^x [ 

1 2 L 4 

Effect of ay is same as of a.s far as the principal stresses arc 
concerned. The inclined crack load decreases with increased vertical 
preslressing. The shear-moment failure load could be increased by 
about 5 to 10% by introduction of ver tical prestressing, whereas the 
moment failure load is not affected by the vertical prestressing force. 
The effect of vertical prestress on the behaviour of a beam is shown in 
fig. 9.11.4. 


11/2 


(9.11.1) 
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I’ig. 9.11.4 ; typical behaviour of prestressed concrete 
beam with vertical prcstressirig 


(v) Effect of drapin<^ of longitudinal steel: Upward inclination of longitudinal 
reinforcement takes vertical shear and it is proportional to the inclination. 
If the failure is due to shear domination, then the ultimate capacity could 
he increased Ijy draping of the wires. If the failure is a moment failure, 
draping of wires decreases the ultimate load capacity. 

Problems 

9.1 A bridge'slab is to be supported by two frames shown in Fig, 9.1. 
Draw bending moment and shear force diagrams for the structure 
and suggest a cable profile to balance the external forces. 


r' 






Fig. 9.1 ; Problem 9.1 


9.2 I he beam of problem 9.1 is subjected to a distriljuted load of 3000 
kg/m. Design prestressing and shear steel for the beam. Determine 
the ultimate strength of the cantilever and the overhang beam 
sections. 






CHAPTER X 


PRESTRESSED CONCRETE FLOORS AND SLABS 


10.1. INTRODUCTION: Slab construction is suitable Tor building 
lloois, small bridges and culverts. I’hc slab bridge or culvert construc¬ 
tion is adopted when the span of the bridge is small. In such cases the 
design is simple and could be done as explained in previous chapters. 
'I herc arc several types of slab construction, the designs ol’ wliich prt^sem 
interesting and challenging problems, riie three major groups of slab 
( onstruction are ; 

(i) beam and slab construction ; 

(ii) ilat slab-panel construction ; and 

(iii) Hat plate con.slruction. 

The different types of slab constructions arc shown in hg. 10.1.1. Any 
slab may be classified as one-way or two-way slab based upon the sinic- 
tural action ul tlie slab. If the span ratio (also called as aspect ratio) 
is large, the .slab acts in one direction as a very wide beam. If the 
width of the slab is small as compared to the length, most ol the load is 
carried by the short span. Such a slab is called a one-way slab and 
designed as a very wide beam. If the span ratio is in the neighbour¬ 
hood of 1, the load is carried by both the spans and the slab is called 
two-way slab, ddie inherent continuity of the structure wdiicli has a 
built-in load distributing and sliaring capacity gives a factor of safety 
much higher than the safety factor adopted to working stresses. This 



(a) Beam and slab construction 
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(b) Flat slab constrviction 
Fig. 10.1.1 : Different lypts of slab construction 

chapter discusses only an approximate analysis of slabs so that the 
read Cl'S who arc not familiar with classical theory can design the slabs 
easily. 


10.2, ONE-WAY SLAB : The bending moment at any point of a 
slab is represented by bending moments along tlie two perpendicular 
directions and twisting moment in the plane. Neglecting the Poisson’s 
effect, the resisting moments along the two spans may be written as 


- 

Et3 

12’ 


Et3 

12Rx 

.. (10.2.1) 

My.-- 

Et^ 

aV 

Et3 

.. (10.2.2) 

12 


12Ry 


where 

w — deflection of the slab 
RxjRy— radii of curvature of the bent slab 
Mx ™ bending moment on x-plane 
My — bending moment on y-planc 
t = thickness of the slab 

The bending moment curvature relations given in eqs. 10.2.1 and 10.2.2 
could be obtained using a simple beam theory. Fig. 10.2.1 gives the 
sign convensions assumed in arriving at the moment curvature relations. 



Fig. 10.2.1 : Slab notations 
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Bending moment is proportional to curvature. To compare the relative 
magnitudes of the bending moments, let the slab be bent in a shallow 
spherical surface for calculating the curvature. From fig. 10.2,2 the 
maximum curvatures could be written as 


T? 



Ry 


8 Winax 

b" 


8 Wmax 

a 

~ 

span of the slab in x-dircction 

b 

= 

span of the slab in y-direction 

Wjnax 

— 

maximum deflection of the slab 



Fig. 10.2.2 : Curvature deflection relation 

On substitution of the curv^aturc relations, the ratio of moments works 
out to be 


My 

Mx ~ b^ 


.. (10.2.3) 


Eq. 10.2.3 illustrates an approximate relative magnitude of bending 
moments in two directions. It can be seen that the moment in short 
span direction is much greater than that in the long span direction. 
1 or slabs where the span ratio is more than two, most of the load is 
carried by the short span, and the slab should be designed as one-way 
slab. An illustrative example of one-way slab is given below. 


Example 10.2.1 : Design a prestressed concrete slab 5 by 20 m to 
carry a live load of 900 kg/sq m. The slab is simply supported on four 
sides. 


Given data is 

f'c = 450 kg/cm, f's = 15000 kg/sq cm, and q - 0.85 
Solution : The aspect ratio of the slab is 4 so the slab should be desi¬ 
gned as one-way slab. Load balancing method is used by considering 
one unit width of the slab. 

Let 


short span 
~ 40 


= 12.5 cm, use t == 12 cm 


t 
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All calculations are made considering one cm width of the slab with a 
parabolic cable profile. 

Let 

qi “ intensity of live load 
“ intensity of self load 
qt “ intensity of total load, then 
fji 9 kg/rn 

qg =- 0.01x0.12x24-2.88 kg/ni 
qt “= (qi + qg) -- ll.fiO kg/m 
Let the load balanced at working load condition be 
qbe~^ 7.5 kg/m and e = 3.0 cm, then 

Pe — kg/cm width 


920 kg/cm width 


qht = - 8.8 kg/m 

Cdicck for stresses at transfer condition: 

Load not balanced 2.88 — 8.8 — -- 5.92 kg/in 


5.92x2500x0 


8X 12 X 12 


- 137.4 kg/sq cm 


fu-- 


5.98x2500x6 

‘8x12x12' 


— —15.8 kg/sq cm (comp) 


Cdieck for stresses at working load: 

I.oad not balanced — 11.88 — 7.5 — 4.30 kg/rn 

P l\ , M _ 781 ,_L38x^^x6 
‘a ‘ Z “"12 Ilxl2xr2" 

fu' ■" - 1 7 “^ 19.4 kg/sq cm (comp) 


I 10.6 kg/sq cm 


All the stresses are compressive and less than the permissible stresses ; 
hence the section is suitable, Lhc eccentricity at the mid-span is taken 
as 3 cm which gi\'es a cover of 3 cm to centre of the steel. The clear 
cover provision i.s satisfied for 7 mm wires. 

As = n v f' = 10^00 = 0.0875 sq cm 


Use 7 mm wires at 4.5 cm spacing. 

Note : (a) Minimum clear cover of 2 cm is desired. 

(b) Any additional reinforcement will lead to excessive stresses 
at transfer condition, so the steel requirement should be kept 
close to the design. 
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(c) A nominal longitudinal reinforcement of mild steel of 6 mm 
at 30 cm spacing should be used for temperature and secon¬ 
dary stresses. 

There are two practical limitations in adopting load balancing design 
for slab constructions : (i) setting up a curved profile for a thin slab is 
difficult and more so if the eccentricity of the cables have to be changed 
along the long span ; (ii) in a slab which is supported on four edges, the 
maximum bending moment occurs at the middle of the short span and 
decreases slowly towards the edge. To adjust tlic cables and cable 
profiles to suit the varying bending moment along the long span is not 
easy. Straight cables in the slab may prove to be more economical in 
many small constructions. 

Example 10.2.2 : Design a simply supported slab to cover an area of 
20 by 5 m and to carry a load of 900 kg/sq m, using a straight cable 
profile. Compare this design with the design made by load balancing 
method of example 10.2,1. 

Data given: 

rc--450 kg/sq cm, f's= 15000 kg/sq cm, and 
Solution: 

Let 12.5 ern, then qg==0.i25 X r.-. 3 kg/m/cin 


qt.= 12 kg/m/cm wicllli 

Let the cable be placed at 2.0 cm eccentricity and with no tensile stress 
at working load, 1 his leads to (by considering 1 cm width) 


r - 

fte - - 


’'r + » 


_r 1 2x6 1 

^ T 12.5 ^ 12.5x12.5 J 


12.5 '^”12. 
Pe =920 kg/cm 
Pt =920/11 = 1080 kg/cm 


12x2500x6 
8x 12.5X 12.5 


= 0 


f - 4- 

fet - A + ~Z 

f __ Pt , P.^ 

f,t - - -t- 


Z 


M, 


137.0 kg/sq cm 
-——41 kg/sq cm (comp) 


fee - I 2 * = 143 kg/sq cm 

f,e =0 

All the stresses at the middle of the span are within the limits. The 
eccentricity at the edge of the span is 2 cm so it is desirable to check for 
stresses at the end section. Eccentricity is within the kern distance so 
no t^ile stresses are developed. The compressive stress at transfer 
will dominate and is given by 
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169.3 kg/sq cm 


All the stresses at any cross section are within the permissible limits. 

= Woo- """ 

Use 7 mm wires at 3.75 cm apart. A nominal mild steel reinforcement 
of 6 mm wires at 30 cm apart should be provided in the longitudinal 
direction. 


A straight cable profile increases the area of steel and concrete 
requirements by 17.5% and 4.1 7% respectively as compared to balanced 
load design (curved cable profile). If a controlled curved cable profile 
can be set at less expense, then the curved cable profile is more 
economical. 


10.3. TWO-WAY SLAB: The external load on a slab is distributed 
on both the spans if the span ratio of the slab is in the range of 1 to 2. 
In such slab construction, prestressing is to be done in both the direc¬ 
tions. If 7, define the cable profiles for cable running in both the 
directions, the effective vertical component of the cable force is then 
given by 

qh-Pt, +P,h .. (10.3.1) 

where 

prestressing force in short span 
PtB = prestres.sing force in long span 
qb = balancing load 

z —discrete function defining the cable profiles both in x and 
y directions. 

Let 

cij —maximum eccentricity of cable in short span direction 
Cft—maximum eccentricity of cable in long span direction, 
then for parabolic cable profiles, the balancing load is given by 

qu-s J . . (10.3.2) 

The load that is not balanced should be considered for calculation of 
bending moment stresses and deflections. 

There arc several approximate formulae developed for calculation 
of bending moments in slabs. The moment coefficient of slabs based 
on orthotropic plate theory arc used in the present calculations. In the 
absence of these coefficients, the designer can use the regular plate theory 
coefficients. A modified orthotropic plate theory (10.1) divides the slab 
into middle and end strips and suggests bending moment coefficients. 
Thc strip partitions arc shown in fig, 10.3,1 and the bending moment 
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coefficients are given in fig. 10.3.2. The design bending moments are 
given by 

Mbi=/3iq b= 

Mb2=^jq b“ 

M»i“=^8q .. (10 3,3) 

Maj=/3^q b* 

b* 

where 

Pi> ^25 Pa P 5 the bending moment coefficients (lig. 

10.3.2) 

Mtoi = maximum bending moment for middle half of the short 
span 

Mt, ^ = maximum bending moment for extreme quarter of the 
short span 

Mai = maxiirium bending moment for middle half of the long 
span 

Maa-^maximum bending moment for the extreme quarter of the 
long span 

= maximum twisting moment which occurs at the corners 
b =short span length 

The design of two-way slab is illustrated through an example. 



Fig. 10.3.1 : Modified and actual moments in a 
two-way slaVj 

Eumple 10.3.1 : Design of a 8 by 10 m simply supported slab to 
carry a load of 600 kg/sq m. 

Given data: 

rp=450 kg/sq cm, f',—15000 kg/sq cm 
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Let t - b/50 16 cm 

cover in short span 3 cm, C|5-=5 cm and 

cover in long span 3.7 ern, Ca -4.3 cm 

Solution'. (Design for one cm width of each strip) 

:< 0.01 : 24-=0.0384 kg/sq cm 
qi = 0.06 kg/sq cm 
I.,et qn-=0,004 kg/sq cm 
qt - 0.1024 kg/sq cm 

It is desirable to select the balancing load proportional to the external 
load distribution. The bending moment is shown to be inversely pro¬ 
portional to the square of the span of the corresponding direction. 
Therefore the load taken by the span would be inversely proportional 
to the fourth power of the span. (The load is directly proportional 
to the moment and inversely proportional to the square of the span). 


I’he load on span is proportional to 
8 PtbCb 


the balancing load is 


b2 


8 PtbCii 

b2 

or Ptt) 
Similarly 

Ptm 


a* qi)t 

a* b^ q,u 
8 (a* + b^) Cb 

b* a» qbt 
8 (a*-fb^)e» 


a* Lb* j 


(10.3.4) 

(10.3.5) 
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Let qbt=0.07 (vs qg~0.0384 and qt=0.1024) 
Then from eq. 10.3.5 


p>b= ( 

^ \0* \ / 6 i \ 

^ 10^ + 8'' ) ( 8x5 y 

) (10000 q,„'i 

= 800 kg/cm \vidih 

Pla= ( 

f 8‘ N 

( 100 > 

) 10000 q,., 

-=700 kg/cm width 

, i0«+8J ) 

[ 8 x4.3 . 


Load that is not balanced at transfer condition 


= 0.0384—0.07=--0.0316 k^/sq cm 

The bending moment coefficients for two-way slab from fig. 10.3.2 can 
}jc obtained as (for a/b— 1.25) 

/3i = 0.055, /3.. = 0.025, ^3-0.038 
/34-0.018, 0.046 

1 herefore corresponding bending moments from cep 10.3.3 arc 


MiH = 0.055x 0.0316): 640000-1110 kg cm/cm 
-505 kg cm/cm 
Mai -765 ern/cm 
Mas--'365 kg cm/cm 
Mab = 930 kg cm/cm 


Check for stresses at transfer : 


f 

fci 

ftt 


l\b AThi 

A Z 


300 

16 


1110 <6 
256 


= 50 ^26 


= 50-}-26 = 76 kg/sq cm 

— _50-]-26= —24 kg/sq cm (comp) 


It is not necessary to check for the strcs.ses in the extreme quarter strip 
as the stresses in the middle strip are within the allowable limits. 


Check for stresses at working load condition : 

Peb —“H Ptb —0.85 )< 800 680 kg/cm width 

Load that is not balanced = qt — 0.85 qt,t-^0.0429 kg/sq cm 

fee + ^^^=42.5 + 35.2 — 77.7 kg/sq cm 

A Z 

hg =—42,5 [-35.2 =— 7.3 kg/sq cm (comp) 

As the stresses at the critical .section arc much below the limiting 
stre.s.ses, it is not necessary to check for the stresses at the other sections. 
The area of steel may be obtained as 

= ir = tSoo 

A„ =.^^=-^^^=0.067 sq cm/cm width 
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Since the stresses are much below the allowable limits, the thickness of 
the slab could be reduced to 15 cm. With 15 cm thick slab, the stresses 
are found to be within the limits. 


Adopt the following; 

Thickness of slab — 15 cm, 

AbI)™ 0.071 sq cm, Asa ~0.067 sq cm 
in which Asa 2 ind A^b are the reinforcement in the long and short span 
directions. 

Maximum percentage of reinforcement is about 0.5 percent. Additional 
reinforcement to take care of twisting moment has to be provided. 

Check for dfection ; Elastic theory of plates can be applied to prestres¬ 
sed concrete slabs even for deflection measurements. The deflec¬ 
tion coefficients can be taken from the theory of plates. In the present 
section, the deflection coefficients are taken from ‘^Theory of plates and 
shells” by 'rimoshenko (10.2). 

Let 


6t—maximum deflection at transfer condition 
Sr maximum deflection at working load condition 
The deflection for a plate of aspect ratio 1.25 is given as 

0,006 q b» 

^ "". 


St 


0.006 X(- 0.0316) X 800^ 
1/12 x i'S^x 3.82 xlO'^ ■■ 


= —0.70 (upward) 


(prorating the deflection for imbalanced load) 

Sr --f0.78)f ^ Wl.06 cm. 

(The unbalanced loads are taken same as the original because there is 
not much deviation in the final section). 

A reinforced cement concrete slab will deflect by about 2.3 cm for 
the same live load conditions assuming an uncracked section. So the 
deflection of prestressed concrete slab is v^ery' .small as compared to a 
reinforced concrete slab. This characteristic behaviour is very useful 
for large spans. 

Ultimate load capacity of a slab is much higher than the ultimate 
capacity of the section, A slab will not fail by yielding at any one parti¬ 
cular cross section but fails by yielding at several sections in a pattern 
so that the total slab forms into a collapsable mechanism. Calculation 
of the ultimate load of a slab by yield line theory is not discussed in this 
section. 


10.4. PRESTRESSED CONCRETE BEAM AND SLAB CONS- 
TRUCTION ; Pres tressed concrete beam and slab construction is not 
very popular because of the constructional difficulties and economical 
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considerations. Prestressing operations in beam and slab construction 
are too involved to be very economical. Use of precast prestressed 
beams appear to be a more logical method of construction and has 
gained some popularity in the field. In such a case of construction, the 
design could be done independently for beams and for slab, treating 
ihe beam as a composite construction. 

10.5. PRESTRESSED CONCRETE FLAT SLAB: Prestressed 
concrete flat slab construction gained great importance because of 
several reasons that yielded in economy. Flat slab constructions 
lias the adaptability for any type of building requirements, case in 
form work, casting ol' concrete and prestressing operations (10.3 to 
10.7). Lift slab construction which forms a part of flat slab construc¬ 
tion has gained importance because of the case iu presti essing 
and form work operations. Lift slab construction is the one in which 
all the floors are cast in sequence at ground level, prestressed and 
lifted to the corresponding floor level by proper hoisting arrangements, 
riiere are three positive advantages in lilt slab construction ; (i) the 

flat surface of the slab giv^es an advantage and economy in casting the 
slabs at one level, one over the other with practically no money and 
lime involved in shuttering arrangements ; (ii) piestressing operations 
do not involve in any temporary hoisting and supporting anaiige- 
incnts; and (iii) the self weight of the slab is small as compared to 
any other construction. Fhe methods for lift slab construction arc 
changing fast to suit the availability of equipment and personnel. 

Lifting of the slab is done with a mechanical or hydraulic jacking 
system using the building columns as supports. Fastening the slab to 
columns and other details arc nut discussed in tliis chapter. 

Design of Prestressed Concrete Flat Slab : Flat slabs are invariably 
continuous so it is desirable to discuss the design of continuous flat 
slabs. Analysis of continuous flat plate supported on column 
presents a complex statically indeterminate structural problem. An 
exact analysis is difficult, so an approximate analysis based on 
wide beam theory is presented here. .Approximate moment co- 
cflicients are available in ‘‘Theory of plates and shells” by Timoshenko 
(10.3) which can be used in design. The flat slab could be treated 
as two sets of continuous beams, each set spanning in one direction. 
Fig. 10.5.1 illustrates the approximation made. I he approximation 
of beam theory assumes that the flat slab is treated as a wide beam 
rigidly supported along the column line. 

The design bending moments either at support or at middle of any 
span arc computed based on continuous beam theory treating the 
total width of the slab as the width of the beam. The total bending 
moment is then redistributed along the width giving a higher weightage 
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Confinogi beom m X-dlrtction 

Fig. lO.j. 1 : Flat slab on columns approximated as 
beams in two directions 

to the column strip as compared to the middle strip. rhe weightage 
of column and middle strip bending moments depend upon the number 
ol columns along the width of the assumed continuous beam. The 
bending iiioment is proportional to the rate of change of slope of the 
deflected slab profile. The rate of change of slope of column strip is 
much higher than that of a middle strip. Idie division of strips, its 
qualitative behaviour and approximate bending moments along the 
width of the slab are shown in fig. 10.5.2. 



(a) Deformation of column and middle strips 



(c) Bending moments on middle strip 
Fig. 10.5.2 : Column middle strip distribution in 
flat slab 







Prestressed Concrete Floors and Slabs 


159 


Two methods of design arc discussed in this section: (i) if 
the cable profile could be made in a curved form, then load balancing 
method of design is used; (ii) if a straight cable prohle is adopted, 
(hen simple beam column theory is adopted. 'Ihe bending 
moment profile is not very well known in a flat slab and even if an 
approximate moment profile is determined, it changes very rapidly 
so the adjustment of cable profile to suit the bending moment profile 
in balancing the load is not an easy practicable task and the loss of 
prestress due to curvature is relatively high. Hence a straight cable 
profile appears to be a more realistic and practicable solution in flat 
slab. An illustrative example using the two methods is given. 

Example 10.5.1: An area of 32 by 40 m is to be co\'cred by a flat 
slab for a li\x load of 500 kg/sq in. Design a prestressed concrete flat 
slab. 

Given data : 

rf,=:450 kg/sq cm, Ty— 15000 kg/sq cm 
column spacing—800 cm and 

thickness of slab= —-:20 cm 

40 

Solulion: I’he spacing of the columns and the corresponding 
l)ei)cling moments based on beam theory arc shown in fig. 10.5.3. 7"he 
di‘sign is ^\orked out by load balancing niclhod with parabolic cubic 
profile. 

It is desirable to assume a parabolic cable profile with constant 
radii in all the spans. 7 his keeps the balancing loads constant in the 
slab. 7'he design is done for column and middle strip in rme direction, 


•jj 4i 
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(a) Posilioii of columns 



(b) Bending moment coefficient (qL*) 
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(c) Gable profile of column strip 
Fig. 10.5.3: Flat slab design example 

and since the bending moments in the second direction are of same 
order as those in other direction, the same prestressing is adopted in 
second direction. 

Design of column strip : 

^ 2400 ,..0.20-^480 kg/sq m 
qi 500 kg/sq m, qt 480-|-500 = 980 kg/sq m 

Let g 4 cm (where g is maximum sag) and the intensity of load 

balanced at transfer be qijt and it is 
qi,i ^ 1000 kg/sq in 

Now qht (Pta t-Pib) 

As the spans are equal, let Pta = Ptb = l\ 

Then Pt =100000 kg/m width 

10x0.04 


- Pt/A 
100000 
^ ^rx 100 


50 kg/sq cm 


4 he prestressing cable changes its direction giving a downward 
component along the column line which increases the bending moments 
at working load conditions of the column strip. I'o reduce the vertical 
component along the column line, it is desirable to take minimum 
eccentricity of the cable. It ^\ill also be seen that the compressive 
stresses arc not really governing so the piestressing force could be 
increased and the eccentricity decreased. A free body diagram of 
prestressing cable force is showm in fig. 10.5,4. An exact analysis and 
design for this type of force system is difficult. It may be observed that 
the vertical component of the prestressing force at column line is 
[8Ptg/L]. For the particular slab, this component force distributed 
over the entire area of the column strip (8 :< 4) gives intensity of load 
equal to 1000 kg/sq in. The analysis should be done by including this 
vertical component force. 



(a) Vertical force component of the cable 
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(b) One unit of slab 

Fig, 10.5.4 : Free body diagram of one pan(4 slab 
with equivalent piestressing fort es 

Load not balanced on the column strip at tiaiisrer 

1000 , 1000 , , 


= 480 


400 kg/sq m 


Load not balanced on the middle .strip at transfer 
— 480 — 1000— -520 kg/sq m 
(The —ve sign indicates load acting upward) 

The effective intensity of load on one panel width may be taken as the 

mean of the intensities on the column and middle strips. 

The effective intensity ol load on the slab at transfer 

480-520 , , 

^ =--20 kg/sqm 

This effective load at transfer is negligibly small, therefore the stresses 
caused due to flexure arc very small. Ihe stresses at top and bottom of 
the slab be taken equal to 

X = 50 kg/sq cm 

The maximum bending moment occurs at the support B and this moment 
at transfer (fig. 10.5.3 for moment cocflicient) 

41 q 41 <20 <8x8 , , 

=-3§4 =--^84- 

— 13700 kg ern/m 

This moment is shared by the column and middle strips. Let the column 
strip be assumed to carry 70 percent of the moment while the middle 
strip carries the rest of the moment. The bending moments of column 
and middle strips are denoted by a superscript of c and m respectively. 

—0.7 > 13700 =-9590 kg rm/50 cm 
X 13700 - 4110 kg cm/50 cm 

Check for stresses in the column strip at transfer condition : 

Pt M%i 100000 9590 x6 

let - X ^ - 20 x 100 50x20x20 

= 50X2.8=52.8 kg/sq cm 


137 kg m/m 
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ftt = _ ^ +—^‘-=_5 o+ 2.8 = -47.2 kg/sq cm. 


Both the stresses arc within the permissible limits. 
Check for stresses in the column strip at working load : 

Pe - 0.85 Pt -85000 kg/m 


Load not balanced in the column strip 


- 980 - 


850 

0 



-- 980 kg/sc| rn 


Load not balanced in the middle strip 

980 -850 130 kg/sq m 

X. ■ n j 980+130 , . 

Mean intensity ot load= ^ =530 kg/sq m 


AP'bo - 



0.7 :41 



X 555 X 8 A 8 
384 


= — 2570 kgm/50 cm 
= — 257000 kg cm/50 cm 


_ P, , 4 257000.<6 

A Z 100x20 ■*' 50x20x20 

- 42.5 + 77.2 +19.7 kg/.sfi cm 
ftc . - + ’^ 2 "" =-42.5 + 77.2 = 34.7 kg/sq cm 


Similar computation for stresses for the middle strip both for positive and 
negative bending moments is to be made. 

bo keep the balancing force constant throughout the slab, it is 
desirable to keep the preslressing force and eccentricity same both in 
the middle and column strips. This adoption is not very economical as 
it takes higher steel content. An approximate and effective economy 
could be obtained by redistributing the cables so that a higher intensity is 
provided in the column strip as compared to the middle strip. 

Ab .! I, =8.88 sq cm/in 

The load balancing method discu.ssed in this example is an approximate 
method. I'hc approximations could be justified because of symmetry in 
loads and also the number of spans are more than three. There arc 
some practical difficulties in setting up the alignment. The loss of 
prestress due to the curvature is also considerable. To avoid the design 
and the practical difficulties, it is some times advantageous to provide a 
straight cable across the slab. Such a cable when provided eccentrically 
will generate secondary bending moments. Determination of the secondary 
bending moments is difficult. Therefore it is desirable to keep the cable 
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at the centroidal axis or at least very close to it. The secondary bending 
iijornenLs may be negligible in case of very small eccentric straight cables. 
I hc method is illustrated through an example. 

Example lOiS.2 : An area of 32 X 40 m is to be covered by a flat 
slab and it is subjected to 500 kg/sq m of live load. Design a slab 
assuming a straight cable profile (same as example 10.5.1 with a change 
in the cable profile). 

Given data : 

fh;=450 kg/sq cm, 1st-^10500 kg/sq cm 

r8= 15000 kg/sq cm, column spacing ~800 cm and 

thickness of slab = 24 cm 

Solution ; 

The spacing of the columns and the corresponding bending 
moment based on beam theory are shown in lig. 10.5.3 (same as adopted 
ill exani[)lc 10.5.1). The slab is subjected to positive and negative 
bending rnnmciits and the negative bending moment dominates the 
tlesign. So adopt a negative eccentricity of 1 ctn straight cable, 
qg=2400 X 0.24 = 576 kg/sq in 
q^ — 500 kg/sq m 
\ qt.-=1076 kg/sq m 

Disiof/ oj i'ofuytn strip at support B : l.et there be no tensile .stress, 
presimt at ^vorking load condition at the support B then 



It is assumed that 70 percent of the moment is taken by the column 
^irip and 30 percent by the middle strip. Then 

M%c = < 1076x8x800- 0,7 -513000 kg cm/50 cm 

X 1076 X 8 X 800 X 0.3 ==221000 kg cm/50 cm 

3o4 

The substitution of in eq. 10.5.1 gives 

=0,2 f'o 
/V 

Pe = 102600 kg/50 cm 

Pt = = 121000 kg/50 cm 

Check for .stress at support B of the column strip ; 
ftc- 0 

^ _ Pe Pee M‘ bc _ 102600 102600x6 5 1 3000 x 6 

ce - ^ Z Z “ 50x^4 50x24x 24 50x24x24 

=85.8—21.5+107=171.3 kg/sq cm 
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Check for stresses at mid span of column strip : 

-- moment coefficient = 27.5/384 

, F. , Pee , 

It. == - 


Z 


Z 


— 85.8 I 21.5-1-72 = 7.7 kg/sq cm 

P P e Vl< 

fee =--^+ -|-+ ' 7 -- =85.8+21.5x72=179.3 kg/sq cm 

Stresses at other points of the span need to be checked. 

A„ =—= 1 1.5 sq cm/50 cm 

Use 60 wires of 7 rnm diameter per metre width in two or three 
rows or in strand. 

Design of middle strip : 'The bending moments at the middle strip are 
3/7 of the column strip. Iherefore the prcslressing force could be about 
half of the column strip and the stresses be checked. 

Pet 


Pe 


102600 


^ 51300 kg/50 cm 

Check for stresses at support of middle strip ; 


f.,. 


P. PoC 

A “ ■ / 

y ■ --42.6—10.8+48 

1,,- 

•.7 

- -12. 

.4 kg/.sq cm 

6 IOB/4(>- 

78.1 kg/.S(| ern 

fit 

V... _ 

Pte 

A 7/ ■ 

. y ^ (permissible) 

frt 

Pi 

A 

Pie M 

z ' : 

"'bt 

y < (permissible) 


Check for stresses at middle of the middle strip : 
r Po PeC 

fte =- 7 ^- + —+ z ■ 42.6+10.8 + 31 

= 0-8 kg/sq cm (permissible) 

<( (periiiis-sible) 


I'r 


P,. 

A 


P,e 

Z + Z 


30noB of 7mm/m 30 nos of 7 mm in micldto *TriD/nn'\ 

6 O no* of 7m m Zm , 60no*of 7mmin column a 


! tTrio/mi 
1 stript/mj 



-/- 

e 

1 cm 

400 -^^ 

-1- 


--*-1 200 [-—400 -j- 400 H * 400 -400“^ 

jMiddl* trripICdlunin sinolMiddi* elf ip | Column 

Fig. 10.5.5 : Rcinforccmcni in slab—Example (10.5.2) 
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Use 30 wires of 7 mm diameter for one metre width. Fig. (10.5,5) gives 

steel distribution in half of the slab. 

Problems 

10.1 There are three parallel walls of 20 m long and spaced at 3m 
apart with two end walls. Design a prestressed concrete slab to 
cover the area. Use rc = 400 kg/sq cm, f 15000 kg/sq cm. The 
working load on the slab be taken as 500 kg/sq m. 

10.2 Design a two-way slab to cover an area of 4 by 6 m and to carry 
a working load of 600 kg/sqm. The slab be designed as prestressed 
in both the directions with straight cables. Use f'e = 400 kg/sq cm 
and f'a—15000 kg/sq cm. 

10.3 A small building consists of three rooms and the plan of which is 
shown in fig, 10.1. The live load to be carried by the roof is 
240 kg/sqm. Design a single flat slab to cover the entire area. 
Use re = 400 kg/sq cm and rs= 15000 kg/sq cm. 

Hint : The slab is to be assumed as simply supported on the outer 
walls. The continuity of the slab over the intermediate walls be 
idealised as fixed edge support. The appropriate bending moment 
coefficients for slabs with different edge conditions may be taken 
from the code specifications. The fixed end bending moments for 
two adjacent slabs at the common support arc likely to be different. 
Take a mean of the fixed edge bending moments at the intermediate 
support and design a cable going from one end of the slab to 
the other end. Do not curtail the cables at the intermediate wall 
level. 


10.4 



Fig. 10.1—Problem 10.3 


An area of 30 by 40 m is to be covered by a fiat slab with a 
working load of 400 kg/sq m over the slab. Design the slab as 
supported on columns spaced at 6 m and 8 m in the 33 m and 40 m 
directions respectively. Use rc=400 kg/sq cm and fg—15000 
kg/sq cm. 
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FOLDED PI.A EE AND SHELL STRUCTURES 


ILL INTRODUCTION ; l lic efficiency of a structure depends up¬ 
on the efiectivc use of materials in the structure. Shell structures have 
an inherent advantage in tlieir geometry to distribute the load effecti¬ 
vely to all the material instead of concentrating the load resistances to 
any particular portion. The load carrying capacity of the shells de¬ 
pends basically on the shape of the structure rather than on the mass of 
materials used. Even though the shells are very efficient structures, 
tlicii use is limited to spccilic purposes due to other utility criteria. 
'They are generally used as roof slruclures and sonieliiues as foundation 
structural elements. 'There is a positive aesthetic advantage in using 
these structures for roof elements. The architect has a great Hexibilitv 
in adopting any dcsiied shape aiifl curve* tf) exj>res5 (he human 
imagination through the .structures. Conventional shelN such as 
cylindrical and spherical shells arc not very diQicult to analyse for 
given .standard boimdary conditions. Shells of doable curvature and 
shells of arbitrary curves acrormnodate the imagination of architects but 
are rather dilficuh to analyse. Approximate methods or experimental 
tt'clmiques arc used as a basis of design in such complicated shell struc¬ 
tures. Analysis of j)restressed concrete shell structures presents much 
more sophisticalit>u as compared to the reinforced concrete shells. The 
use of prestres.sing is commonly adopted for conventional .shells .such as 
cylindrical, spherical and folded ydates without much dilficully. This 
chapter prest nts some simplified and approximate analysis which are 
good for most of the practical problems. The book is designed essen¬ 
tially for those who are not familiar with the theory of shells. Readers 
who would like to have more detailed information are referred to some 
of the standard liooks on shell theory (11.1 — 11.6). 

1L2. ANALYSIS OF FOLDED PLATES : Folded plates may be 
Inoadly classified into three groups such as long, intermediate and short 
folded plates. When the length to rise ratio of the folded plate is grea¬ 
ter than 10, it is called long plate ; otherwise it falls into one of the two 
remaining categories. Methods of analysis of folded plates are generally 
classified as (i) beam method ; (ii) folded plate theory neglecting the 
relative joint displacements; (iii) folded plate theory considering rela¬ 
tive joint displacements j and (iv) elasticity approach. Beam method 
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which comes out of simple statics uses the beam formula, treating 
the folded plate as a beam. This method, which is based on linear 
stress variation in cross-section of the fold, neglects the transverse 
slab bending moments and therefore the method is dependable for long 
folded plates. Folded jdate theory neglecting the relative joint displace 
ments assumes that the plates are relatively deep in their own plane so 
as to provide transverse supporting reactions at the folds. I'hus the 
folded plate in the transverse direction is treated as continuous one-way 
slab. This method, even though it makes a better approximation than 
beam theory, is still an approximate method and likely to give trans¬ 
verse bending moments of the slab higher than the actual ones. The 
third fold(‘d plate theory which considers the relative joint displace- 
inents, is much improved and more accurate. It can be applied to 
most of the folded plates except very short plates. Flie fourth method 
which is the most accurate of all, treats the structure as a continuum 
and uses an elasticity approach. The presentation of this method is 
beyond the scope of this book. I’he first two methods are faiily straight 
forward and do not need much explanation, 'i'herefore only the third 
method—folded plate theory considering relative joint displacements, 
is described in this bf)ok. 

The folded plate theory considering the relative joint displat:ements 
separates the structure into two structural actions. I’hc .slab in the 
transverse direction is treated as a continuous slab on elastic supports 
and the I'orccs in the slab are evaluated using slopc-dcflection equations. 
The plate in the longitudinal direction is treated as a beam subjected to 
the forces in its plane. Displacements at the folds are used as compati¬ 
bility conditions between the transverse slab and longitudinal beam 
actions (11.7). 

(z) Slab action \ Fig. 11.2.2 illustrates the two actions of folded plate, 
(a) slab action, and (b) beam action. Plane of any plate is taken as 
xy plane while x-axis is considered to be the longitudinal axis of the 
plate. For the purpose of analysis, all external loads on the plate are 
resolved into two perpendicular directions. One is transverse to the 
plate and the other is in the plane of the plate. All external loads arc 
assumed to be of harmonic function (sin n-irx/L) so as to simplify the 
analysis of force and deformation relations in the longitudinal section of 
the folded plate. Any distributed load is approximated as an equiva¬ 
lent harmonic load and the results are deduced from it. 

Analysis : Let the load on any slab connecting i and i-f-l joints be 
represented by 

. irx 
qufi = q sin 

where 

L=length of the folded plate 
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Folded piorr, L ood component» , Slob sfrlp oc lion- Beam act ion in * y- 

in Y2 plone plane 

Fig. 1 1.2.2 ; Folded plate structural action 
qj,^jz= intensity of load acting vertically downwards 
Let qz and qy be the components of the distributed load q in z and 
y-directions rc'^pectively. d he forces and deforrnalions used in the 
derivations are shown in fig. 1 1.2.3. 



Fig. 11.2.3 ; Slab strip spanning between i and i f 1 joints 
Considering a unit width of the slab spanning between i and i-}-l joints, 
the force deformation relations could be written as 


ntii+i 

^14-11 

Qiin 

QiHi 


— nirii-f-2 -f-ltii+i (20101+1 —35 ii.|.i) 

= nifi+ii-hkii+i (20i+i-f 0i~36ii+i) 


(mii+i —miiii) _qzdii+i 

diifi 2 

mi+ii —mii+i _qz d ^+1 

diiii 2 


J 


( 11 . 2 . 1 ) 


where 

mii+i=bending moment at joint i of slab connecting i and i + 1 
joints 

Qn -n =shear force at joint i of slab connecting i and i-f 1 joints 
0i = rotation of joint i 
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, 2 Et^ 

^ " T2d 

d — width of slab 

Moment compatibility at joint i yields 

mi 

"I he compatibility equations lead to three moment equations as 



— (2 mn-f mri-i) I- . ^ (2 infi ] mn+i) -■ (11-2.2) 

M 11 kii.i 

Eq. 11.2.2. is essentially a gov^eruing equation of the ith joint, contain¬ 
ing one moment and deflection of the joint. If there are n joints, there 
will be N equations involving 2s unknowns, n unknowns could be 
evaluat(‘d from the n joint equations and the other n unknowns will have 
to be delenuined iVoin the deflection compatibility of the slab and the 
longitudinal beam action. 

(a) Beam action The three types of loads acting on the beam 
clement are shown in fig. 1 1.2.4. 

( i ) (lomponciit of the distributed load (qy) in the plane of the 
plate ; 

(ii ) component of the slab transverse shear force (Q,) ; 

( iii) component of the line load acting at the joint or fold. 

The line load at the joint is first resolved into components along with 
the transverse shear (Q). The ( ffect of the plane force is determined 
as shown in fig. 11.2.4. 

Let 

Si- line load at the ith joint 


= S sin 


ITX 

L 


Rii -i -combined effect of the line load and the transverse shear Q, 
at the ith joint, transverse to plate ii—1 

Similarly Run 

rhen the forces at the fold arc given by 

Sii-i t (iii-i "I 

\ .. (11.2.3) 

Rnn““ Siin d*Q.ii+i J 

The components of fold forces in the plane of the plates are given by 


Pu i Cosaid-Rii+i) cosecai 

Piifi ^ (Rii-i+Rlia cosrti) coseca^ 


(11.2.4) 
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Fig. 11.2.4 ; Forces at joints and llirir components in the plane of the platci 


where 


Oi =angle of deviation of the plates 

Pji_j = force acting at the ith joint in the plane of the plate i, i— 1 
On any plate there will be two forces acting one at each of the two 
joints of the plate as shown in fig. 11.2.5. 

Let Pi = total cfTcctivc force on the plate ii--l, then 


H-Pi- 


(1 

f ^ UK \ 

qjdy - 

0 

(P,sm L ] 


(11.2.5) 


Considering only shallow plates where depth (d) is small as compared 
to the length (L), tlie plate could be treated as a beam loaded with Pi. 
Then the mid-span bending moment for the loading is 

M.p =-~ .. (11.2.6) 


The corresponding extreme fibre stresses based on simple beam theory 
arc 


fpi-ii 

fpn-i 


Mip 

Zp-ii 

-Mip 

Zi-n 


(11.2.7) 
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where 

Mip ~ bending moment of mid-span of plate i — 1, i. 
fpi-it = bending stress due to load P at i-^ 1 th 
joint of plate i—1, i and similarly fpii-j 

Zi_ji = modulus of section of the plate about z-axis 


p. 

,1 < Pn ’v 

FIr 1 1.2.5 : Eftcctivc force acting in the plane of plate 




Fig. 11.2.6 : Plate acting as a beam 


Bending stresses of the two adjacent plates at the common edge or 
fold should cause equal strains. If the extreme fibre strains of the two 
adjacent plates due to P forces are not compatible at the fold, then a 
secondary set of stresses will be generated within the plate. Such stres¬ 
ses could be generated by a self equilibrium shear force system. 

Let Ti-i and Ti be the self equilibrium shear forces developed at 
the i— 1 and i folds of the structure. These must vary in sin wx/L form 
to be compaliblc with the other stress system. The bending moment 
and normal forces due to the shear forces are given by 

M„ =-^‘ 2 " (T,^i+Ti) .. (11.2.8) 

Nu = .. (11.2.9) 

where 

Mit=bending moment on the plate i~ I, i due to shear force T 

Nit —normal force on the plate due to shear force T 
Stresses due to the shear force system may be obtained as 


ftl-11 — 

N,t 

M,, 

Ai-u 

Zi-11 


.Niv 

Ai-u 

, M,t 
Z,-„ 


( 11 . 2 . 10 ) 
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where 

f^=stress in the plate due to shear force T 

Final extreme fibre stresses can now be obtained from cqs. 11.2.7 
and 11.2.10 


fl-li = fpl-ti + fu-li === 


-M 


ip 


Mi 


Zi_ii 


Mip + Mit 

Zi-u 


bi- l —fpu i I i h 

Eq. 1 1.2.11 could also be expressed as 


Nit 
^ Aj u 

Nit 
Aj n 




( 11 , 2 . 11 ) 



1 

Zi-11 

4Tm + 2T, 
Ai-ii 

rii-a= 

Mip 

ilLt-'T'lrJ 

N 

-'^1 11 


( 11 . 2 . 12 ) 


Assuming the Poisson’s ratio is zero, the longitudinal strain compatibi¬ 
lity reduces to equivalence of the stresses at the fold. A diagramatic 
representation of the two adjacent stresses is shown in fig. 11.2.7. 

The strain compatibility then gives 

fii 

Fi H 


iI-1 

= fiin or 


Ai_ii 


1 ^ 
All 11 > 


M,p 

Mm ip 


Yz'jJir 

2 Zii M 


Ti-f 


(11.2.13) 


Eq. 11.2.13, when applied to each of the folds, will generate sufficient 
number of equations to determine the shear forces T. 


Displacement compatibility of the slab and beam actions : The plate edges go 
through deflection which should be compatible with slab and beam 
actions. The deflection in slab action is already indicated by The 
loading on the beam action of the plate vary as sin irx/L so the rnid-span 
deflection in the plane of the plate due to sin “Wx/L load is given by 


_ Mi _ 12 / M L2 \ 

Vii-i— ^2 EJ td' Ji 


(11.2.14) 


where 


Vii_i = deflection in the plane of the plate i —li 

Mi =Mip+Mit 
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fU\: 



Fig. 11.2.7: Longitudinal strain compatibilitv 
condition (Poisson’s ratio~0) 


Deflections of plates adjacent to joint i should together produce a com¬ 
patible deflection as shown in fig. 1 L2.8. 





Fiir. 1 I.2.« : Deflection of fold i 


From fig. 11.2.8, deflection relation could be written as 

vvi (vii+^ —vii..! cos c(i) cosec ofi .. (11.2.15) 



“'^1?-i"r(Vi-iH Vi-ii -2 cos«i-i) cosec 

du~i 

vti-n c osec ^ 1 — ( cot«H c osec ori -^) V h-, cot gj- ^ 

dii-i 


.. (11.2.16) 
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The derivation apparently looks pretty involved. However the solution 
could be obtained from the series of simultaneous equations, or through 
an iterated scheme. 

11.3. DESIGN OF FOLDED PLATES; 'The load balancing 
method is a good approach to the design of folded plates. Folded 
plates are to be designed for transfer load and working load conditions. 
I he external load acting on the folded plate is essentially due to self- 
weight of the plate with relatively small live load. These two loads 
could be taken as acting vertically downwards and resolved into per¬ 
pendicular coordinates, one normal to the plate and another in the 
plane of the plate. Span of the slab is usually small and it is also not 
convenient to impose prestressing force along tlie slab profile. I’licre- 
fore, the slab is designed as a simple reinforced concrete slab and the 
prestressing is done in the longitudinal direction of the plate to com¬ 
pensate the beam action (11.8—11.12). 

Design example 11.3.1: Design of a folded plate structure to cover 
an area of 30 by 10 m using a single fold of 90” included angle. Live 
load on the plate is 100 kg/sq in. 

f dven data ; 

L^--30 m, 11 ^--5 m, d“ 5-^/2 7.07 m 

qi~ 100 kg/sq m 
Solution ; 

Let t-L/250—12.5 m 

then qd 2 2400 ^ ^423 kg/sq m 

Let the uniformly distributed load be converted into a statically 
equivalent sinsoidal load, then the maximum amplitude is given by 
(the first term cocflicient of the scries) 

4 

q r- — < (uniformly distributed load; 

The effect of the hormonic loading is obtained if the uniformly 

4 

distributed load intensity is multiplied by 



Fig. 11.3.1 : Example 11.3.2 
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The longitudinal edges of the plate are assunaed to be free, so 

Ti = T ,=0 

1 

IjCt I 

^12 - ^23 — ^ because of symmetry 


Mjfi t' Mop 

2 Z 

(M,„ f M,p) .. (11.3.1) 

There is no line load at the fold and the extreme edge of the fold is 
free, so all the transverse components of the load will be transmitted 
directly to the adjacent plate. The plates are perpendicular to each 
other so the transverse shear on one plate would act wholly on the 
other plate in its plane. Due to symmetry, only one plate of the 
structure is designed. Additional advantage in this example is that the 
deformations and transverse shears are uncoupled because of the 
syinmt‘try and single fold. 

M^p- -- M.JP and 
\ Tg- 0 (from cq. 11.3.1) 

Load at transfer (self weight only) 

(q« d ■[ Q,p) 

7.07 i X 7.07 = 5360 kg/m 

4 

Load at working condition^ (qt d-f-Q,t) — —6650 kg/m 

Let Pbo^load balanced at transfer condition. Transfer load should be 
chosen so as to keep allowable stresses at transfer and working conditions 
about the same. The allowable compressive stress at working condition 
is about 0.8 time.s to that transfer load condition. Then a good load 
balance may be detained by 

0.8 (qpi —5360) - (6('>50 - .85 

10950 ^ 

. . qbt=^ j -=6660 kg/m 

Let the cable profile be parabolic and maximum eccentricity equal to 
3 m. Then the equivalent balancing load is given by 


r 423 

Lv ~2 


Zj2— Zga — Z 


From eq. 11.2.13 

1 


T,. 


A /\ 
A 


(M,p -i- M^p) 
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BcPt 


Pt= ^^^^51=251000 kg 

. Pt 2^1000 „„ „ 

^■= a7rr= “T050r=23-8 cm 


Check for stresses at transfer: 

Load not balanced=5360—6660= — 1300 kg/m 

L2 

bending moment Mt = 1300— = 104000 kg m 

IT* 


Pt 250000 

average stress =-— 7 ^ 


28.6 kg/sq cm 


bending stress 


Mt 

Z 


6X10400000 
12.5x 707x707 


= 10 kg/sq cm 


fcj = 28.6-l-10 = 38.6 kg/sq cm (permissible) 

ftt = —28.4+10= —18.6 kg/sq cm (permissible) 

Check for stresses at working load : 

Pe = 0.85 Pt=212000 kg 

Load not balanced, qbe~6660 —6660= — 10 

I. L* 

bending moment — 2 “ 


average stress = j 2 5 x 707 ^ cm 

, Me 

bending stress = 12.5x707x7^ 


The stresses are much below the permissible limits so the prestressing 
force may even be reduced. 

. ^ 23.8x 100 

Percentage of prestressing reinforcement = y 2 5 ^^^=0.27 


Design of slab : At transfer condition load that is not balanced 
= —1300 kg/m, /. P2=1300 kg/m (line load at fold) 
Mip=Mt= 104000 kg m 


q» = (^^)4™ 

From cq. 11.2.16 

[Vjj —(0+1) Vjn + O] v^—Vji 

=-g - g 
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24L2Mip 
ir^E td" 


Similarly 823 = j 
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The substitution of various quantities in the three moment equations 

gives 


2 in 


' I, k y ~ k V 12- 
-( 


qd*\ _ 

12 j 


72 Mip \J 
Et d» 


)(- 


Et^ 
12 d" 


6 ( 2 ) ( 

)= 


24 L> M 




Et d3 

6 Mip U t* 


It may be of importance to note that the slab bending moment 
is a function of the length of the plate which is essentially caused 
due to relative displacements of the slab edges. 


6x104000x900x0.125x0.125 , 

X 7.07x7.07x7.07x7.07 ~ 491 kgm,ni 


Use I cm wires, 12 nos. per metre width near joint as negative 
reinforcement. 



e69.gr. 


Fig. 11.3.3 : Bending moment on slab profile 
Design of mid section : 

491 


Bending moment at middle of the slab — 1869 — 


2 


—1623.5 kgm 

Use 1 cm wires, 22 nos. per metre width 

The negative bending moment increases gradually near the longi¬ 
tudinal end support. It is desirable to extend the positive reinforce¬ 
ment into the negative moment zone near the support. 

I cm a 12-5 cm^ 

I cm a lS-0 cm 
I cm *9 10 0 


Fig. 11.3.4: Slab reinforcement 



The solution of this example can also be obtained with good 
accuracy by treating the folded plate as a beam with inverted 
V as the cross section. The following example will indicate an 
approximate design procedure of long folded plate based on the simple 
beam theory. 
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Example 11.3.2: A folded plate is to be designed to cover an area 
of 32 by 35 m. The service and superimposed loads arc 100 and 50 
kg/sq m respectively. The length of the folded plate is to be taken 
as 32 m. 

Solution: 

An inverted v type of fold with 7 m fold width as shown 
in fig. 1 L3.5 is selected. Five folds of this type will cover 35 m width 
and also give a wider top flange. It is desirable to have a wider top 
flange to meet the working load compressive force at the top fibre. 
The span to fold width of the folded plate is 32/7 and span to height 
ratio is 32/2. Therefore the folded plate can be treated as a long 
folded plate and be designed as a beam. 

The thickness of the flanges and web are usually governed by 
practical limitations. So the sizes of the various elements are assumed 
subject to practical limitations and shown in fig. 11.3.6. Various 
sectional properties of the fold, such as area, moment of inertia, 
arc computed in table 11.3.1. 

200 
1 . 

-- 70 0 - ^ 

Fig, 11.3.5 : Typical (oldcd plate selected for tlic roof 




The loads arc taken for one fold width instead of the intensity 
of load. 

w — qx7 

self weight = Wg=0.75104 X 2400= 1804 kg/m 
wg-f W8=l804-f 50 X 7 = 2154 kg/m 
wt=W|+We-}'wi=2154+100 X 7=2854 kg/m 

Let the load to be balanced be approximately the mean of the 
loads at transfer and working load 




Folded Plate and Shell Struehtres 181 

Table 11.3.1: Sectional properties of a fold of 7 m width 


Section 


area 

distance 

from 

bottom 

flange 

moment 
of the 
area 

moment 
of inertia 
about 

C.G.C 



cm® 

cm 

cm® 

cm* 

1. Top 
flange 

1 

j 

I 

i 

200 X 10 
= 2000.0 

200 

400000 

2000 X 88 ® 

= l 54,88 X 10® 

2. Inclined 
web 

(282.4 X 8 ) X 2 
= 2x2259.2 
= 4518.4 

100 

451840 

^1x2259.2 






X 200® 

+ 2259.2 

X 122)x2 

= 157,15x10® 

3. Bottom 
flange 

1 

J 

(50 X 10)2 
= 1000 

0 

0 

1000 X112* 

= 125.44x 10® 

Total 


7518.4 

— 

851840 

437.47x10' 


^“7518.4 

wbe= =2504^2500 kg/m 

Some of the prestressing cables can be supposed to be straight in 
the bottom flange and the remaining have parabolic profile in the plane 
of the inclined web. The vertical component of the balancing cable 
force in the web should be treated as the balancing load. T he relative 
sizes of the bottom flange and the web suggest that about two-thirds 
of the cables could be accommodated in the web portion and the re¬ 
maining in the bottom flange. 

Let the effective sag in the inclined plane of the web =1.00 m 
Equating the load balancing forces in the vertical direction, gives 


V2 

P- 


Kt) 


2500x3x^^x32x32 
" 2^8 X EO 


676800 kg/fold width 


Pt 



676800 

0.85 


= 795000 kg/fold width 
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Check for stresses at transfer : 

Load not balanced at transfer condition 


2154 - 


frt - 


2500 _ 

Pt M yn 

A‘+ I 


2154 - 


2500 
0.85 
795000 


" 7518.4 
— 105.54 20.5 — 126 kg/sq cm 
Pt , Myt 


+ ■ 


= -786 kg/fold 

786x32x32x lOOx 112 
437.47X 10^ 


- 105.5+(20.5) 88/112 =-88.8 kg/sq cm 


Check for stresses at working load: 

Load not balanced at working load is 
= 2854-2500 = 354 kg/fold 

_ Pp ^ Myt _ 676800 354x32x32x 100x88 

A Y " 7518.4 437.47x 10®' 

= 89.74 7.3 = 97 kg/sq ern 

fie ---=-f-’-—--R9.7 + 7.3 (1 12/88) = -80.4 kg/sq cm (comp). 


Use M 400 concrete with 7 inm high tensile ^vires 
Area of steel in the bottom Hangc —(Pt/0.7 f's) 


1 x 795000 
3 X 10500 


Area of steel in the two inclined webs 


= 25.2 sq cm 


= |- (P,/o.7 rs) = 


2 X 795000 

3 X 10500 


50.4 sq cm 


The area of steel (50.4/2) =25.2 sq cm should be set up in 
parabolic profile in each of the inclined webs with 100 cm effective 
eccentricity. 

This example gives the design of the longitudinal prestressing force 
only. The folded plate is to be treated as a continuous beam supported 
at each of the folds along the width of 35m and be designed as a 
reinforced concrete slab. 


11.4. INTRODUCTION TO PRESTRESSED CONCaiETE 
SHELLS : The aim of this book is only to present a basic concept of 
design of simple shell structures such as spherical and cylindrical shclb. 
Prestressed concrete cylindrical w^ater tanks have become very popular 
so an attempt is made on the design of cylindrical water tanks. Be¬ 
cause spherical domes arc used for building and tank roofs, a typical 
design of a spherical shell is ako presented. Cylindrical shell roofs arc 
prestressed in the longitudinal direction as done in the folded plate 
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construction. The edge beams of cylindrical barrel which are gene¬ 
rally subjected to high tensile and torsional stresses arc prestressed to 
increase the working strength and stiffness. A detailed design ofpre- 
scrcssed concrete cylindrical shell is discussed here. 

11.5 DESIGN OF CYLINDRICAL TANKS; Four types of cylin¬ 
drical tanks are in current use. Their classification is essentially based 
on structural behaviour caused by the boundary conditions at the base 
of the tank. Theoretically, the base of a tank could be fixed even 
though it is practically impossible to enforce a rigid restraint against 
rotation at the base. The footing or the bottom slab and the soil on 
which the footing rests are elastic materials, so only an clastic restraint 
is offered against rotation at the base of the cylindrical wall. Design 
of such tanks should be done on partially restrained base condition. 
An illustration of this example is shown in fig. 11 .5.1. Hinged base 
(fig. 11.5.2), which is free to rotate about the joint, is reasonable to 
obtain in practice, and if designed as an idealised hinge, it is safe even 
if some partial restrains are enforced at the joint. The third type of 
base, the sliding base as shown in fig. 11.5.3, is very simple in its 
structural design but not so easy to attain in practice. There will 
always be some frictional restrain between the base and the wall which 
will introduce secondary bending moments. The fourth type of base, 
as shown in fig. 11.5.4, is an extension of sliding base with more flexi¬ 
bility for rotation and sliding. 



essentially acts as partially fixed base 

Design example 11.5.1: Design of a prestressed water tank wall for 
storage of 2 X 10* litres of water. The tank may be assumed to be free 
at top and fixed or hinged at the base. 

Given data: re=450 kg/sq cm, fct=0.5 f'e, fce=“0-If'c 
rg= 15000 kg/sq cm, q=O.0, n=5.5 
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Solution : 

Let the height (h) to diameter (D) ratio of the tank be 0,25 
i.e. (h/D - 1/4) 

/ 'W h \ 

Volume ~ f -^ - j “2x 10®m® by substituting D = 4h 

>- 2000000 

Tt 

or D ==21.6 m 

/, R=10.8 m and h==5.4 m 

Determination of prestressing force : The formulae developed in chap¬ 
ter VI based on load balance technique arc used here. 

p = 0.021 

tst 

qR (1-pn) 

-- — -- 

'Hp Lt Ire 
Hydrostatic thrust at base is 

q — yh^O.OOl X 540 = 0.54 kg/sq cm 

. 0.54x1080 (1-0.116) _ . 

“ 0.8x0.021 X 10500-45“^ ’‘I cm/cm 

Use a minimum wall thickness of 10 cm to take care of bending moments 
and reinforcement. 

Let all the hydrostatic thrust be balanced by prestressing force and fur¬ 
ther induce 0.1 f'e compression in the wall to avoid any possible di¬ 
king or water leakage. 

Then 


Cp P—qR 
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From eq. 6.3.10 

p.e.a.(.„+^) 

T. T. . . q Rn 


(11.5.2) 


From cq. 11.5.1 

P —Ice ■A.c'FqR 

=::45x 104-0.54X 1080-.450-{-583--1033 kg 
From cq. 11.5.2 

1033 

^‘■=' 8400 + 320 . 8 -^°-“ ® 


It may be observed that by increasing the area of concrete, the 
area of steel requirement is also increased, to keep a minimum of 45 
kg/sq cm of compression at working load condition. 

Pt—Ag fat=1240 kg cm 

. Pt 1240 , , 

-jjj-=124 kg/sq cm 

Bending reinforcement: There is always a radial thrust inward 
and it is maximum at transfer condition. The fixed bending moment 
and shear force at the base of the wall are given by Timoshenko 
(11.13) as 

qr Rt / 1 


Mo = - 


Q.O- 


■v/12 (l-u’*) 
qr Rt 


(- m ) 


(11.5.3) 

(11.5.4) 


•v/12 (1-u*) 

Where 

Mo = fixed end bending moment 
Qo = shear force at fixed base 

q, = radial thrust 

The hydrostatic thrust q should be replaced by radial thrust cau¬ 
sed due to prestressing force and such a balancing condition gives 


Pt 


1240 




Substitution of various quantities in cqs. 11.5.3 and 11.5.4 gives 
qMo = — 6985 kg cm/cm 
and Qo = ~ 2.13 kg/cm 

The fixed end bending moment is 6985 kg cm/cm and is too high 
for 10 cm thick slab. Thus the tank should be designed with hinged 
base rather than fixed base. 
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Qo 


= 46 kg/cm 


Design of reinforcement at hinged base: Let Qo be shear force at 
hinged base, then it can be obtained from Theory of Plates and Shells 
by Timoshenko (11. 13) tliat 

qr t^ R2 

Olv(i 

The reinforcement should be designed so as to take all the shear 
forces. A typical reinforcement for hinged base is shown in fig. 
11.5.6. Assuming that the weight of the wall is transferred directly 
to base but not through the reinforcement, the force in the inclined 
wire due to shear force could be obtained from fig. 11.5.7. 

Let there be two inc lined wires at the base and depending upon 
the direction of shear force, one wire will be in tension and the other 
in compression. Let Fo be the force (comp, or tension) in the the wire 
then, 

4 F„ cos 60 = Qo = 46 
Fo^ 11.5 kg 
11.5 

1400 ^b.009 sq cm/cm width 


Area of steel = 


Provide a minimum shear key mild steel reinforcement of 1 cm wire 
at 20 cm. 
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The prestressing wire should be wound round the tank in 
helical manner with a minimum clear spacing of 2.5 times the diameter. 
In case of tanks when the height of the tank is large, the number 
of wires may have to be arranged in layers so as to provide the mini¬ 
mum spacing. Minimum thickness of the pneumatic mortar in between 
any two successive wire layers should be at least 8 mm. The tliick- 
ness of the pneumatic mortar or the wire diameter should not be counted 
in the thickness of the wall which is generally indicated by core of the 
wall. The splicing of the wires should be designed properly. A mini¬ 
mum of about 0.15 precent reinforcement has to be provided to take 
care of the thermal stresses. 



Fig, 11 , 5.7 ; Rciiiforremriit Ibrcrs al hingr 


11.6. DOME-RING CONSTRUCTION : A typical spherical dome 
with edge ring beam is shown in fig. 11.6.1. Forces due to membrane 
analysis are superimposed on the forces due to bending and horizontal 
line loads on the dome and then the design is done for the resulting force 
system. 



The resultant forces and deformations due to membrane theory arc 
given by (11.14) as 


M . ^_ 

l-hcos0 

a*q / l-fu ^ \ 

== liT ) 


( 11 . 6 . 1 ) 

( 11 . 6 . 2 ) 

(14.6.3) 
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Sod = (2 + u)sinJ 


(11.6.4) 


where 

a ” radius of the sphere 

N . — meridinal stress resultant at 6 on the surface of the shell 


N 

I 

q 

t 


0m 


Vod 

0od 

u 


~ hoop stress resultant at 0 on the surface of the shell 

= load intensity proportional to the self weight of the shell 
= thickness of the shell 

= horizontal displacement of the dome due to external load 
— rotation of the dome due to external load 
= Poisson’s ratio 


Sub.script 0 indicates external load and d indicates the dome. 


The stress resultants and displacements due to constant line load.s 
acting along the boundary of the shell are given in table 11.6.1. 

Table 11,6.1: Stress Resultants and Displacement Coefficients 

Due to Line Loads 






-y/2*e~^^cot 0 sin^X 0“- -^^sina 

— 4^ sin X0 


— V- sin ^ X0 -- ^ ^ sin a 

2^2 -x<l> . ( ,, ir\ 

V e sm ^ j 


-X0 . , . 

ae sin X0 sin « 

V2 e'^'^sin ^ 


2aX . o 

2X“ . 

V 

Vhd = -^ sm®a 

Vmd -= sin « 

1 

2X=* . 

n 4X3 

0 

Sin tt 

Eat 


Where 

~ bending moment on the meridian 

Vhd = edge horizontal displacement coefficient due to horizontal 
line load 

Vmd = edge horizontal displacement coefficient due to edge bending 
moment 

thd = edge rotation coefficient due to horizontal line load 
0Bkd tdge rotation coefficient due to edge moment 
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x‘= 

0 = a —0 

Horizontal displacement outward and rotation in clockwise direction arc 
taken as positive. The second subscript d indicates the dome. 

The force notations acting on the combined dome-ring system arc shown 
in fig. 11.6.2 and the corresponding displacements due to these forces are 
given in table 11.6.1. 



Fig. 11.G.2 : Dome-ring force system 

The ring beam is subjected to membrane thrust of the shell and the 
line load due to bending forces. The membrane thrust which acts 
eccentrically on the ring cross section may be subdivided into centroidal 
thrust and bending moment as shown in fig. 11.6.3. Ihcse forces cause 
deformations of the ring, their relation is given in cq. 11.6.5. Compati¬ 
ble conditions at the junction of the ring beam and the shell give 
sufficient conditions to evaluate the edge corrections, and thus the 
resultant forces acting on the shell could be developed. 



Fig. 11.6.3a : Effective membrane equivalent forces on the ring beam 
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rig. 11.0.3b : Bending correction forces at the junction 
of the ring and shell 


Deformation coefFicients on the ring are 



^mb — 1 

' \'l 

. Elb ) 

-• ~( Elb )’ 


' r“yo \ 

. Elb / j 


(11.6.5) 


where 

V ^ horizontal displacement coefficient 

Yo — distance ol the junction of ring beam and dome from the 
centroid of the ring beam 

eo — pcrpendic ular distance of the membrane force from centroid 
A\i -- area of ring beam 

lb — moment of inertia of ring beam about vertical plane 

The subscript h or m indicates line forces horizontal or moments and b 
indicates the beam. 


The deformation compatibility relation between the ring beam and the 
dome are given by eq. 11.6.6. This set of equations when solved with 
the appropriate coefficients will result in the moment Mi and thrust Hi 
for which the beam to be designed. 

(Vod + Vob)-f-(vb(l + Vhb) Hi-f (Vmd + Vmb) Mi = 0'| 

y .. (11.6.6) 

(6^od4“^ob) (0ha"l“0hb) (^mdT 0mb) Mi — Oj 

An illustrative example is given with complete details. 

Example 11.6.1 : An area of 30 m diameter is to be covered by a dome. 
Design a prestressed concrete spherical dome with ring beam for a live 
load intensity of 200 kg/sq rn of the dome surface acting vertically 
downwards. 


Given data : 

Poisson’s ratio = 0.15, dome angle = 

average thickness, t ~ 10 cm, Tq = 450 kg/sq cm 
qi (live load) = 200 kg/sq tn 
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Solution : 

r = radius of the ring beam = 15 m 
a = radius of sphere = 15/sin 30 = 30 m 
qg = 240 kg/sq m, qt = qg + qi = 440 kg/sq m 

XT 30q 

0m 1+cosa ^ 1+0.867 ^ ^ 

Vod=+(- , - ^ ' ^ - -cosa ) (sin «) 1130,4 (q/E) 

ffod=-Y (2 + u) (sin a) (q/E)= -322.5 


I' 


40 








12 5 cm* iQ 


+ - 40- ^ 

Fig. 11.6.4 : Ring beam 

Let the ring beam be square in cross-section of size 40 cm. 
At, = 0.4 X 0.4 — 0.16 sq m 
Ib - (1/12x0.4) (0.4)^ ^ 0.00213 


Vob — 


30x225 / 0,867 . 0.125 x 0.0734 \ q 


^ob —■ 


1.867 V 0.16 
225x0.0734 


- + 


0.00213 JE 


35178 (q/E) 


0.00213 


X 16 


(|) = 124O00i 


Vo=(vo(i+Vob)= - (1130.4 + 35178)^ 


-3631)8.4-1 

IIj 


6lo= (Sod+dob) = (-322.5+124000) = 123677.5 -| 

i-_3 (!-.■) (^y 

= 3 (1-0.0225) (—j™y=263925 

X*=513.73 or X=22.7 
2aX . « 

vjid=--gj-“ain^ 

„ 2x30x22.7x 10 

Evhd=- jL - 


3405 
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EVmi^ — 


2X= 

t 

4X^ 

at 


sin a — 


: 15549 


2x513.73x10 


=5137.5 


Evhb = r» (^-^+-^^=225 (6.25 + 7.34) = 3057.8 


Evmb = 


yo 

Ib 


_225xJL121 = _,3204 

0.00213 


225 


Etfmb- J-- O.TO213 -’05634 


Evu —E (vhd fvhb) =0463 
Evm = E (vmd + Vnib) = — 8067 
E^m~E (^md “ 1 “ ^nib) = 121183 
Compatibility cq. 11.6.6 yields 

6463 H,--B067 Mi-36308 q = 0 
-8067 Hl- 1-121183 Mi+123678 q-0 
Hi-1.248 Mi-5.617 q 

-Hi+15,02 Ml--15,33 q 
1X772 Mr=-9.713 q 

M,=. - q = -0.705 q kg m/m 

Hi- (5.617-1.248x0.705) q - 4.74q 


Design of prestressing and reinforced steel : 

The horizontal thrust on the ring beam is 


— Hi—4.74 q —2085rr2I00 kg/m (for q=qt) 

Hoop force in the ring beam — 2100 X 15 — 31500 kg 


The prestressing wire can be provided in two different ways. 

(i) Prestressing may be done both in ring beam as well as in dome so 
that the horizontal thrust in the ring beam is resisted by ring prestressing 
and the dome hoop stress by the dome prestressing. However, prestressing 
of dome is not as convenient as prestressing of the ring beam, (ii) Hence 
prestressing may be designed so that a part of the hoop stress of the 
dome, along with the hoop stress in the ring beam, may be resisted by 
the prestressing force. Let the hoop stress in the first one metre width 
from the ring beam be covered by the prestressing force in the ring beam. 
Average hoop force in the first one metre width from table (11.6.3). 


42620 + 10279 
$ 


-26450 kg 





The First National Bank of Chicago 

Sixty-story highrise office and hank building with exlcrior columns splayed outward 
at the bottom. Outward ihru.st of columns resisted by 40 Ryerson IUIR\’ tendons, 
delivering a total efTective force of 6,500 ton.s. On each of two outer column lines 
there are two tendons. On eat h of six intermediate column lines there are six 
46-wire tendons. 'I'endons go completely ac ross the buildiim, dislaiu e of al)out 
200 ft. at the plaza level, one storey below the .street level. 

{Courtesy of Joseph 7. Rverson andSoo. Ith., USA) 



Redwood City, ('alifornia . . . Wire winding operation on two 4 000,000 gallon 
prestressed concrete reservoirs IG5A ft. inside diameter x 26 ft. high. 

{CottrUsy of The Preload Company^ Inc., Kew York) 









Table 11.6.2; Coefficients of Resultant For 




Table 11.6.3 : Stress resultants without prestressing force 
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Tabic u prepared using the membrane equations and the table of cocflBcicnts from Uble (11.6.2). 
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Total hoop force to be resisted by the ring beam prcsircssing 
31500+26450 -= 57950 kg 

Let allowable working stress in steel be O-Of's = 9000 kg/sq cm 

. ^ ^ , 57950 

. , Area of steel = =6.66 sq cm 

Use 18 Nos, of 7 mm wires, tlien prestressing force Pe = 18x3450 
= 62000 kg taking 3450 kg as the effective prestressing capacity of 7 mm 
wire. It is now necessary to calculate the stress resultants due to thrust 
caused by the actual prestressing force and also due to the moment 
caused by the eccentricity of the prestressing force. It is desirable to 
provide the cables so that there is a counter acting eccentricity. Let 
the prestressing be done in one layer of cables with an eccentricity of 6 
cm as shown in fig. 11.6.5. 



(a) Prestressinp force on the ring l)cam 



Fig. 11.6.5 ; Compatible forces due to preatressing only 

The horizontal thrust H and the moment M have to be calculated 
by considering prestressing force as an external force. The corresponding 
deformation coefficients arc computed in order. 


H, (£.„) — ,« (^+ 

—225 ( 6.25 + -5^* ) H._ -2239 H. 

(The negative sign is used because of the negative action of horizontal 


H,,= -2239 Ho 


thrust Hi) 


Hp (Eefcb)=( - U' ) Hp=B88 Hp 

The influence coefficients are taken from the previous section : 

Evhb — 6463, £^hb = —8067, Efmb =* 121183 



1 % 
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The compatibility equation yields 

6463 Hi-8067 Mi = -2293 Hp 
-8067 Hi-f 121183 Mi = -0.888 Hp 
or Hi-1.248 Mi - -0.355 Hp 
-Hi+15.22 Mi=^ Q .llQ Hp 
13.972 Mi = -0.245 Hp 


Ml 


-0.245 Hp 
13;972 


-0.018 Hn 


Hi = ( -0.355-1.243x0.018) Hp 


Where Hp= — 

r 


62000 

15 


=4133 


kg/m 


-0.377 Hp 


Ml = 74 kg m/m 

Hi = -0.377x4133 = -1558 kg/m 


The stress resultants are now computed in table 11.6.4 using table 11.6.2. 
Design of ring beam : rhe forces acting on the ring beam at working 
load condition are shown in fig. 11.6.5. The ring beam is subjected to 
axial thrust and twisting moment for which the beam is designed. 


Radial thrust = 



Axial thrust 


Axial strc.ss 



negligible 


Design of dome reinforcement : 

The dome has to be designed to resist the axial thrust, hoop tension 
and the bending moment. The critical section is essentially at the 
junction of the shell and ring beam, so the thickness of the shell near 
the edge is increased to give higher flexural stiffness. As the disturbance 
damps from the edge beam, the thickness of the shell is gradually 
decreased from 13 cm at the edge beam to 9 cm at 5 m from edge. 

Max. axial force = N = 7006 kg 

Axial stress =5.4 Ug/sq cm 

No mcridinal reinforcement is required except for shrinkage and 
temperature effects. Provide 0.18% reinforcement for shrinkage 
Ag = 0.0018 X 100 X 13 = 2.34 sq cin/m 
Use 10 numbers of 6 mm mild steel wire per metre width. 




Table 11.6.4 ; Stress resultants at working loads 
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Table 11.6.5: Stress resultants at transfer condition 
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bctcmal load at transfer is 240 kg/sqra, so the dome stresses are prorated to 
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t 

Fig. 1 1.6.0 ; CiOmparison of prcstrcssrd and 
non-prestrcssed 



Fig. 11.6.9 ; Compari-son of M 0 prestressed and non-prestressed 

Hoop reinforcement : — 

Hoop force for the first 1 m width near the edge 

= M00 + 6406 _ kg/m 

. ^ 10703 , . 

Area of steel =i4 aq cm 

1400 ^ 


Use 18 numbers of 10 mm mild steel wires in two rows per metre 
width. 


Bending reinforcement : 

Maximum bending moment — 354.7 kg m/m 
Let the effective depth = 11 cm 


Ag = 


35470 ^ - 

sq cm/m 


Use 4 numbers of 10 mm mild steel wires per metre width upto 2 m 
into the shell, and then curtail two of the four wires. 
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Fig. 11.6.10 : Reinforcement details (all dimensions in mm) 

11.7. INTRODUCTION TO PRESTRESSED CONCRETE CYLIN¬ 
DRICAL SHELL: A cylindrical shell may be dcHned as a singly 
curved shell formed by a straight line generator moving on a curvx. 
The cylindrical shell discussed in this section is a thin ( ircular one used 
for roof construction. A shell may be considered as a thin shell if the 
ratio of the radius to the thickness of the shell is greater than 20. Most 
shells built for roof construction have this ratio greater than 20 and 
therefore thin shell analysis is applicable. Thin cylindrical shells are 
generally classified into two groups: (i) long, and (ii) short shells. 

There are different methods to classify long and short .shells sometimes 
including even intermediate shells. Ratio of radius to the length of the 
shell is generally accepted as a basis for classification of shells used in 
roof construction. ASCE Manual on design of cylindrical concrete shell 
roofs suggests that the shells having R/L ratio less than 0.6 may be 
classified as long shells, otherwise short barrels (IT 15). There is no 
exactness to this ratio, so ASCE Manual classification may be considered 
good for practical purposes. 

Several types of approximations based on various parameters were 
made in the analysis of cylindrical shells. Each theory or .solution has 
its limitations and advantages. Any attempt to discuss the cylindrical 
shell analysis is beyond the scope of the book since the main aim of this 
book is to present the design of cylindrical shell in a simplified 
manner so that readers, who have not studied any analysis of shell 
structures, can follow and do the design computations. 

ASCE Manual 31 presents certain coefficients of forces and deform¬ 
ations of the shell for different types of load conditions. These coeffici¬ 
ents are used for the design of the shell. Rational use of these coefficients 
needs certain understanding in the basic analysis and notations. 

11.8- METHOD OF ANALYSIS OF CTFLINDRIGAL SHELL: 

The cylindrical shell roof is first assumed to be a complete cylinder 
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resisting the external loads in plane forces (no bending and transverse 
stresses). These in plane forces are called membrane forces. A set of 
correction forces which compensate the unbalanced boundary forces 
are then introduced and a separate solution for such line loads is 
obtained by bending analysis. The superposition of these two solutions 
gives the final solution for design. Basic notations used in the 
cylindrical shells are shown in fig. 11.8.1, and the superposition of two 
linear solutions to obtain stre.ss resultants is shown in fig. 11.8.2. 
Membrane stress resultants and deformations for various load conditions 
arc given in tables 4 to G (Appendix A). Similarly, stress resultants 
due to line loads arc given in tables 7 to 9 (Appendix A). The shell 
which has no edge beams is called free edge shell. Prestressing is 
adopted for a long shell in which edge beams are provided. The edge 
beam essentially acts as a tie which will resist most of the longitudinal 
tension developed in the shell. Analysis of such prestressed concrete 
shells i.s done by superposition of the two solutions. 



N* and ■=stre«8 resultants in x and 0 directions, 

^*0 "“shear force 

Fig. ll.Q.l : Shell dimensions and notations 

(i) The cylindrical shell and the prestressed concrete edge beams 
arc analysed as two independent structural systems. 

(ii) Four possible forces—-(a) vertical force (Vi), (b) horizontal 
force (Hi), (c) transverse moment on the curved axis of the shell or 
torque on the beam (Mj), and (d) the force along the longitudinal axis 
(Si), i.c., shear force on the shell and longitudinal force on the beam— 
arc likely to act at the intersection of the shell and the edge beam. 
This set of forces arc introduced in the two independent shell and beam 
systems. l"he shell and the beams arc analysed independently for this 
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Cylmdrr wifti tdQe compenso rmQ fore* 


Fig, 11.8.2 : Superpoailion of two shclU to get 
free edge conditions of a shell 

set of line loads. The free body diagrams of the two independent 
systems are shown in figs. 11.8.2 and 11.8.3. The line forces at the 
intersection of the shell and beam are obtained through the four 
deformation compatibility conditions. Each of the algebraic sunis of 
the (i) vertical, (ii) horizontal, (iii) rotational, and (iv) cxtensional 
longitudinal strain deformations must be equal to zero. Poisson s ratio 
for concrete is small so the fourth condition of compatibility of longitud¬ 
inal strain may be assumed same as longitudinal stress equivalence. 

Let w, V and 0 be the displacements taken positive in the direc¬ 
tions of forces Vi, Hi and Mi respectively. The first subscript *0’ 
indicates deformations of the individual shell and beam systems 
subjected to external loads. The first subscripU v, h, m and s (for 
some deformation quantities) indicate deformations due to vertical, 
horizontal, moment and shear line forces respectively. The second 
subscript s or b indicates shell or beam system. 
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Shtll arul MKi* b«om und«r lin* loodt 

Fig. 11.8.3 (a) : Cylindrical shell with edge beam compatible forces 



Fig. 11.8.3 (b) ; Line loadsdeformatiems with -F've sign conveatioiu 
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The compatibility equations using the notations as described above 


may now be written as : 

(wo + Wv+Wii-|-Win-hw9)fi-f (wq-|-W v+Wh+Wnj-r-Wg) b —0 (11.8,1) 

(vo4-Vv+Vh+Vin+VB)8+(vo+Vv+Vb+Vm-fVB) b=0 .. (11.8.2) 

(«o + ^v+^ii + 0m-h^B)B+(0o+<9v + ^h + ^m + <98) b = 0 .. (11.8,3) 

(loH-lv-hfii + lin+ls) •• (11.8,4) 


The deformations of the shell for various load conditions can be obtained 
directly from ASCE Manual 31. So only the deformations of prestressed 
concrete beam system are derived in this section. 

The deformation compatibility at the intersection of beam and 
shell should be satisfied for all values of x. To meet this restraint, the 
external loads are expressed in Fourier expansion, with the result that 
the deformations will also be of the same form. 

Let q(x)—intensity of load 

Then q may be expressed in Fourier expansion as 

q(x)=Sq„ sin -2^ .. (11.8.5) 

The corresponding edge forces and deformations are of the same form. 


N0 

.XT nWX 

= sin ^ 



riwx 

==2;Nx0ii cos ^ 


Nx 

. nvx 
= 2Nxn Sin-^ 


Vi 

_, . ntrx 

= sin - ^ 


H. 

“—SriIn sin ■ |^ 

, (11.8.6) 

Si 

nvrx 

— ^Siii cos 


Ml 

nnx 
sin ^ 


w 

. n-wx 
= SWn Sin —j— 



nirx 

= ^Vn sin —j— 

nirx 

= sin . 


If q(x) —q (constant), then expansion of Fourier scries gives 

A 1 


/ N 4^1. 
q (x)=--qs—sin 


(11.8.7) 


It is desirable to work with as many terms of the series as possible. 
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However, it was observed that approximation of the loads with first 
term of the series gave fairly good results, so the design is presented 
using this approximation. Hence 


, , 4 . mx 

qW== —q sin-j- 


( 11 . 8 . 8 ) 


Similarly other quantities arc expressed through first term of the scries. 

Force and deformations computed due to a uniform load intensity 
should always be multiplied by (4/fr .sin irx/L) if first term approximation 
is made for the uniform load. The line loads at the intersection of the 
shell and edge beam are always taken in the form as given in 
eq. (11.8.6) in which case the value (4/7r) does not appear. 



II 



Fig. 11.8.4 ; External loads acting on the edge beam 
Deformation of edge beam : 

Let qgt>~sclf weight intensity of beam acting downward 

qpb — prestressing force balancing component which is given by 
^ 8Peg 

L* 

Pe, g and L are already defined in Chapter III for load balancing design. 
The effective lialancing force acting upward is given by 

qb(x) — — Qirb^ .. (11.8.9) 

qti is assumed to be uniform and then approximated by the first term of 
the series as 
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qu (x) =~qi,sin~£- 


(11.8J0) 


External forces acting on the edge beam are shown in fig, 11.8.4 and 
the corresponding deformations can easily be obtained using 


q(x) = 4^q sin-^ 


^/r _ / q 

Mx - —- 
_ 4 /qbL‘ 


Pe Co I sin 


Pc eo L* 


.. ( 11 , 8 . 11 ) 


(11.8.12) 


^ob — ^ob — b 

where Ih = moment of intertia of the beam about horizontal axis 

The deformations due to various line loads are derived independ¬ 
ently due to various forces. 

(t) Deformations due to V (V^ Sin ) • Considering fig. 11.8.5a 

X 

Torque on the beam at x -- J Vi eu Sin —dx 

(j 

L,. 

—Vi eucos—r— 

IT J. 


^ 1 fV Vi e> 

due to torque = -^-rj J I - -- 


- cos — — 

IT L 


L Vi eh / L IT X \ 

L'j 

The twist at the middle section of the beam is given by substituting 
x=:L/2 in the above expression. 


S „ - LWieb / 1 _ _L\ , y eb Vi 

irGJ V2 t, j ^ ’ 2h2GJ 

vherc G J= torsional rigidity of the beam 


(11.8.13) 


Wvb =—TcT -f-ffvb Ch = 

■W Jcilh 


^ (Tr-2) 

Vvb — ^vb — 2~ir®~GJ 


■rcr"-)''' ■ 


g- Mev 


L2 ev Vi 
-IT* Ih 


(1L8.15) 


(11.8.16) 


[it) Deformations due to horizontal load sin ^y. 

Considering fig. 11.8.5b, 
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Torque on edge beam — j* ^ Hi cy sin 
Rotation of the beam at middle section (^hh) is 

i./„ 

flhb --— j" ^ Hi Ey ^ 1 — COS '^dx 


6m) - 

— Ohh Ch 


(IT - 2J 


L" ev Hi 


Vhl) 


2ir2GJ 

(ir^2)L2 

' 2 GJ 

^hb Cv 


Cv eh Hi 


IT* EIv 


ir2 L fra KIv 


h\b= ' 


M Oh 


(ir-2) 

2GJ“ 

L2 eh 


ChJ Hi 


Hi 


Iv 

(Hi) Deformations due to Twist M\ ^ Mi sin 
Considering Fig. 11.8.5c, 

I orque on the edge beam - | 


If X 


Ml sin dx 


L/2 


i( ]_cos ^)Mi 

) 


1 — cos ] dx 


(ir-2) i;-^ 

2 Tra C;j 


Ml 


W|nb — omb ^h = •a 

1 ^ V* j 


Vfub— ^nib Gy 

rmb“0 


(if-^2) ey Ml 

2 GJ 


(11.8.17) 

(11.8.18) 

(11.8.19) 


(11.8.20) 

( 11 . 8 . 21 ) 


(11,8.21) 
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(jr) Deformation due to shear forces Si ^Si sin-^-^ : 

Considering fig. 1 l.8.5d, axial force at distance x is 

X 

T- fc LSi -wx 

Fx = I Si cos—=—dx =- sm —=— 

J L ?r L 

o 

Mxh~ Fx ev=~ev Si sin — 

^ Lj 

Mxv= Fx eii = ieh Si sin —— 

"W Li 


Bsh —^ 

w«,= -^ev Si( -- 4 V)=~ 


ev S, 

•»» Efi, 


Ht 



V| • Ihrantity of lorquo 


V^ty* IntentUy of tofqut 


(b) Horteontol lino lood 



(c) Moment 




Si 


ev 

T 



Si cot wx/L 



Cd) Sbtor force 

Fig. 11.8.5 : Various line loads acting on the 
edge beam at the intersection 
of the shell and beam 


( 11 . 0 . 22 ) 




210 


Prestressed Concrete Stmctures 






Foldid Plat$ and Shtll StrmtuHs 


211 


Vgb 


fsb 


L»ebSi 

Ely 


Fx I Mxb Cy , ^XV Ch 

A ^ Ih “ ^ 



(11.8,23) 


(n.P,24) 


All the deformations due to live loads arc shown in matrix form in 
cq. 11-8.25. This matrix is a stiffness matrix and so symmetric. Symmetry 
in the stiffness coefficients can he obtained from Maxwells reciprocal 
theorem 


11,9. DESIGN EXAMPLE: Design of a prestressed concrete cylind¬ 
rical shell to cover an area ol about 40 by 16 m. 

Basic dimensions : Let span of the shell, (L) be 40 m; then the chord 
of the shell will be 16 m. Some basic dimensions such as rise, thickness 
of the shell and edge beam dimensions have to be assumed based on 
architectural and practical considerations. 

Let rise of the shell, (h)^3.0 m; then the radius (R) of the shell will 
be given by (2R-h)h~8; 8 

R=12.17 m, sin (/)k—(8/12.17) -0.658 or 0j{~41'’ 

Value of 0k is chosen as 45^ so that the coefficients of ASCE Manual 31 
can be used directly. 


/. R = 8 cosec 0k^ 1L31 m 
Let the thickness of shell—10 cm 
width of the beam —15 cm 
depth of the beam =200 cm 
(R/L)-0.283, or (L/R)-3.54, and (L/R;2__12.5 
Afembrane analysis : 

Weight of the shell —0.10 X 2400 —240 kg/sq m 


Surface load on the shell be 
distributed like the self weight 
Total load on the shell, (q) 
qR = 360x 11.31-4070 kg/m 


I — 120 kg/sq m 
— 360 kg/sq m 


The unbalanced stress resultants at the edge of the shell arc computed 
using table 4 (Appendix A). 


N0k-4qRcol (9) ::^-5200x0.707--3r>7() .. (11.9.1) 

N,^k=4qR (L/R) col (8) - 5200x3.54 (- 0.4502) 

.^-8300 kg/m .. (11.9.2) 


Nxk=4 qR (L/R)* col (7)-5200x 12.53 X (-0.1433) 

— — 9300 kg/m 


(IL9.3) 
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Similarly the deformation 
to membrane forces is 
4 qR 

ir 


(woam) at the middle of the free edge due 


EWogm — 



■ r 2 R y 

( R» t j [ 

. V L J 




m] 


col ( 10 ) 


=5200X 17700 (0.0324+0.0205+0.0032) 

= 5.16x10^ .. (11.9.4) 


Mx and at x=L/2 and Nx 0 at x- 0 due to membrane forces are 
calculated using the coefficients of the ASCE Manual 31 and arc shown 
in table 11.9.1. These membrane stress resultants will be used for 
final stress resultants. 


Table 11.9.1 : Membrane stress resultants 


<t> 

Nx at (x 

: = L/ 2 ) 

N j at (x 
0 

= L/2) 

Nx^ at (x= 0 ) 

1 

Coe IT. 1 

Force 

(65000) 

CoefT. 

Force 

(5200) 

Coeff. 

1 Force 
(18400) 

45 

- .2026 

13200 

- 1.0 

-5200 

-0.0555 

-102 

30 

- .1957 

12650 

0.9659 

- 5010 

-0.1648 

-3020 

20 

-.1B37 

- 11910 

-0.9063 

-4710 

-0.2690 

-4950 

10 


-10800 

-0.8191 

-4250 

-0.3652 

-6720 

0 

-.1443 

9300 

-0.7071 

-3670 

-0.4502 

-8300 


Correction to membrane edge forces : 

Slender edge beam will have negligible stiffness against horizontal 
and torsional forces. 'Fhe problem with slander edge beams then 
reduces to two free edge boundary conditions : 

(i) free horizontal displacement, and 

(ii) free torsional rotation. 

Only the remaining two compatibility conditions have to be satisfied in 
the present shell as the edge beam is very slender. 

Correction forces applied to force a free edge condition on the shell 
are — N^k and — Nx^k and these forces are resolved in the vertical and 
horizontal directions. 

Vi=-N0k sin (^k = 3670x0.707 = 2G00 
Hi“ —N^k cos ^k"2600 
Si--Nx0k-83OO 
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The particular shell parameters are (R/t) = n3,i and (R/L)i^0,283 
whereas the clmest corresponding values in the Manual arc 100 and 0.3 
respectively. Errors from taking R/t=n::100 ard R/L~ 0.3 for the pur¬ 
pose of coefficients are negligibly small, so the coefficients used in this 
analysis arc for 
R/t==100 and R/L^^O.S 

Using the table 8 (Appendix A) 

Ewosi = (46.06 Vi+1.073 Si-30.12 Hi) . . (11.9.5) 

= 815000 Vi+18990 Si-533000 Hi=891 X 10« 

Nxi =(L/R)M11-24 Vi-5.257 Hi + 0.8743 S,)=290a00 .. (11.9.6) 

The effective forces and deformations of the free edge shell at the 
middle of the free edge are 

Ewos =E (wosm + vvo8i)-(5.16-1-890) 10« = 895xl0« 

Nox - Nxi-Nxm =290000-9300 =280700 kg/rn 
foa =(280700/. 10) =2807000 kg/sq cm 

Corrections to the shell deformation due to edge load : 

Let Vi and Si be the forces developed at the intersection of the 
beam and shell due to the edge beam. 

Then 

(Nxv-fNx«)«= 12.50 (11.24 Vi-fO.8743 Si) 

fvad-fss -125 (11.24 Vi-fO.8743 Si) .. (11.9.7) 

E(vvv8 + w 88) = 17700 (46.06 Vi+1.073 Si) .. (11.9.8) 

Deformations of the edge beam due to external loads : 

I = Ii,= (1/12)x0,15x23=0.1 

Self weight of beam = 0.15 X 2 X 2400 = 720 = 720 kg/m 

Membrane correction force in the vertical direction is 2600 kg/m 
acting vertically downward. To obtain internal forces, a vertical 
balancing force of about 2600 kg/m should be applied through the pre- 
stressed concrete beam. 

Let the effective balancing load = 2500 
Actual balancing prestressing force 
qi>=2500+720 = 3220 kg/m 

Let the sag of the cable, (g) = 120 cm with eccentricity at the middle as 
80 cm. 

The prestressing force corresponding to the balancing force is given 

by 

(8gPe/L*)=-3220 

Pe=536700 kg 

4 f U qi, _ P, eo L« \ 

* Ii, \ ir« ** y 


Ewob 
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= (262400 qb- 347.8 x 10') = 392 x 10« 

‘V 

. 4e, ( U p A , Pe 

n ib r 

= - ^ (1620 qb-2150000) + 1790000 

— —634000 (Compressive) 

Ewvb =263000 Vi 

Ew,b = - = - 21000 Sj 

n lb 

fvb== 1620 V| 


Compatibility conditions ; 

The vertical deflection compatibility yields 
Was + WVH 4 Whs -f Wob + WvD -h W^b 0 

«95xl0« j-17700 (46.01 V,+ 1.073 Si)+42flxl0fi 
+263000 Vi-21000 S 1 -.O 

or 1.077 Vi- 0,002 Si=~ 1248 .. (11.9.9) 

The longitudinal strain compatibility yields 
loH + lvs + lea iTob + lsb — O 

2767000 + 124,9 fll.24 Vi + 0,8743 Sj)-650000-1620 Si+170 Si=0 
or ~0.2l2Vi + 0.280 Si=~2174 .. (11.2.10) 

Solution of cqs. (11,9,9) and (11.9.10) gives: 

Vi-1200 kg/m 
Si = 6880 kg/in 
Final stress resultants : 

There arc two sets of correction line loads to be applied to the 
membrane solulions ; 

(i) Correction line load forces to develop free edge in the membrane 

solution 

(ii) Correction line load forces due to compatibility of the edge beam 
The final correction forces are 

Vi=2600-1200=1400 kg/m 

Hi = 2600 kg/m 

Si = 8300-8680 =-380 kg/m 

Stress resultants in the shell due to these correction forces arc given 
in table 11,9.2 using table 7 (Appendix A). Table 11.9.3 give final 
resultant forces in the shell which arc obtained from tables 11.9.1 and 
11.9.2. 
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Table 11.92: Stress resultants due to correction forces 


1 1 

' Nx at (x=Lf2) ^ at {x=0) 

- i ^ 

|n^ at (x=L/2) 

! 

at(x=L/2, 

0 ! Coeff. Force 

1 ; 

i 

Coeff. ’ Force 

_1 _.J 

Coeff. 

Force 

Coeff. 

Force 


Due to Dir Heal edge loads [1400) 


45 

1.400 

1970 

0 

0 

-1.178 

-1660 

-0.257 

-362 

30 

-1.044 

-1460 

0.432 

610 

-1.454 

-2050 

- 0.230 

-325 

20 

-3.110 

-4380 

-0.788 

-1110 

-1.326 

-1880 

-0.174 

-245 

10 

-0.946 

-1330 

-2,214 

-3120 

-0.330 

- 460 

-0.090 

-126 

0 

11,240 

15900 

0 

0 

0.707 

995 

0 

0 


Due to horizontal edge load (2600) 


45 

-1.970 

-5110 

0 

0 

0.306 

793 

0.159 

414 

30 

-0.047 

- 122 

-1.061 

-2760 

0.839 

2180 

0.155 

403 

20 

1.941 

5050 

0.505 

-1316 

1.279 

3330 

0.134 

349 

10 

1.513 

9330 

0.633 

1650 

1.158 

3010 

0.082 

213 

0 

-5.257 

-13700 

0 

0 

0.707 

1840 

0 

0 


Due to shear edge load { — 380) 


45 

-0.119 

44 

0 

0 

0.072 

- 28 

-0.006 

2 

30 

-0.077 

29 

-0.085 

33 

-0.033 

12 

-0.004 

1 

20 

0.038 

- 14 

-0.101 

38 

0.024 

- 9 

-0.002 

0 

10 

0.321 

-122 

-0.013 

5 

0.024 

- 9 

0 

0 


0 0.870 - 32 7 0.300 —114 0 0 


0 0 
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Table 11.9.3: Final stress resultants 




Nx at (x= 

= L/2) kg/m 



e 

Due to 

Final 


Membrane 

Vi 

H, 

Si 


45 

-13200 

1970 

-5110 

44 

-16296 

30 

-12650 

-1460 

-122 

29 

-14209 

20 

-11910 

-4380 

5050 

-14 

-11154 

10 

-10800 

- 1330 

3930 

-122 

-8322 

0 

-9300 

15900 

-13700 

-327 

-7427 



N 

o' 

11 



45 

-102 

0 

0 

0 

-102 

30 

-3020 

610 

-2760 

33 

-5137 

20 

-4950 

-1110 

-1316 

38 

-7338 

10 

-6720 

-3120 

1650 

5 

-8185 

0 

-8300 

0 

0 

-114 

-8414 



N 

0 at (x=L/2) 



45 

-5200 

-1660 

793 

-28 

-6095 

30 

-5010 

-2050 

2180 

12 

-4868 

20 

-4710 

-1880 

3330 

-9 

-3269 

10 

-4250 

-460 

3010 

-9 

-1707 

0 

-3670 

995 

1840 

0 

-865 

M 0 at (x=L/2) 

45 

0 

-362 

414 

2 

54 

30 

0 

-325 

403 

1 

79 

20 

0 

-245 

349 

0 

104 

10 

0 

-126 

213 

0 

87 

0 

0 

0 

0 

0 

0 
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•16296 



Fig. 11.9.1: Variation of Nx at xr^L/2 Fig. 11.9.2: Variation of N* at x«0 


-6095 



Fig. 11.9.3: Variation of at x«»L/2 Fig. \ \.9A: Variation of M 0 at x«L/2 

Reinforcement details : 

(a) Longitudinal reinforcement: 

The shell is subjected to longitudinal compression over all the 


region. 

maximum compression= —16296 kg/m 

16296 1 / 

compressive stress = T OO X~ iO ~~ 1^.296 kg/sq cm 


No reinforcement is required except the nominal reinforcement of 0.18 
percent spaced at not more than 5 times the thickness of the shell. 
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Area of nominal stcel=0.0018x 10 x 100 

= 1.8 sq cm/m 

Use 10 mm mild steel bars at 40 cm apart. 

(b) Shear reinforcement: 

Maximum shear force =8414 kg/m 
Principal tension =8414 kg/m 

8414 

Area of steel required = j ^qq = cm/m 

Use 10 mm mild steel bars at 12 cm apart at 45° to the axis of the shell 
near the edge beam. (1400 kg/sq cm is used as allowable stress in the 

steel). 

Shear force decreases gradually towards the crown upto 0=30° and 
then reduces considerably. So provide 10 mm bars at 12 cm for the 
first 5 m length along the curve then use 10 mm bars at 16 cm apart 
upto the crown. This spacing should be adopted upto L /8 from 
support. 

The shear force decreases toward the centre of the shell as a cosine 
function. Tension reinforcement along the length due to diagonal 
tension has to be designed based on principal tension. N 0 and Nx arc 

both compressive stresses which are zero at the support and maximum 
at the middle of the span. Complete reinforcement details are shown 
in 6 g. 1 1.9.5. 


(c) Reinforcement due to hoop force : 

N 0 is compressive force throughout the shell, so reinforcement is 
not required. 

(d) Transverse bending reinforcement due to : 

The maximum bending moment occurs at the middle of the span 
for 0 = 20 °. 

104.0 kgm/m 

’.’Area of steel required = 4 sq cm/m 

Use 10 mm mild steel bars at 20 cm apart at the bottom of the slab 
for the middle quarter span of the shell. Increase the spacing to 
25 cm for the next L /8 span and then to 30 cm spacing for the L /8 
span near the support. 

(c) Beam reinforcement: 

Prestressing force = Pe = 536700 kg 


Pt 


536700 

0.85 


= 631300 kg 


._ 631300 

• • 0.7x15000 


== 60 sq cm 
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Use 14 nos. of 12 no. 7 ram cables. Provide also nominal shear 
and torsional reinforcement. Use 10 mrn shear stirrups at 25 cm apart 
with 4 nos, of 12 mm corner bars. The reinforcement details in the 
beam are shown in fig, 11.9.6, 




Fi^. 1L9.6: Edge beam rrinforrrmrnt 


Problems; 

11.1 An area of 20 by 30 m is to be provided by a folded plate roof. 
The length of the folded plate be taken as 30 m and the folds as 
inverted V type of 5 m fold width. The rise of the fold should 
not exceed 2 m. Design the folded plate using rc=400 kg/sq 
cm, and 15000 kg/sq cm for a service load of 100 kg/sq m. 

11.2 A circular tank is to be designed for storage of 650000 litres of 
water. Design the complete details of the water tank listed below 
using rc=450 kg/sq cm, and f'»= 15000 kg/sq cm. 

(a) Vertical walls of the tank as prestressed with base hinged or 
fixed. 
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(b) Top ring beam as prestressed concrete beam. 

(c) Top dome as ordinary reinforced concrete in the radial direc¬ 
tion, Hoop prestressing steel if desirable. 

11.3 Design a 30 m long and 10 m wide circular cylindrical shell for a 
service load of 120 kg/sq m. Provide an edge beam of depth not 
exceeding 100 cm. The shell is to be supported by end diaph- 
rams resting on columns. 



CHAPTER XU 


BOND IN PRESTRESSED CONCRETE 


12.1. INTRODUCTION : Bond between steel and concrete in pre¬ 
stressed concrete construction exists on two different basis* In pre-ten- 
sioning system, bond is used as a means of transferring the prestressing 
force of steel to the concrete section while in post-tensioning system, 
bond is found to be necessary for two different purposes : 

(i) protection against corrosion ; and 

(ii) increase in ultimate strength. 

Importance of bond in pre-tensioned construction was recognised 
from the very beginning, whereas the need for bond in post-tensioned 
construction has come into light with the progress in the methods of 
constructions. 

12.2. BOND IN PRE-TENSIONED CONSTRUCTION: Bond in 
pre-tensioned construction is furnished by two factors. When a pres¬ 
tressing cable is tensioned, it is accompanied by a reduction in area of 
cross section of steel. As the tendon is released, a part of the lateral 
strain is recovered, especially at the ends of the cable. Due to this 
increased cross sectional area, frictional bond is developed between 
steel and concrete. A second factor contributing to the bond is the 
adhesive property between the two materials as the concrete hardens. 
The bond of wires at the edges is of great importance since there is no 
special provision to transfer the prestressing force. 

When a wire is released from the prestressing bed, it tends to regain 
its original length. Fhe force at the very end of the cable has to be 
zero since it is free; therefore the original area of the cross section is 
restored at the face. Due to the increase in the cross section of the ten¬ 
don, there will be a high restraining force between the tendon and 
concrete. This phenomenon of recovery of lateral contraction develops 
a wedge action at the end of the cable through which the prestressing 
force is transferred. This type of self anchoring property was discussed 
by Hoyer and is called ''Hoyer effect”. The Hoyer effect is illustrated 
in fig. 12.2.1. The bond length needed to transmit the complete pre- 
stressing force is called “transmission length^’ (It). The bond stress 
along the transmission length is maximum immediately after the free 
surface and slowly evens out to uniform at the end of transmission 
length. The bond and other stress distributions along the transmission 
length are shown in fig. 12,2.2. 
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Fig. 



12.2.1 ; Illustration of Hoyer effect in prc-lcn&ioncd construction 


I mmnnz- 


TZH^TZnzzzznzzizz 


rronsmlnton length >1 


(aj variaCion of diameter of steel 



(1)) Bond stre.ss distribution 



(r) Approximate variation in prestressing force (fs) 



(^d) Variation of stress in concrete 



(r) Radial forces 



(f) Stress trajectories 

Fig. 12.2.2 : Stress variations along the transmission length 
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It is seen from fig. 12.2.2 that compressive as well as tensile stres¬ 
ses exist in the transmission zone, so transverse reinforcement has to be 
provided to take the tensile force. 

Bond length is generally equal to transfer or transmission length 
and is derived by Hoycr as 

It = -2 1- Ei)(24i-Q •• (^2.2.1) 


where 

D =diameter of the wire 
= coefficient of friction 
mc=Poisson^s ratio for concrete 
nig = Poisson’s ratio for steel 
n =modular ratio 


Let 


me =0.1, ms = 0.3 

Ec =3 :< 10^ kg/sqcm, Ea = 2 X 10*^ kg/sqcm 
fso =0.6 f's, fMt = 0.7 f'„ 

1 /I fit \l 

int . .. , 20 fst 

,, - IS small as compared to , so neglecting . 

■tic 0,9 Ee 


, 55 D 

lt= X — 

6 ^ 


9D 


. ( 12 . 2 . 2 ) 


Eq. 12.2.2. gives an approximate idea of the bond length. For 
/^ = 0.1 or in that order, an approximate transfer length could be sugges¬ 
ted as 


It (approx.) = 90 D to 100 D 

The initial transfer length will be disturbed due to creep and 
some times due to slip which forces the required transfer length to a 
value greater than given by eq. 12.2.1. The approximate experimental 
value of slip of the wire is shown in Fig 12.2.3. Any extra loading or 
disturbance in the transfer zone will cause more slip because of the 
stress concentrations existing at the end. 
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In addition to the transfer bond length, flexural bond length based 
on ultimate stress should also be checked in all designs. If is the 
bond length, it is given by 

Ag (fgu—fse) — 

lb“(fsu fse) Aa/3rDt.b .. (12-2.3) 

lu ~lb or tt (maximum) (12.2.4) 

where 

Tb = bond stress 

lu —total bond length at the end of the cable at ultimate load 

Transfer length in general is an important factor in determining 
where the end support has to be placed. The centre of the supports 
should be beyond the transfer length. Following conclusions obtained 
on experimental data regarding transfer length should be observed 
while designing pre-tensioned beams (12.1 to 12.3) : 

(i) if the transfer length is defined as lt=«D, then a is found to 
be a function of D which increases with D. In general a 
varies from 50 to 200 and for small wires it could be taken 
as 100 ; 

(ii) deformed bars require less transfer length but these bars 
of small diameter may not be economical as the percentage of 
clfective steel area will be small ; 

(iii) every care should be taken to get good compaction at the 
ends ; 

(iv) it is desirable to use high strength concrete at end zones ; 

(v) transfer of prestress should be done gradually instead of cutt¬ 
ing the wires suddenly ; 

(vi) heavy concentration of wires should be avoided ; 

(vii) sullicient transverse reinforcement should be provided to take 
care of the radial stresses ; 

(viii) transfer length should be beyond the support point; and 

(ix) repeated loading increases the transfer length so additional 
allowance in transfer length should be given for creep as well 
as for repeated loads. 

Eumple 12.2.1 : Check the bond length of example 3.10.1 considcr- 
the beam as pre-tcnsioned concrete beam. 

Gioen data : 

Span-50 m, A - 10,000 sq cm, nos. of 7 mm wire, 

coefficient of friction = 0.1, rc=450 kg/sq cm, 
rs= 15000 kg/sq cm, 

En —3,82x 10^ kg/sq cm, E«=2.1 X 10® kg/sq cm, 

Poisson*s ratio of concrete=me =0.1, Poisson’s ratio of steel=0.3, 
allowable bond stress =10 kg/sq cm 
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Solution : 

On substitution of the respective quantities as giv;en in the data, 
the eq. 12.2.1 gives 
It—53 cm 

Bond length at ultimate load is given by eq. 12.2,3 and works out 
to be lb = 272,7 cm 

Since the beam is simply supported of 50 m span, the stress in steel 
at the end of the beam is not equal to the ultimate stress of the steel. 
Hence the ultimate bond length be taken as 53 cm. There should be 
at least 55 cm of beam projection beyond the centre of the support. 

12.3. BOND IN POST-TENSIONED CONSTRUCTION : Effect 
of bond in post-tensioned construction has two distinct purposes ; 

(i) protection against stress corrosion, and (ii) increase in ultimate 
strength. In an unbonded construction, if any moisture enters into the 
duct either through a crack or through some leak, the entrapped moisture 
will cause corrosion to the high tensile steel wires. As the diameter of 
the wires is small, any small amount of' rusting of the wires reduces the 
effective area considerably. Corrosion once started will increase rapidly 
and develop cracks. Grouting of the ducts after anchoring of the pres¬ 
tressed wires reduces tlie corrosion considerably. The alkaline property 
of cement grout tends to prevent the development of any corrosion, 
rhe grouting has to be done as early as possible so that rusting of wires 
docs nut start at any time. 

Effect of bond on ultimate strength is an interesting phenomenon. 
As soon as a crack is developed at maximum moment location, steel 
strain is increased considerably. In an unbonded construction, this 
increased steel strain is more or less evenly distributed along the length 
of the cable thus causing excessive deformation of the structure. Due 
to this large deformation, cracks open much wider reducing the com¬ 
pressive zone. Once the compressive area of concrete is reduced, ulti¬ 
mate strength is also reduced ; whereas in bonded construction, the 
initial crack at the critical section docs not affect the steel strain at any 
other point and more cracks of small width area formed in maximum 
bending moment zone. Because of the large number of cracks, the 
deformation is evenly distributed thus keeping the propagation of the 
cracks as low as possible; and at any section, the compressive area is 
not reduced considerably. Thus ultimate strength of the bonded struc¬ 
tures is greater than that of the unbonded one. General analytical 
calculation gives only one ultimate strength for either bonded or un¬ 
bonded construction since it does not take into consideration the spac¬ 
ing of the cracks. Ultimate strength of unbonded construction in gene¬ 
ral is less than the computed value. It all depends upon the spacing 
and number of cracks; fewer cracks, the less is the ultimate strength. 
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Ultimate strength of members without bond is about 10 to 20% less 
than those with bond, A typical crack formation in bonded and 
unbonded construction is shown in fig. 12.3.1. 



(b) Small number of large cracks in construction without bond 



(b) Large number of small cracks in bonded construction 
Fig. 12,3,1 : Crack formation in bonded and unbonded construction 

Once a duct is grouted to establish a bond between steel and con¬ 
crete, the differential force in the cable has to be controlled by bond. 
There are two layers of bonding media in post-tensioned construction : 

(i) bond between the steel and the sheath or duct, and 

(ii) bond between the sheath and the concrete. 

Absolute bond is difficult to attain through grouting even though the 
method of grouting sounds fairly simple. Therefore allowable bond 
stress in such a bonded construction should be low. A certain amount 
of testing is desirable to test the effectiveness of the grouting material 
on any particular major job before assuming any allowable stresses. 
Bond stress is obtained in a similar way as is done in reinforced concrete 
construction (Fig. 12.3.2). 


q 

i-*_t—t—! 



V L-1 

h- —H 


Fig. 12.3.2 : Element forces 

(Pja-Pia)=V dx 


(Ps-Pt) 


V dx 
a 


where 

a = lever arm 

Assuming a uniform bond stress 
(P,-Pi)=X(So) dx 
where 

(So) = total parameter of the steel 



X 


(12.3.1) 
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Allowable bond stress in prcstrcsscd concrete will be less than that of 
the reinforced concrete construction as the bonding of tendons is less. 
Similarly, bond between the sheathing and the concrete is also diffe¬ 
rent. 

An allowable bond stress of about 10 kg/sq cm is generally permitted 
in static loading conditions. In bridges, where a repetition ofload 
comes more often, the permissible bond stres is about 5 kg/sq cm. 

Problems : 

12.1 Determine the bond length of a pre-tensioned concrete beam of 
100 by 60 cm in cross section, provided by 4 prestressing cables of 
40000 kg each. Each cable consists of 12 numbers of 7 mm 
wires. 

12.2 A cantilever beam of span 6 m is under 1000 kg/tn uniformly 
distributed load. Design a pre-tensioned concrete beam with 
450 kg/sq cm concrete. Also design the bond length based on 
prestress and ultimate strength bond criteria. 



CHAPTER XIII 


ANCHORAGE OF PRESTRESSING CABLES 


13.1. POST-TENSIONED CONSTRUCTION: Transfer of pres¬ 
tressing force from the cable to the concrete section in post-tensioned 
construction is done at some selected areas such as end of the beam. 
As a consequence of the transfer of force, stress concentrations are deve¬ 
loped at the transfer zone resulting in secondary stress which dominates 
the design criteria of the zone. Anchor plates are used as a medium of 
transfer of the prestressing force. The size of the plate and type of 
anchoring arrangements govern the stresses in concrete at the transfer 
zone. The prestressing force applied through the anchor plate propa¬ 
gates into the beam along the axis and after some distance, a linear 
stress distribution is developed. The zone in which the stress variation 
reaches a linear distribution over the cross section is called “transmis¬ 
sion zone”; the length of this zone is called “transmission length”. A 
typical representation of transmission of force is shown in fig. 13.1.1. 
Since the application of any concentrated load over a cross section 
generates a transmission zone before a linear distribution of the stress 
is achieved over the cross-section, the determination of stress distribu¬ 
tion within the transmission zone is difficult even though it could be 
analysed by elastic and photoclastic theory. The stress distribution 
within the transmission zone is analysed with reasonable accuracy based 
upon elastic plate theory ; the results are checked with photoelastic 
experiments. The material along the axis of the concentrated force is 
subjected to transverse tensile force which is called “bursting force” and 
the surface at end section just adjacent to the anchor plate is subjected 
to tensile force which is called “spalling force”. Only the design as¬ 
pects of the transmission zone with a qualitative study of the stresses are 
discussed in this chapter. A general discussion on the type of stress 
distribution lor various cross sections and application of loads is not 



Fig. 13.1.1 : Transmission zone 
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possible, so some practical cases arc presented. For further discussion 
ilie reader is referred to Prestress Concrete by Guyon (13,1), 

13.2. PRESTRESSING GABLE AT THE CENTROIDAL AXIS : 

I he existence of transverse tensile force could easily be illustrated 
through fig. 13.2.1. Let the section AA be the end section at which 
the prestressing force is applied through an anchor plate and let BB be 
the end of transmission zone at which the stress distribution is linear 
over the entire section. Considering a free body diagram of an clement 
of the transmission zone cut by a horizontal plane ‘cc*, it could be seen 
that there should be some tensile as well as shear stress in the horizontal 
plane to keep the body in equilibrium. Typical stress trajectories for 
concentrated force are shown in fig. 13.2.2. 



Fig. 13.2.1 r Transmission zonc-.stress distribution 



The transmission length and the stress distribution depends upon 
the depth of the anchor plate relative to that of the beam. The trans¬ 
mission length and the transverse tensile force (bursting force) arc found 
to be inversely proportional to the ratio of depth of the anchor plate to 
depth of the beam. A typical representation of bursting force is 
approximated by a straight line (13.2) and expressed as 

F,..o.3p(i - (13.2.1) 

It is also important to find the position of zero and the maximum 
transverse tension to locate the reinforcement properly. Fig. 13.2.3 
gives the location of zero and maximum temile stresses along the axis 
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of the tendon. Even though the transmission length varies with depth 
of the anchor plate, the maximum transmission length is found to be 
approximately equal to the depth of the beam. 



Fig. 13.2.3 : Approximate variation of bursting force 

Example : 13.2.1 ; Determination of bursting force, and the reinforce¬ 
ment requirement in a simply supported beam of rectangular cross 
section 80 X 30 cm subjected to an axial prestressing force of 240 T. 

Solution : 

Let the size of the anchor plate be 40 X 24 cm. It is 
assumed that there are several cables but all of them are going through 
the same duct with a common anchor plate having an over hang of 3 
cm on all sides (fig, 13.2.4). 

The intensity of reaction on the plates is 

240000 , 

= 40x24 




40cm-^^ 

_Lr 


60cm 


Fig. 13.2.4 : Forcci on anchor plate 


Design of anchor plate : 

Max. B. M. on plate=a250 x 3 x 3/2=1125 kg cm/cm 
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Let the allowable stress in the anchor plate=*1400 kg/sq cm, 
then modulus of section required = 1125/1400=0.804 sq cm 
Thickness of plate, ‘t’ = V 6 X0.804=2.20 cm 
Use 2.5 cm thick anchor plate. 

Design of reinforcement in the vertical plane : 

Bursting lbrce=0.3 x 240000 (1—40/80) =36000 kg 
Bursting force per unit length *Fb’= 36000/24=1500 kg/cm 
The zero tension occurs at 0.21 D and maximum tension occurs 
at 0.42 D, for a/D=0.5. The approximate bursting force distribution 
is shown in fig. 13.2.5. 



Fig. 13,2.5 : Bursting force distribution 

For simplicity of the solution, the tensile stress is assumed to be 
of parabolic distribution over the tension zone. The maximum 
tension ordinate is then obtained by equating the area under the curve 
to the bursting force. If fy (max)* is the maximum tensile stress ordinate, 
then 

-l-fv.ma*, (80-16.8)= 1500 

fy (max) = 35.4 kg/sq Cm 

Reinforcement has to be provided for tension zone where the 
tension exceeds the allowable concrete tensile stress. Approximate zone 
in which the tension exceeds the allowable limits is indicated in 
fig. 13.2.6. 
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Let 18 kg/sq cm be the allowable tensile stress. Then total 
tensile force for which the reinforcement is to be provided 

=-| X 51 X (35.4-18) X 24= 14200 kg 

Area of reinforcements 14200/1400s 10. 1 sq cm 

Use 7 nos. of 1.5 cm rods over the middle 51 cm tensile zone and 
provide a nominal 1 cm rods at 6 cm spacing over the rest of the trans¬ 
mission zone. 

Design of reinforcement in the horizontal plane : 

Bursting forcesO.3 X 240000 (-24/30) s 14400 kg 

Then bursting force per unit length, ‘F^’s 14400/72s200 kg/cm 

4 he zero and maximum tensile stresses occur at 0.24 D and 0.48 D. 
I hc maximum tensile stress ordinate may be obtained as 

(^Y^y (max) (1-0.24) 80 = 200 

fy (max) —5 kg/sq cm 


' cm d*Q suppor ling und nlso 
spalling reinforcement 





s 

2 nos of icm d 

o 


- 







, 


/ ' 





- 






. y 

1 








zz: 


/ 1 no of Icm di’a 



A nos of Icm^Tnos of l5crTi 
dia di'a 


2 2 - 5 1 6 '' h 

Fig. 13.2.7 ; Reinforcement in the bursting zone 

The tensile stress on the vertical plane is very small, so no hori¬ 
zontal reinforcement is required other than the nominal steel. The 
reinforcement provided in the vertical plane may be taken as 
stirrups in which case it also serves as nominal horizontal reinforce¬ 
ment. 


13.3. SYMMETRIC MULTIPLE CABLES CAUSING AXIAL 
THRUST : When separate anchor plates distributed over the depth 
of the beam arc used for different cables, the transmission zone and 
distribution of stress are altered considerably. The even distribution of 
the anchor plates reduces the transmission length and also the bursting 
forces. A typical behaviour of the multiple cable force is shown in 
fig. 13.3.1. 
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A 


(c) Four coMfi wTfh four ptofcs 

Fig, 13.3.1 : Approximalr isobars for transvri'sc 
tensile stress 

The bursting force could be calculated by dividing the total depth 
into a number of equivalent prism depths. A simple example illustrat¬ 
ing the procedure is given below: 

Example 13.3.1 : A prestressed beam of 80 by 30 cm cross section is sub¬ 
jected to two symmetric cables each with 120000 kg transfer prcslressing 
force. An anchor plate of 30 by 20 cm is provided for each cable. 
Determine the reinforcement in the transmission zone. 



Fig. 13.3.2 : Transmission zone of exampk 13.3.1 

Solution: 

(dividing over the width of the anchor plate) 

The zero and maximum bursting stress ordinates are at 0.24 D 
and 0.48 D and are marked in fig. 13.3.3. 
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Fig. 13.3.3 : Bursting stress distribution 
fy (max) = (3/2) (450/30.4) - 22.2 kg/sq cm 

Assuming parabolic distribution, the length over which the re¬ 
inforcement is to be provided is 

--=30.4x \/472/2^ = 13.3 cm 

Total tensile force for which reinforcement is to be provided 
-(2/3) (13.3x4.2) X20-760 kg 

Area of steel— —0.54 sq cm 


The area of steel required is relatively small so provide nominal 
stirrups of 1 cm diameter bars at 10 cm spacing. It is not necessary 
to check for the other transverse reinforcement because of the antici¬ 
pated low stresses. 



Fig. 13.3.4; Transmission zone reinforcement 

13.4. GABLE WITH EGGENTRIGITY : Eccentrically acting pre- 
stressing force would cause reorientation in the principal stress trajec¬ 
tories and also in the magnitude of bursting force. A typical 
representation of isobars and lines of compression arc shown in 
fig. 13.4.1 from which it may be observed that the bursting force is 
shifted towards the eccentricity. Guyon has suggested an ^^cquivalcnt 
prism*’ method in which a prism is selected where the axis of the load 
is the axis of the bursting line and the depth of the prism is twice the 
smallest distance from the load axis to the edge of the concrete. 
The stress analysis is to be made based on the equivalent prism. This 
method is found to be satisfactory even though it has some disadvan- 
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lages in limiting cases. The design of transmission zone is best shown 
through an illustrative example. 



Fig. 13.4.1 : Equivalent prism and isobars for eccentrically 
acting force 


Elxample 13.4.1 ; A beam of cross section 80 by 30 cm is subjected to 
an eccentric prestressing force of 160000 kg with 10 cm eccentricity. 
Assuming an anchor plate of size 40 by 20 cm, determine the bursting 
stress and the necessary reinforcement. 




K---- 30 -H 


T 


I 

80 


Fig. 13.4.2 : Section of example 13.4.1 


Solution: 


V^crtical plane reinforcement: 

Depth of equivalent prism = Dj~ 60 cm 


a 

U 




Procedure as adopted in the previous section is followed from here 
onwards taking only the width of the anchor plate as effective 
width. 

Fto = 0.3 X 160000 X (1-40/60)/20 = 800 kg/cm 
Zero tensile str«s occurs at 0.22 Di=13.2 cm 
fy (inax) = (3x800)/(2x46.8)=25.6 kg/sq cm 

Assuming 18 kg/sq cm as allowable tension, the length over which 
reinforcement is required 

= \^75725T67>r(^T3T2^ cm 

Total tensile force for which reinforcement is to be provided is 

= -| X (25.3 X 7.5) X 20 = 2530 kg 
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Area of steel 2530/1400= 1.8 sq cm 
Use 1 cm dia bars at 10 cm spacing. 

13.5. INCLINED PRESTRESSING CABLE: Most of the practical 
problems arc associated with inclined cable at the end section. The 
effect of the inclination of the cable is to reorient the stress trajectories 
and the isobars so that the symmetric axis of the stress trajectories is 
along the inclined cable axis. The inclination of the cable is generally 
small, so the reorientation of the axis is not very appreciable. Typical 
stress trajectories for an inclined cable are shown in fig. 13.5.1, If the 
inclination is small, as is the case in many practical problems, the 
bursting force is not much altered ; however the spalling forces are 
increased appreciably. The effect of the vertical component of the 
cable force will generate secondary splitting stresses which may be 
neglected for small inclinations of the cables. Design of transmission 
zone for small inclined cables may be done as adopted for horizontal 
forces. When the inclination of the cable is large, which might be the 
case wdien the cables are terminated in flanges at middle zone of the 
beam, additional spiral and hoop stirrups should be provided. 



Fi^. 13.5.1 ; Typical stress trajectories for an 
inclined cable 


13.6. SPALLING STRESSES: Spalling stresses are developed on the 
edge surfaces of the beam adjacent to the anchor plate. High bearing 
stresses cause higher lateral tensile strains which are probably the main 
reasons for spalling of the concrete. The spalling stresses arc directly 
proportional to the bearing stresses imposed and inversely proportional 
to the interval of the bearing forces. In most cases, the spalling stresses 
are in the region of 0.3 to 0,4 of P/A and, if the intensity of bearing 
stress is very high, then the spalling stress could be very high. 
A typical variation of spalling stresses are shown in fig. 13.6.1. 
Since the spalling stress is only a localised character at the surfaces 
adjacent to the anchor plates, the total amount of reinforcement 
involved is not considerable. A high p>crccntagc of small diameter loop 
stirrup reinforcement should be provided stgainst spalling. 
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Fig. 13.6.1 : Typical spalling stresses 


Problems: 

13.1 A post-tensioned concrete beam having end section 100 by 
160 cm is provided with 4 cables of 40000 kg each. The cables 
are spaced in a vertical line so that the centroid of the cables 
coincide with the centre of gravity of the section. Design anchor 
plates, vertical and horizontal bursting reinforcement and spalling 
reinforcement. 

13.2 A post-tensioned concrete beam having end section of 60 by 
100 cm is provided with two caV)les of 30000 kg each. The two 
cables are spaced at 20 cm on either side of the centroid of the 
beam with 4' inclination. Design the anchor plates, the bursting 
and spalling reinforcements. 
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Table I —Values of (for full stress condition 
AS PER 1. S. I.) 


Post-tensioned 


1\ f'c 

kgjcm^ 

c'tt 

C ct 

C ce 


Ao 

0.80 350 

.0286 

.5000 

.4000 

.0286 

1.0135 

400 

.0250 

.4806 

.3889 

.0250 

1.0014 

450 

.0222 

.4611 

.3778 

.0222 

0.9888 

500 

.0200 

.4417 

.3667 

.0200 

0.9756 

530 

.0189 

.4300 

.3600 

.0189 

0.9674 

0.85 350 

.0286 

.5000 

.4000 

.0286 

1.0690 

400 

,0250 

.4806 

.3889 

.0250 

1.0569 

450 

.0222 

.4611 

.3778 

.0222 

1.0441 

500 

.0200 

.4417 

.3667 

.0200 

1.0306 

530 

.0189 

.4300 

.3600 

.0189 

1.0222 

• 

Prc-tcnsioned 

0.80 420 

.0238 

.5000 

.4000 

.0238 

1.0114 

500 

.0200 

.4741 

.3852 

.0200 

0.9952 

550 

.0182 

,4579 

.3759 

.0182 

0.9847 

600 

.0167 

.4417 

.3667 

.0167 

0.9737 

630 

.0157 

.4300 

.3600 

.0157 

0.9655 

0.85 420 

.0238 

.5000 

.4000 

.0238 

1.0680 

500 

.0200 

.4741 

.3852 

.0200 

1.0517 

550 

.0182 

.4579 

.3759 

.0182 

1.0409 

600 

.0167 

.4417 

.3667 

.0167 

1.0295 

636 

.0157 

.4300 

.3600 

.0157 

1.0210 




Secihnal Properties 
Table 2 — Sectional Properties 


Ct 

Cb 

Ca 

Cl 

Cyb 

Cyt 

p 



C( = 

.40 


Cw = 

.12 



.08 

.08 

.212 

.027 

.603 

.396 

.128 

1,523 

.08 

,10 

.218 

.028 

.590 

.409 

.132 

1.442 

.08 

.12 

.224 

.030 

.578 

.421 

, 134 

1,372 

.10 

.08 

.230 

.028 

.627 

.372 

.125 

1.682 

.10 

.10 

.236 

.030 

.614 

.385 

,129 

1.593 

.10 

.12 

.241 

.031 

.602 

.397 

.131 

1.517 

.12 

.08 

.248 

.030 

.645 

.354 

.121 

1.823 

.12 

.10 

.253 

.031 

.633 

.366 

.125 

1.728 

.12 

.12 

.259 

.033 

.622 

.377 

.128 

1.647 


Cf = 

.40 


C\\ — 

.16 



,08 

.08 

.246 

.029 

,589 

.410 

.120 

1.436 

.08 

.10 

.251 

.030 

.580 

.419 

.122 

1.381 

.08 

.12 

,256 

.031 

.571 

.428 

.124 

1.332 

.10 

.08 

.263 

.031 

.610 

.389 

.118 

1.564 

.10 

.10 

.268 

.032 

.600 

.399 

.121 

1.504 

.10 

.12 

.272 

.033 

.592 

.407 

.123 

1.451 

.12 

.08 

.280 

.032 

.626 

.373 

.116 

1.679 

.12 

.10 

.284 

.033 

.617 

.382 

.119 

1.616 

.12 

.12 

.289 

.035 

,609 

.390 

.121 

1.560 


Cf = 

.40 


Cyr~ 

.20 



.08 

.08 

.280 

.031 

.578 

.421 

.113 

1.374 

.08 

.10 

.284 

.032 

.571 

.428 

.115 

1.336 

.08 

.12 

.288 

.033 

.565 

.434 

.116 

L 301 

,10 

-08 

.296 

.033 

.596 

.403 

,113 

1.479 

.10 

.10 

.300 

.034 

.590 

.410 

.115 

1.439 

.10 

.12 

.304 

.035 

.583 

.416 

,116 

1.402 

.12 

.08 

.312 

.034 

.611 

.388 

.111 

1.575 

.12 

.10 

.316 

.035 

.605 

.394 

.113 

1.532 

.12 

.12 

.320 

.036 

.599 

.401 

.115 

1.493 
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Cf = 

.50 


Cw — 

.12 



.08 

.08 

.220 

.029 

.583 

.416 

,135 

1.399 

.08 

.10 

.228 

.031 

.566 

.433 

.138 

1.309 

.08 

.12 

.236 

.033 

.552 

.447 

,140 

1.233 

.10 

.08 

.238 

.031 

.607 

.392 

.132 

1.547 

.10 

.10 

.246 

.033 

.591 

.408 

.136 

1.447 

.10 

.12 

.253 

.035 

.577 

.422 

.139 

1.364 

.12 

.08 

.256 

.032 

.626 

.373 

.128 

1.680 

.12 

.10 

.263 

.035 

.611 

.388 

.132 

1.573 

.12 

.12 

.271 

.036 

.597 

.402 

.136 

1.483 



.50 


Cw = 

.16 



.08 

.08 

.254 

.032 

.572 

.427 

.125 

1.338 

.08 

.10 

.261 

.033 

.559 

.440 

.128 

1.271 

.08 

.12 

.268 

.034 

.548 

.451 

.130 

1.214 

.10 

.08 

.271 

.033 

.593 

.406 

.124 

1.458 

.10 

.10 

.278 

.035 

.580 

.419 

.127 

1.386 

.10 

.12 

.284 

.036 

.569 

.430 

.129 

1.323 

.12 

.08 

.288 

,035 

.610 

.389 

.122 

1.567 

.12 

.10 

.294 

.037 

.598 

.401 

.125 

1.490 

.12 

.12 

.301 

.038 

.587 

.412 

.128 

1.424 


cr = 

.50 


Cw = 

.20 



.08 

.08 

.288 

.034 

.563 

.436 

.118 

1.292 

,08 

.10 

.294 

.035 

.554 

.445 

.120 

1.243 

.08 

.12 

.300 

.036 

■545 

.454 

.122 

1.199 

.10 

.08 

.304 

.035 

.582 

.417 

.118 

1.392 

.10 

.10 

■310 

.037 

.572 

.427 

.120 

1.339 

.10 

.12 

.316 

.038 

.563 

.436 

.122 

1.292 

.12 

.08 

.320 

.037 

.597 

.402 

.116 

1.484 

.12 

.10 

.326 

.038 

.588 

.411 

.119 

1.428 

.12 

.12 

.332 

.040 

.579 

.420 

.121 

1.378 



.60 


Cw = 

.12 



.08 

.08 

.228 

.032 

.564 

.435 

.140 

1.295 

,08 

.10 

.238 

.034 

.545 

.434 

.143 

1.198 

.08 

.12 

.248 

.035 

.528 

.471 

.144 

1,120 

.10 

.08 

.246 

.034 

.589 

.410 

.138 

1.433 

.10 

.10 

.256 

.036 

.570 

.429 

.142 

1.327 

.10 

.12 

.265 

.038 

.553 

.446 

.144 

1.240 

.12 

.08 

.264 

.035 

.609 

.390 

.134 

1.558 

.12 

.10 

.273 

.038 

.590 

.409 

.139 

1.444 

.12 

.12 

.283 

.040 

.574 

.425 

.142 

1.350 
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Cf = 

.60 


Cw = 

,16 



.08 

.08 

.262 

.034 

.556 

.443 

.130 

1.252 

.08 

.10 

.271 

.036 

.540 

.459 

.133 

1.178 

.08 

.12 

.280 

.037 

.527 

.472 

.134 

1.116 

.10 

.08 

.279 

.036 

.577 

,422 

.129 

1.366 

.10 

.10 

.288 

.038 

.562 

.437 

.132 

1.285 

.10 

.12 

.296 

.039 

.549 

.450 

.134 

1.217 

.12 

.08 

.296 

.037 

.595 

.404 

.127 

1.469 

.12 

.10 

.304 

.039 

.580 

.419 

.131 

1.384 

.12 

.12 

.313 

,041 

.567 

.432 

.133 

1.311 


Cr=: 

.60 


Cw = 

.20 



.08 

.08 

.296 

.036 

.549 

.450 

.122 

1.220 

,08 

.10 

.304 

.037 

.537 

.462 

.124 

1.162 

.08 

.12 

.312 

.039 

.526 

.473 

,126 

1.112 

.10 

.08 

.312 

.038 

.568 

.431 

.122 

1.315 

.10 

.10 

.320 

.040 

.556 

.443 

.125 

1.253 

.10 

.12 

.328 

.041 

.545 

.454 

.126 

1,199 

.12 

.08 

.328 

.039 

.583 

.416 

.121 

1.403 

.12 

.10 

.336 

.041 

.572 

.427 

.124 

1.337 

.12 

.12 

.344 

.043 

.561 

.438 

,126 

1.279 


C[ = 

.70 


Cw — 

.12 



.08 

.08 

.236 

.034 

.546 

.453 

.144 

1.203 

.08 

.10 

.248 

.036 

.525 

.474 

.147 

1.106 

.08 

.12 

.260 

.038 

.506 

.493 

.148 

1.027 

.10 

.08 

.254 

.036 

.571 

.428 

.143 

1.335 

.10 

.10 

.266 

.039 

,550 

.449 

.146 

1.225 

,10 

.12 

.277 

.041 

-532 

.467 

.148 

1,138 

.12 

.08 

.272 

.038 

.592 

.407 

.140 

1,453 

.12 

.10 

.283 

.044 

.571 

.428 

.144 

1.335 

.12 

.12 

.295 

.043 

.553 

.446 

.146 

1.240 


Cf = 

.70 


Cw = 

.16 




.08 

.08 

.270 

.036 

.08 

.10 

.281 

.038 

.08 

.12 

.292 

.040 

.10 

.08 

.287 

.038 

.10 

.10 

.298 

.040 

.10 

.12 

.308 

.042 

.12 

.08 

.304 

.040 

.12 

.10 

.314 

.042 

,12 

.12 

.325 

.044 


.540 

.459 

,134 

1.177 

.523 

.476 

.136 

1.098 

.508 

.491 

.137 

1.033 

.562 

.437 

.133 

1.285 

.545 

.454 

.136 

1.199 

.530 

.469 

.138 

1,128 

.580 

.419 

.132 

1.383 

.563 

,436 

.135 

L291 

.548 

.451 

,137 

1,215 
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Cfx= 

.70 


Cw — 

.20 



.08 

.08 

.304 

.038 

.536 

.463 

.126 

1.156 

.08 

.10 

.314 

.040 

.522 

.477 

.128 

1.092 

.08 

.12 

.324 

.041 

.509 

.490 

.129 

1.038 

.10 

.08 

.320 

.040 

.555 

.445 

.126 

1.247 

.10 

.10 

.330 

.042 

.540 

,459 

,128 

1.178 

.10 

.12 

.340 

.044 

.528 

.471 

.130 

1.119 

.12 

.08 

.336 

.0^2 

.570 

.429 

.125 

1.330 

.12 

.10 

.346 

.0 H 

.557 

.442 

.128 

1.257 

.12 

.12 

.356 

.046 

.544 

.455 

,130 

1.195 



.80 



.12 



.08 

.08 

.244 

.036 

.530 

.469 

.148 

1.127 

.08 

.10 

.258 

.038 

.506 

.493 

.149 

1.028 

.08 

,12 

.272 

.040 

.487 

.512 

.149 

.949 

.10 

.08 

.262 

.038 

.555 

.444 

.147 

1.249 

.10 

.10 

.276 

.041 

.523 

.467 

.150 

1.139 

.10 

.12 

.289 

.043 

.512 

.487 

.151 

1.052 

,12 

.08 

,280 

.040 

.576 

.432 

.144 

1.361 

.12 

.12 

.293 

.043 

.554 

.445 

.148 

1.242 

.12 

.10 

.307 

.046 

.534 

.465 

.150 

1.147 


Cf=: 

.80 


Cw — 

.16 



.08 

.08 

.278 

.038 

.526 

.473 

.137 

1.111 

.08 

.10 

.291 

.040 

.507 

.492 

.139 

1.029 

.08 

.12 

.304 

.042 

.490 

.509 

.139 

.962 

.10 

.08 

.295 

.040 

.548 

.451 

.137 

1.213 

.10 

.10 

.308 

.043 

.529 

.470 

.140 

1.124 

.10 

.12 

.320 

.045 

,512 

.487 

.141 

1.951 

.12 

.08 

.312 

.042 

.566 

.433 

.136 

1.307 

,12 

.10 

.324 

.045 

.547 

.452 

.139 

1.211 

.12 

.12 

.337 

.047 

.531 

.468 

.140 

1.133 



.80 


Cw — 

.20 




.08 

.08 

.312 

.040 

.08 

,10 

.324 

.042 

.08 

.12 

.336 

.044 

.10 

.08 

.328 

.042 

.10 

.10 

.340 

.044 

.10 

.12 

.352 

.046 

.12 

.08 

.344 

.044 

.12 

.10 

.356 

.046 

,12 

.12 

,368 

.049 


.523 

.476 

.129 

1.099 

.507 

.492 

.130 

1.030 

.493 

.506 

.131 

.973 

.,542 

.457 

.129 

1.185 

.526 

.473 

.132 

l.Ul 

.512 

.487 

.133 

1.050 

.558 

.441 

.128 

1.265 

.542 

.457 

.131 

1.187 

.528 

.471 

.133 

1.121 
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Prestressed Concrete Structures 



Cf = 

1.00 


Cw = 

J6 



.08 

.08 

.294 

.041 

.500 

.500 

.142 

1.000 

.08 

JO 

.311 

.044 

.477 

.522 

.143 

.915 

.08 

J2 

.328 

.046 

.459 

.540 

.142 

.848 

JO 

.08 

.311 

.044 

.522 

.477 

.143 

1.092 

JO 

JO 

.328 

.047 

.500 

.500 

.144 

1.000 

JO 

.12 

.344 

.049 

.480 

.519 

.144 

.926 

J2 

.08 

.328 

.046 

.540 

.459 

.142 

1.178 

J2 

.10 

.344 

.049 

.519 

.480 

.144 

1.079 

J2 

.12 

.361 

.052 

.500 

.500 

J45 

1.000 


Cf = 

1.00 


Cw = 

.20 



.08 

.08 

.328 

.043 

.500 

.500 

J33 

1.000 

.08 

.10 

.344 

.046 

.480 

.519 

.134 

.926 

.08 

J2 

.360 

.048 

.464 

.535 

.134 

.867 

JO 

.08 

.344 

,046 

.519 

.480 

.134 

1.079 

JO 

JO 

.360 

,049 

.500 

.500 

.136 

1.000 

JO 

.12 

.376 

.051 

.483 

.516 

.137 

.935 

J2 

.00 

.360 

.048 

.535 

.464 

.134 

1.153 

.12 

.10 

.376 

.051 

.516 

.483 

.137 

1.068 

J2 

.12 

.392 

.054 

.500 

.509 

.137 

1.000 
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Table. 3. Fixed end moments due to prestressing force 
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Prestressed Concrete Structures 


Table 4(a)—M embrane Forces and Displacements in Simply Supported 
Cylindrical Shells ; Loads Uniformly Distributed 
Aiono the Length of the Barrel 

(a) Uniform Transverse Load^ 



Longitudinal Force Nx— 


t(^“ t) 

Shearing Force Nx^— 

9'' (t)^ T') 


Transverse Force — 
qrX Col. (3) 

Vertical Displacement^ \v— 



[T-(Ty]i>coi. (4) 


Horizontal Displacement*^ v— 



«Thc use of column numbers in the Tormulas refen to the appropriate cocfHcient in 
the column cited. ^Downward direction is positive. ®Inward direction is positive. 




Memkr^ Foms and Displacments 
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Table 4(a)—M embrane Forces and Displacements in Simply Supported 
Cylindrical Shells ; Loads Uniformly Distributed 
Along the Length of the Barrel (Contd.) 


(a) Uniform Transverse Load 


/k-/ 

N* 



VS' 

V 

V 


(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

0 

-1.500 

0 

-1.0000 

0.5000 

0 

0 

5 

-1.477 

-0.1302 

-0.9924 

0.494^-1 

0.0872 

-0.000.3 

10 

-1.409 

-0.2565 

-0.9698 

0.4775 

0.1736 

-0.0026 

15 

- 1.295 

-0.3749 

-0.9330 

0.4506 

0.2588 

-0.0072 

20 

-1.150 

-0.4820 

-0.8830 

0.4148 

0.3420 

-0.0200 

25 

-0.965 

-0.5746 

-0.8214 

0..3722 

0.4226 

-0.0377 

30 

-0,750 

-0.6503 

-0.7500 

0.3447 

0.5000 

-0.0625 

35 

-0.513 

- 0.7048 

-0.6710 

0,2748 

0.5736 

- 0.0944 

40 

-0.261 

-0.7385 

-0.5868 

0.2247 

0.6428 

-0.1328 

45 

0 

-0.75(X) 

-0.5000 

0.1767 

0.7071 

0.17(i8 

50 

0.261 

-0.7385 

-0.4132 

0.1328 

0.7660 

-0.2247 

55 

0.513 

-0.7048 

0.3290 

0.0944 

0.8191 

- 0.2749 

60 

0.750 

-0,6503 

-0.2500 

0.0625 

0.8660 

- 0.3248 

65 

0.965 

-0.5746 

-0.1786 

0.0377 

0.9063 

-0.3722 

70 

1.150 

-0.4820 

-0.1170 

0.0199 

0.9397 

-0.4149 

75 

1.295 

-0.3749 

- 0.0669 

0.0086 

0.9659 

- 0,4506 

80 

1.409 

-0.2565 

-0.0301 

0.0026 

0.9848 

-0.4776 

85 

1.477 

-0.1302 

-0.0076 

0.0004 

0.9962 

-0,4943 

90 

1,500 

0 

0 

0 

1.0000 

-^0.5000 
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Pnstressed Comr$ie Sirmturts 


Ta9i^ 4(b)—Ms&fBRANE Forces and Displacements in Simply Supported 
Cylindrical Shells; Loads Uniformly Distributed 
Along the Length of the Barrel 


(b) Dead Weight Load^ 



LTnimii) 



H - i - H 


Longitudinal Force — 

5*’’ (Ty''T(‘~ (7) 

Shearing Force Nx^— 

qgr ^*)xCo1. (8) 

Transverse Force — 
qg r X Col. (9) 

Vertical Displacement'* w— 

' 7^;f|-^(t)’+ i(f)■+A( t)+KtT 

Horizontal Displacement v— 

?»’' 75Te(t) (") 


<*The ute of column numbers in the formubu refers to the appropriate coefficient in 
the column cited. ^Downward direction it positive. ®Inward direction i« poutive. 
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Table 4(b)—M embeake FoR<?«s and Displacements w Simply Swporteo 
C yLfNDRtcAL Shells; Loads Uniformly Distriboted 
Aloho the Length op the Barrel (Conid) 

{b) Dead Weight Load 


/k-/ 

N, 

N., 

N, 

w 

V 


(7) 

(8) 

(9) 

(10) 

(11) 

0. 

-1.0000 

0 

-1.0000 

1.0000 

0 

5 

-0.9962 

-0.0871 

-0.9962 

0,9924 

0.0868 

10 

-0.9848 

-0.1736 

-0.9848 

0.9698 

0.1710 

15 

-0.9659 

-0.2589 

-0.9659 

0.9330 

0.2500 

20 

-0.9397 

-0.3421 

-0.9397 

0.8830 

0,3214 

25 

-0.9063 

-0.4225 

-0.9063 

0.8214 

0.3830 

30 

-0,8660 

-0.5000 

-0.8660 

0.7,')00 

0.4330 

35 

-0.8191 

-0.5737 

-0.0191 

0.6710 

0.4698 

40 

-0.7660 

-0.6428 

-0.7660 

0,5868 

0.4924 

45 

-0.7071 

-0.7071 

-0.7071 

0.5000 

0.5000 

50 

-0,6428 

-0.7661 

-0.6428 

0.4132 

0.4924 

55 

-0.5736 

-0.8192 

-0.5736 

0.3290 

0.4698 

GO 

-0.5000 

-0,8660 

-0.5000 

0.2500 

0.4330 

65 

-0.4226 

-0.9062 

-0.4226 

0.1786 

0.3B30 

70 

-0.3420 

-0*9397 

-0.3420 

0.1170 

0.3214 

75 

-0.2588 

-0.%59 

-0.2588 

0.0669 

0.2500 

80 

^0.1736 

-0.9847 

-0J736 

0,0301 

0.1710 

85 

-0.0872 

-0.9962 

-0.0872 

0.0076 

0.0868 

90 

0 

-l.OOOO 

0 

0 

0 
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Prestf€ssed Concrete Structures 


Table 5(a) —Membrane Forces and Displacements in Simply Supported 
Cylindrical Shells : Loads Varyino from Zero 
AT THE Ends to Maximum at the Middle 


(a) Uniform Transverse Load 


Longitudinal Force Nx— 


m 


X Col. (1) sin ■ ^ 


Shearing Force Nx^- 


Transvcrsc Force N.— 


qr X Col. (3) \ sin 


Vertical Displacemcni w— 


^ X Col. (4) jsin 


Horizontal Displacement v— 


X Col. (6) I* X sin ~— 
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Metkbrmu Forces and Displacements 

5(a)—M embrane Forces and Displacements in Simply Supported 
Cylindrical Shells ; Loads Varying from Zero 
AT iHE Ends to Maximum at the Middle {Contd.) 


(fl) Uniform Transoerse Load 


‘'*Vl 

\ 

Np 



w 

V 

V 


(» 

(2) 

(3) 

(4; 

(5,^ 

'6^ 

0 

-0.3040 

0 

-1.0000 

0.12319 

0 

0 

5 

-0.2993 

-0.0829 

-0.9924 

0.12180 

0.0872 

- 0.00009 

10 

-0.2856 

-0.1633 

-0.9698 

0.11766 

0.1736 

-0.00064 

15 

-0.2623 

-0.2387 

-0.9330 

0.11102 

0.25BB 

-0.00213 

20 

-0.2329 

-0.3069 

-0.8830 

0.10222 

0.3420 

-0.00490 

25 

-0.1954 

-0..3658 

-0.8214 

0.09170 

0.4226 

-0.00930 

10 

-0.1520 

-0.4140 

-0.7500 

0.08001 

0.5000 

-0-01539 

35 

-0.1040 

-0.4487 

-0,6710 

0.(M'>771 

0.5736 

0.02325 

40 

-0.0528 

-0.4702 

--0.5868 

0.05537 

0.6428 

-0.03272 

45 

0 

- 0.4775 

0.5000 

0.04355 

0.7071 

.0.04355 

50 

0.0528 

-0.4702 

-0.4132 

0.03272 

O.76G0 

- 0.05537 

55 

0.1040 

-0.4487 

-0.3290 

0.02325 

0.8191 

n.fKi77l 

60 

0.1520 

-0.4140 

-0.2500 

0.01539 

0.8660 

0.08001 

65 

0.1954 

-0.3658 

-0.1786 

0.00930 

0,9063 

- 0.09170 

70 

0.2329 

-0.3069 

-0.1170 

0.00490 

0.9397 

-0.10222 

75 

0.2623 

-0.2387 

-O.OG69 

0.(K)213 

0.9659 

-0.11102 

80 

0.2856 

-0.1633 

-0.0301 

0.00064 

0.9848 

-0.11766 

85 

0.2993 

-0.0829 

-0.0076 

0.00009 

0.9962 

-0.12180 



n 

0 

0 

1.0000 

-0.12319 
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Presirmtd Camrete Stratum 


Table 5(b)—M embrane Forces and Displacements in Simply Supported 
Cylindrical Shells ; Loads Varying from Zero 
at the Ends to Maximum at the Middle 


(b) Dead Weight Load 



?(t f [(t) ^ 


Shearing Force Nx^— 

9 * »• [^(t) ^ J I 

Transverse Force — 
jgrxCol. (9) xsin-y- 


Vertical Diplacement w— 

/* r/'2rV 2 f r\* I . 

9 «' 7^7¥j_V » w + »*+(; ) ^ J®*" r 


Horizontal Displacement v— 


MmAr^ns Fmes md Displacimnis 2$9 

Table 5(b)—M embrane Forces and EhspLACBMENTs in Simply Supported 
C vuNDRicjAL Shells ; Loads Varying from Zero 
AT THE Ends to Maximum at the Middle {CerUd^) 

{b) Dead Weight Load 



Nx 

Nx* 

N* 

y\’ 

V 


(7) 

(8) 

(9) 

(10) 

(11) 

0 

-0.2026 

0 

-1.000 

1.0000 

0 

5 

-0.2019 

-0.0555 

-0.9962 

0.9924 

0.0868 

10 

-0.1996 

-0.1105 

-0.9848 

0.9698 

0.1710 

15 

-0.1957 

-0.1648 

-0.9659 

0.M30 

0.2500 

20 

-0.1904 

-0.2178 

-0.9397 

0.8830 

0.3214 

25 

-0.1837 

-0.2690 

-0.9063 

0.8214 

0.3030 

30 

-0.1754 

-0.3183 

-0.8660 

0.7500 

0.4330 

35 

-0.1660 

-0.3652 

-0.8191 

0.6710 

0.4698 

40 

-0.1552 

-0.4092 

-0.7660 

0.5868 

0.4924 

45 

-0.1433 

-0.4502 

-0.7071 

0.5000 

0.5000 

50 

-0.1302 

-0.4877 

-0.6428 

0.4132 

0.4924 

55 

-0.1162 

-0.5215 

-0.5736 

0.3290 

0.4698 

60 

-0.1013 

-0.5513 

-0.5000 

0.2500 

0,4330 

65 

-0.0856 

-0-5769 

-0.4226 

0,1786 

0.3830 

70 

-0.0693 

-0.5982 

-0.3420 

0.1170 

0.3214 

75 

-0.0524 

-0.6149 

-0.2588 

0.0669 

0.2500 

80 

-0.0351 

-0.6269 

-0.1736 

0.0301 

0.1710 

85 

-0.0177 

-0.6342 

-0.0872 

0.0076 

0.086B 

90 

0 

-0,6366 

0 

0 

0 
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Prestrtssed Concrete Strucimres 


Table 6(a)—M embrane Forces and Displacements in Simply Supported 
Cylindrical Shells ; Loads Varying prom Zero 
AT THE Ends to Maximum Negative at the Middle 


(a) Uniform Transverse Load 


crrmn 


Longitudinal Force 


qr (i-YxCoMl) xsini-^ 


Shearing Force — 

^ /-I 1 /.IN 3 v X 

qr y X Col. (2) x cos ^ 


Transverse Force N^- 


qr X Col. (3) x sin ~ 


Vertical Displacement \v- 


f 


9/ nr V 81/ nr VI 3n* 

'2 V ' r j + 12V I j J Col- (4) X sin ; 


Horizontal Displacement v- 




"I Sv X 
Col, (6) y sin ~ ^— 
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Mmhrmu Forces and Displactments 

Fable 6(a)—M embrane Forces and Displacements in Simply Supported 
Cylindrical Shells ; Loads Varying from Zero 


at the Ends to Maximum Negative at the Middle (ConiJ.) 

(a) Uniform Transverse Load 

/k- 


N* 

N., 

N# 

w 

V 

V 



(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

0 


- 0.0338 

0 

-1.0000 

0.00152 

0 

0 

5 


-0.0332 

-0.0276 

-0.9924 

0.00150 

0.0872 

-0.00000 

10 


-0.0317 

-0.0544 

-0.9698 

0.00145 

0.1736 

-Q.OOOOO 

15 


-0,0291 

-0.0796 

-0.9330 

0.(K)137 

0.2588 

-0.00002 

20 


- 0.0259 

-0.1023 

-0.8830 

0.00126 

0.3420 

-0.00006 

25 


-0.0217 

- 0.1219 

-0.8214 

0.00113 

0.4226 

-0.00011 

50 


-0.0169 

-0.1380 

-0.7500 

0.00099 

0.5000 

-0.00019 

35 


-0.0116 

-0.1496 

-0.6710 

0.00084 

0.5736 

- 0.00029 

40 


-0.0059 

-0.1567 

-0.5868 

0.00068 

0.6428 

-0.00040 

45 


0 

-0,1592 

-0.5000 

0.00054 

0.7071 

-0.00054 

50 


0.0059 

-0.1567 

-0.4132 

0.00040 

0.7660 

-0.00068 

55 


0,0116 

-0.1496 

-0.3290 

0.00029 

0.8191 

-0.00084 

00 


0.0169 

-0.1380 

-0.2500 

0.00019 

0.8660 

-0.00099 

65 


0.0217 

-0.1219 

-0.1786 

o.ooon 

0,9063 

-0.00113 

70 


0.0259 

-0.1023 

-0.1170 

0.00006 

0.9397 

-0,00126 

75 


0.0291 

-0.0796 

-0.0669 

0,00002 

0,9659 

-0.00137 

80 


0.0317 

-0.0544 

-0.0301 

0.00000 

0.9848 

-0.00145 

85 


0.0332 

- 0.0276 

-0.0076 

0.00000 

0,9962 

-0.00150 

90 


0,0338 

0 

0 

0 

1.0000 

-0.00152 
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Pnstmsed ComrtU Stmctmres 


Tabie 6(b)—M bmbrawe Force8 and Displacements in SiMBtv Supported 
Cyundrical Shells ; Loads Varying from Zero 
AT THE Ends to Maximum Negative at the Middle 


{h) Dead Weight Load 





h-<-H 


Longitudinal Force Nx— 
q,T (lJxCol.(7) Xsin 


Shearing Force — 


7* r X Col. (8) xcos 


Transverse Force N^ — 


7^ r X Col. (9) X sin --- J 


Vertical Displacement w— 


r 2 4/ r Y /rV 

?*’■ r*tifL81(iTy‘+ 9 V W / 


X Col. (10) 



3 TT ^ 

~r' 


Horizontal Displacement v— 
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able 6(b)—M umbiunb Forces and Displacements in Simply Supported 
Cylindrical Shells ; Loads Varying prom Zero 
at the Ends to Maximum Negative at the Middle {Conid,) 

(b) Dead Weight Load 



Nx 


N# 

w 

V 

i \) 

(7) 

(8) 

(9) 

(10) 

(11) 

0 

-0.0225 

0 

-1.0000 

1.0000 

0 

5 

-0.0224 

-0.0185 

-0.9962 

0.9924 

0.0868 

10 

-0.0222 

-0.0368 

-0.9848 

0.9698 

0.1710 

15 

-0.0219 

-0.0549 

-0.9659 

0.9330 

0.2500 

20 

-0.0212 

-0.0726 

-0.9397 

0.8830 

0.3214 

25 

-0.0204 

-0.0897 

-0.9063 

0.8214 

0.3830 

30 

-0.0195 

-0.1061 

-0.9660 

0.7500 

0.4330 

35 

-0.0184 

-0.1217 

-0.8191 

0.6710 

0.4698 

40 

-0.0172 

-0.1364 

-0.7660 

0.5068 

0.4924 

45 

-0.0159 

-0.1501 

-0.7071 

0.5000 

0.5000 

50 

-0.0145 

-0.1626 

-0.6428 

0.4132 

0.4924 

55 

-0.0129 

-0,1738 

-0.5736 

0.3290 

0.4698 

60 

-0.0113 

-0.1838 

-0.5000 

D.2500 

0,4330 

65 

-0.0095 

-0.1923 

-0.4226 

0.1786 

0.3830 

70 

-0.0077 

-0.1994 

-0.3420 

0.1170 

0.3214 

75 

-0.0058 

-0.2050 

-0.2588 

0.0669 

0.2500 

80 

-0.0040 

-0.2090 

-0.1736 

0.0301 

0,1710 

85 

-0.0019 

-0.2114 

-0.0872 

0.0076 

0.0860 

90 

0 

-0.2122 

0 

0 

0 
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Pmtressed Cmcreis Sinecures 


Tabls 7(a)—^S ymmetrical Edge Loads on Simply 
Supported Cylindrical Shells 


Vertical Edge Load 


Horizontal Edge Load 


(a) Basic Formulas aud Loading IHagrams 


Longitudinal Force 
Vl^(^|JxCo 1. (1) jsi> 
Shearing Force — 

Vl j^-^xCol. (2) jeos 
Transverse Force jV^— 
VlxCoI. (3)X sin -''1 
Transverse Moment M ^— 
Vl [rXCol. (4)] sin 


Longitudinal Force Nx — 

Hl j^^y^xCol. (5) Jsin ~ 
Shearing Force jVx^— 

Hl — X Col. (6) J cos 
Transverse Force N ^— 

Hi. x Col. (7)X5in 
Transverse Moment M ^— 

Hl [r X Col. (8)J sin 



(U 

w 

(3) 

( 4 ) 

N+ 

( 5 ) 

Nx^ 

(6) 

N, 

(7) 

(8) 



(b) r 

/t-^100 and r/1^0.1 




/k-30: 

30 - 5.382 

0 

- 3.471 

- 0.3278 

- 0.0013 

0 

+ 0,9997 

4 0.1310 

20 - 3.575 

- 2.619 

- 2.656 

- 0.2779 

+ 0.0017 

- 0.0001 

T 0.9848 

+ 0.1162 

10 4 - L 809 

- 3.265 

- 0.775 

- 0.1512 

^ 0.0034 

+ 0.0017 

r 0.9399 

+ 0.0722 

0 + 10.69 

0 

-1 0.500 

0 

- 0.0151 

0 

4 0.8660 

0 

/it=35: 

35 - 3.430 

0 

- 2.959 

- 0.3703 

- 0.0061 

0 

f 0.9986 

+ 0.1754 

30 - 3.220 

- 0.921 

- 2.820 

- 0.3594 

- 0.0043 

- 0.0068 

-i 0.9951 

+ 0,1717 

20 - 1.538 

- 2.302 

- 1.812 

- 0.2781 

+ 0.0060 

+ 0.0136 

+ 0.«)663 

4 0.1425 

10 + 1.822 

- 2.301 

- 0.330 

- 0.1444 

-h 0.0080 

+ 0.0041 

+ 0.9071 

H-0.0848 

0 + 6.»45 

0 

>^ 0.574 

0 

- 0,0316 

0 

+ 0.8192 

0 
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Table 7(a) {Conid.) 

[b) (Continued) 


Vertical Edge Load 


Horizontal Edge Load 

/ 

N, 




N, 

N.# 

N, 

M* 

(1) 

( 2 ) 

( 3 ) 

( 4 ) 

( 5 ) 

( 6 ) 

( 7 ) 

(«) 

o 

II 










40 

- 

2.210 

0 

-2.534 

-0.4048 

-0.0165 

0 

+ 0.9954 

+ 0.2247 

30 

- 

1.806 

-1.138 

-2.168 

-0.3683 

-0.0049 

-0.0068 

+ 0.9836 

+ 0.2041 

20 

- 

0.578 

-1,830 

-1.205 

-0.2691 

+ 0.0176 

-0.0032 

+ 0.9420 

+ 0.1672 

10 

H- 

1.516 

-1.614 

-0.045 

-0.1352 

+ 0.0156 

+ 0.0081 

+0.8685 

+ 0.1047 

0 

-1- 

4.534 

0 

+ 0.643 

0 

-0.0631 

0 

+0.7660 

0 

/k— 45 : 










45 

~ 

1.602 

0 

-2.231 

-0.4355 

-0.0359 

0 

+ 0.9873 

+ 2.2779 

40 

- 

1.546 

-0.434 

-2.163 

-0.4274 

-0.0309 

-0.0094 

+ 0.9849 

+0.2743 

30 

- 

1.098 

-1.180 

-1.646 

-0.3654 

+ 0.0033 

-0.0181 

+ 0.9642 

+0.2461 

20 

- 

0.166 

-1.550 

-0.763 

-0.2562 

+ 0.0412 

-0.0050 

+ 0.9138 

+ 0.1899 

10 

+ 

1.310 

-1.263 

+ 0.179 

-0.1255 

+ 0.0260 

+ 0.1175 

1-0.8251 

+0.1072 

0 


3.407 

0 

+ 0.707 

0 

-0.1185 

0 

3-0.7071 

0 

5^'k=:50 










50 

~ 

1.051 

0 

-1.931 

-0.4541 

-0.0693 

0 

+ 0.9696 

+0.3336 

40 

- 

0.948 

-0.558 

-1.741 

-0.4265 

-0.0213 

-0.0326 

i 0.9650 

+0.3198 

30 

- 

0.619 

-0.999 

-1.208 

-0.3492 

+ 0.0284 

i-0.036G 

+0.9430 

+0.2786 

20 

- 

0.001 

-1.184 

-0.451 

-0.2379 

+0.0820 

-0.0039 

+0.8851 

+ 0.2104 

10 

*r 

0.998 

-0.930 

+ 0,317 

-0.1141 

+0.0374 

+ 0.0357 

+0.7738 

+0.U67 

0 

4- 

2.488 

0 

+ 0.766 

0 

-0.2047 

0 

+0.6428 

0 

(c) r/t=^100andr/l=<0.2 

O 

CO 

11 










30 

— 

5.160 

0 

-3.420 

-0.3028 

-0.0742 

0 

+0.9815 

+0,1219 

20 

— 

3.440 

-2.531 

-2.632 

-0.2565 

-0,0123 

-0.0292 

+0.9757 

+0.1084 

10 

— 

1.763 

-3.228 

-0.787 

-0.1395 

+0.0700 

-0.0087 

+0.9427 

+0.0678 

0 

+ 10.92 

0 

+0.500 

0 

-OJ140 

0 

+0.6660 

0 
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Table 7(a) (Contd.) 

(c) (Continued) 


Vertical Edge Load Horizontal Edge Lo^ 



N, 

(1) 

Nx# 

(2) 

N# 

(3) 

(4) 

Nx 

(5) 

N# 

(6) 

Nx# 

(7) 

(8) 

y»K«35; 









35 

- 3.087 

0 

-2.871 

-0.3347 

-0.1552 

0 

+ 0.9603 

+0.1591 

30 

- 2.939 

-0.833 

-2.744 

-0.3240 

-0.1260 

-0.0399 

+0.9622 

+ 0.1559 

20 

~ 1.639 

-2.156 

-1.007 

-0.2514 

4-0.0561 

-0.0634 

+ 0.9649 

+0.1301 

10 

-i- 1.501 

-2.296 

-0.365 

-0.1302 

+ 0,1526 

+ 0.0074 

+ 0.9224 

+ 0.07B1 

0 

+ 7.434 

0 

-fO.574 

0 

-0.3244 

0 

+ 0.8192 

0 

J^k«40; 









40 

- 1.764 

0 

-2.390 

-0.3556 

-0.3096 

0 

+ 0.9087 

+0.1962 

30 

- 1.640 

-0.947 

-2.105 

-0.3239 

-0.1336 

-0.1389 

+0.9351 

+ 0.1845 

20 

- 0.965 

-1.697 

-1.251 

-0.2374 

+0.2243 

-0.1133 

+ 0.9680 

+ 0.1407 

10 

-f 1.111 

-1.753 

-0.109 

-0.1188 

+0.2753 

+ 0.0557 

+0.9101 

+0.0870 

0 

-f- 5.836 

0 

4-0.643 

0 

-0.7210 

0 

+ 0.7660 

0 

/k«=45 









45 

- 0.775 

0 

-1.934 

-0.3619 

-0.5679 

0 

+ 0.7941 

+0.2293 

40 

- 0.820 

-0.217 

-1.897 

-0.3556 

-0.4907 

-0.1493 

+ 0.8118 

+0.2269 

30 

- 1.062 

-0.731 

-1.584 

-0.3068 

-0.0210 

-0.3078 

+ 0.9229 

+ 0.2071 

20 

- 0.934 

-1.317 

-0.910 

-0.2175 

+ 0.5381 

-0.1552 

+ 1.008 

+0.1641 

10 

+ 0,700 

-1.478 

4-0.039 

-0.1073 

+ 0.4245 

+0.1611 

+ 0.9154 

+0.0946 

0 

-f 5.344 

0 

4-0.707 

0 

-1.392 

0 

+ 0.7071 

0 

/k«50 

: 








50 

4 0.052 

0 

-1.437 

-0.3493 

-0.9469 

0 

+ 0.5813 

+0.2514 

40 

- 0.291 

-0.028 

-1.413 

-0.3315 

-0.5827 

-0.4585 

+0.7040 

+0-2452 

30 

- 1.016 

-0.383 

-1.246 

-0.2786 

+ 0.2885 

-0.5526 

+0.9656 

+0.2228 

20 

- 1,244 

-1.059 

-0.745 

-0.1953 

+0.1015 

-0.1620 

+ 1.112 

+0.1764 

10 

4- 0.381 

-1.427 

4-0.110 

-0.0943 

+ 0.5624 

+0.3610 

+0.9471 

+0.1015 

0 

4- 5.670 

0 

4-0.766 

0 

-2.398 

0 

+0.6428 

0 
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Table 7(a) (CotUd,) 

(c) (Conclude) 



Vertical Edge Load 



Horizontal Edge 1.oad 

/ 

N, 





N, 

Nx# 

N# 


(1) 

(2) 

(3) 

(4) 


(5) 

(6) 

(^) 

(8) 




(d) r/t=100 And w 

l \=03 




t=30 










30 

- 4.709 

0 

-3.362 

-0.2769 

- 

0.2662 

0 

+0.9571 

+0,1099 

20 

- 3.568 

-2,381 

-2.632 

-0.2347 

- 

0.0094 

-0.0961 

+0.9752 

+0.0982 

10 

+ 1.053 

-3.290 

-0.037 

-0.1275 

+ 

0.2942 

+0.0035 

+ 0.9639 

+0.0622 

0 

4-12.43 

0 

+ 0.500 

0 

- 

0.6606 

0 

+0.8660 

0 

:=35 

: 









35 

- 2.156 

0 

-2.682 

-0.2903 

- 

0.6039 

0 

+ 0.8706 

+0.1362 

30 

- 2.203 

-0.595 

-2 591 

-0.2021 

- 

0.4823 

-0.1544 

+0.8892 

+0.1338 

20 

- 2.106 

-1.817 

-1.850 

-0.2201 

4- 

0.2698 

-0.2300 

+0.9859 

+ 0,1137 

10 

+ 0.513 

- 2.456 

-0.482 

-0.1148 

+ 

0.6242 

+0.0755 

+ 0.9800 

+ 0.0698 

0 

4-10.03 

0 

+0.574 

0 

- 

1.543 

0 

+ 0.0192 

0 

:=40 










40 

- 0.216 

0 

-1.977 

-0.2853 

- 

1.176 

0 

+0.6733 

+0.1553 

30 

- 1.020 

-0.275 

-1.092 

-0.2631 

- 

0.4865 

-0.5149 

+0.8208 

+0.1408 

20 

- 2.210 

-1.203 

-1.430 

-0.1902 

+ 

0,9141 

-0.3958 

+ 1.069 

+0.1252 

10 

- 0.295 

-2.141 

-0.338 

-0,1018 

4- 

1.073 

+ 0.2676 

+ 1.040 

+0.0762 

0 

4-10.01 

0 

+ 0.643 

0 

- 

3.068 

0 

+0,7660 

0 

i=45 

: 









45 

4- 1.400 

0 

-1.178 

-0.2565 

- 

1.970 

0 

+0.3055 

+0.1591 

40 

+ 1.083 

4-0.354 

-1.224 

-0,2537 

- 

1.728 

-0.5178 

+0.3766 

+0.1589 

30 

- 1.040 

-f 0.432 

-1.454 

-0,2296 

- 

0.0472 

-1.061 

+0.8385 

+0.1550 

20 

- 3.110 

-0.788 

-1.326 

-0.1743 

4- 

1.941 

-0.5051 

+ 1.279 

+0.1338 

10 

- 0.946 

-2.214 

-0.330 

-0.0899 

+ 

1.513 

+0.6328 

+ 1.158 

+0.0821 

0 

4-11.24 

0 

+0.707 

0 

— 

5,257 

0 

+0.7071 

0 
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Pmksssed Concrete Structures 
Table 7(a) {Contd,) 


(d) (Continued) 



Vertical Edge Load 


Horizontal Edge Load 


N, 

(1) 

(2) 

N# 

(3) 

(4) 

Nx 

(5) 

(6) 

N# 

(7) 

(8) 


: 








50 

+ 2.605 

0 

-0.326 

-0.2300 - 

2.821 

0 

-0.2407 

+ 0.1409 

40 

+ 1.276 

+ 1.180 

-0.676 

-0.2032 - 

1.744 

-1,346 

+ 0.1577 

+ 0.1474 

30 

- 1,837 

+ 1.062 

-1.342 

-0.1926 + 

0.8732 

-1.624 

+ 1.033 

hO.!")!!! 

20 

- 4.099 

-0.690 

-1.432 

-0.1527 + 

3.129 

-0.4486 

+ 1.623 

+0.1422 

10 

- 1.187 

-2.497 

-0.379 

-0.0801 J 

1.766 

+ 1.155 

+ 1.315 

+ O.OB05 

0 

4 12.66 

0 

+ 0.766 

0 - 

7.773 

0 

+ 0.6428 

0 




(e) 

r/t==100 and r/l=0.4 





/k=30 : 


30 - 3.508 

0 

-3.175 

-0.2404 

- 0.736 

0 

+ 0.881 

+ 0.0947 

20 - 3.500 

-1.942 

-2.592 

-0.2048 

- 0.038 

-0.2682 

+0.95B 

+0.0856 

10 - 0.244 

-3.281 

-0.947 

-0.1121 

1 - 0.804 

- 0.0008 

+ 1.008 

^0.0544 

0 +15.23 

0 

+ 0.500 

0 

- 1.772 

0 

+0.866 

0 

: 

35 - 0.217 

0 

-2.261 

-0.2351 

- 1.518 

0 

+ 0.670 

+0.1091 

30 - 0.656 

-0.102 

-2.241 

-0.2293 

- 1.214 

-0.3078 

+ 0.723 

+ 0.1078 

20 - 2.982 

-1.086 

-1.911 

-0.1833 

+ 0.680 

-0.5777 

+ 1.014 

+ 0.0952 

10 - 1.512 

-2.715 

-0.712 

-0.0982 

+ 1.596 

+ 0.1902 

+ 1.092 

+ 0.0612 

0 +15.11 

0 

+ 0.574 

0 

- 3.990 

0 

+0.819 

0 

^ k=40 : 

40 + 2.465 

0 

-1.221 

-0.2044 

- 2.664 

0 

+0.250 

+0.1088 

30 + 0.117 

+0.913 

-1.512 

-0.1946 

- 1.123 

-1.171 

+0,606 

+0.1093 

20 - 4.296 

-0.278 

-1.730 

-0.1580 

+ 2.058 

-0.9139 

+ 1.236 

+0,1013 

10 - 2.814 

-2.749 

-0.749 

-0,0862 

+ 2.495 

+0,6036 

+ 1.272 

+0.0665 

0 +17.20 

0 

+0.643 

0 

- 7,122 

0 

+0.766 

0 



Symmetrical Edge Loads 
Table 7(a) {Contd.) 


m 


{e) (Continued) 


Vertical Edge Load Horizontal Edge Load 


/ 

N, 

(1) 

N,, 

(2) 

(3) 

M* 

(4) 

(5) 

(6) 

(7) 

(8) 

/’k=45 










45 

4 

4.329 

0 

-0.119 

-0.1513 

- 3.817 

0 

-0.372 

+0.0899 

40 

+ 

3.663 

+ 1.126 

-0.277 

-0.1526 

- 3.381 

-1.005 

-0.230 

+0.0923 

30 

- 

0.918 

+ 2.029 

-1.249 

-0.1564 

- 0.150 

-2.079 

+ 0.703 

+ 0.1060 

20 

- 

6.034 

-0.008 

-1.889 

-0.1377 

+ 3.796 

-1.015 

+ 1.638 

+0.1083 

10 

“ 

3.355 

-3.194 

-0.854 

-0.0780 

+ 3.104 

+ 1.260 

+ 1.497 

+0.0731 

0 

+ 19.64 

0 

+0.707 

0 

-10.78 

0 

+ 0.707 

0 

II 

O 










50 

+ 

4.973 

0 

4 0.784 

-0.0081 

- 4.477 

0 

-1.043 

+0.0545 

40 

+ 

2.829 

+2.328 

1 0.079 

+ 0.1028 

- 2.858 

-2.155 

-0.394 

+0.0716 

30 

- 

2.433 

+ 2.516 

- 1.399 

-0.1279 

f 1.235 

-2.673 

4-1.065 

+0.1057 

20 

~ 

6.881 

-0.213 

-2.118 

-0.1244 

+ 5.125 

-0.8202 

+2.120 

+0.1184 

10 

- 

3.049 

-3.540 

-0.904 

-0.0724 

+ 3.212 

+ 1.909 

+ 1.707 

+0.0810 

0 

+ 20.35 

0 

+ 0.766 

0 

-13.59 

0 

+0.643 

0 





(f) » 

/t-100 aod r/1-0.5 





J^k = 30 : 


30 

- 

1.757 

0 

-2.879 

-0.2019 

- 

1.420 

0 

+0.767 

+0.0789 

20 

- 

3.508 

-1.323 

-2.524 

-0.1738 

~ 

0.037 

-0.5108 

+0.932 

+0.0727 

10 

- 

2.292 

-3.378 

-1.108 

-0.0969 

+ 

1.616 

+0,0381 

+ 1.071 

+ 0.0489 

0 

+20.22 

0 

+ 0.500 

0 

- 

3.767 

0 

+ 0.866 

0 

/k=35 











35 

+ 

2.471 

0 

-1.677 

-0.1788 

- 

2-776 

0 

+0,395 

+0.C^16 

30 

+ 

1.493 

+0.587 

-1.758 

-0.1758 

- 

2.223 

-0,7101 

+0.495 

+0.0816 

20 

- 

4.2(H) 

-0.060 

-2.002 

-0.1480 

+ 

1.246 

-1.062 

+ 1.056 

+0.0775 

10 

- 

4.426 

-3.090 

-1.055 

-0.0837 

+ 

2,986 

+0.3737 

+ 1.252 

+0.0535 

0 

+ 

22.54 

0 

+0.574 

0 

— 

7.555 

0 

+0.819 

0 
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PreslTMed CoturtU Suuetures 
Table 7(a) ( CorUd .) 


if) (Continued) 


Vertical Edge Load Horizontal Edoe Load 



Nx, N, M, 

N, 

Nx# 

N, 

M, 

f 

(1) 

(2) (3) W 

(5) 

(6) 

(7) 

(8) 

/k-40: 






40 + 5.472 

0 -0.358 -0.1324 

- 4.282 

0 

^0.220 

40.0682 

30 + 1.404 

+2.232 -1.069 -0.1354 

- 1.039 

-1.889 

40.363 

40.0754 

20 — 6.661 

+ 0.757 -2.062 -0.1254 

4 3.336 

-1.488 

41-415 

40.0819 

10 - 5.826 

-3.503 -1.214 -0,0751 

4 4.196 

41.017 

H,528 

40.0593 

0 426.12 

0 +0.643 0 

-12.17 

0 

40.766 

0 

^k*=45 : 






45 4 6.655 

0 +0.771 -0.0750 

- 4.023 

0 

-0.923 

40.0405 

40 4 5.749 

+ 1.741 +0.524 -0.0793 

- 4.625 

-1.375 

-0.727 

40.0448 

30 — 0.652 

+ 3.364 -1.053 -0.1039 

- 0.365 

-2.902 

40.573 

4 0.0709 

20 - 8.443 

+ 0.730 -2.362 -0.1125 

4 5.266 

- 1.497 

41.929 

40.0901 

10 - 5.750 

-4.033 -1.326 -00708 

4 4.705 

41-781 

41.798 

40.0670 

0 427.76 

0 +0.707 0 

-16.12 

0 

40.707 

0 

/i!.=50; 






50 + 6.074 

0 +1.416 - 0.0253 

- 5.122 

0 

-1.462 

40.0088 

40 + 3.738 

+ 2.900 + 0.542 - 0.0469 

- 3.478 

-2.507 

-0.713 

40.0302 

30 - 2.427 

+ 3.394 -1.371 -0.0900 

4 1.103 

-3.275 

41.025 

4 0 0759 

20 - 8.536 

+0,212 -2.512 -0.1065 

4 6.245 

.-1.164 

42.385 

40.1024 

10 - 4.760 

-4.221 -1.261 -0.0672 

4 4.596 

42.387 

41.966 

40.0752 

0 +26.68 

0 +0.766 0 

- 18.51 

0 

40.643 

0 


(g) r/t=100 sad r/l=0.6 


30 + 0.690 0 - 2.477 -0.1646 - 2.375 0 +0.609 +0.0636 

20 - 3.149 -0.438 -2.432 -0.1447 - 0.079 -0.8580 +0J195 +0.0605 

10 - 5.088 -3,429 -1.334 -0.0837 + 2.720 +0.0560 +1.160 +0.0431 

0 +0.500 0 - 6.379 0 + 0.866 0 


0 426.76 



SpnnHrical Edge Lmis 
Taeui 7 (a) {Cmid.) 


m 


(g) (Conclude) 


Vertical Edge Load Horizontal Edge Load 



Nm 

(i) 

N., 

(2) 

N* 

(3) 

(4) 

N. 

(5) 

(6) 

N# 

(7) 

M, 

(8) 

/k=.35 









35 

4- 5.530 

0 

40.999 

-0.1294 

- 4.187 

0 

40,085 

40.0577 

30 

+ 3.964 

+ 1.371 

-1.194 

-0.1291 

- 3.368 

-1.072 

40.231 

+0,0589 

20 

- 5.521 

41.142 

-2.096 

-0.1187 

4 1.835 

-1.625 

41.098 

+0.0628 

10 

- 7.862 

~3.492 

-1.452 

-0.0731 

4 4.617 

+ 0.5579 

-J-1.43B 

+0.0477 

0 

4-31.29 

0 

40.574 

0 

-11.74 

0 

40.891 

0 

o 

II 









40 

4- 8.029 

0 

40.412 

-0.0781 

- 5.611 

0 

40.632 

40.0378 

30 

4- 2.640 

43.389 

-0.660 

-0.0907 

- 2.518 

-2.498 

40.140 

40.0500 

20 

- 8.598 

41.754 

-2,347 

-0.1015 

4 4.328 

-2.036 

41.563 

40.0673 

10 

- 8.783 

-4.118 

-1.651 

-0.0674 

4 5.859 

41.341 

41.421 

40.0538 

0 

4-34.71 

0 

40.643 

0 

-17.02 

0 

40*766 

0 

II 









45 

+ 7.904 

0 

41.346 

-0.0293 

- 5.855 

0 

-1.258 

40.0115 

40 

4 6.935 

4 2.078 

41.051 

-0.0352 

- 5.259 

-1.550 

-1.038 

40.0166 

30 

- 0.196 

44.195 

-0.884 

-0.0712 

- 0.727 

-3.373 

40.459 

40.0490 

20 

- 9.841 

41.352 

-2.657 

-0.0959 

+ 6.025 

- 1.905 

42.094 

40.0775 

10 

- 7.893 

-4.563 

-1.682 

-0.0659 

4 6,150 

42.089 

42.020 

40.0623 

0 

+ 34.56 

0 

40.707 

0 

-20.64 

0 

40.707 

0 

/k=50 









50 

4 6.029 

0 

41.647 

40.0038 

- 4.847 

0 

-1.571 

-0.0114 

40 

4- 4.096 

42.955 

40.283 

-0,0192 

- 3.656 

-2.446 

-0.851 

40.0100 

50 

-- 1.803 

43.754 

-1.264 

-0.0627 

4 0.450 

-3.469 

40.919 

40.0574 

20 

- 9.145 

40.659 

-2.736 

-0,0932 

4 6.530 

-1.539 

42.469 

40^97 

10 

- 6,445 

-4.528 

-1.501 

-0.0624 

4 6.010 

42.570 

42.141 

40.0696 

0 

431.83 

0 

40.766 

0 

-22.64 

0 

40.643 

0 
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Prestrmed Concrete Structures 


Table 7(a) ( Contd .) 




Vertical Edge Load 



Horizontal Edge Load 



Nx 







N# 

M, 


(1) 

(2) 

(3) 

(4) 


(5) 

(6) 

(7) 

(B) 






(h) r/t— 200 and r 

/1=0.1 




/k: 

-=30 












30 

- 

5.388 

0 

--3.482 

- 0.3278 

- 

0.0129 

0 

40.9979 

40,1310 


20 

- 

3.600 

-2.628 

-2.666 

-0.2779 

-!- 

0.0014 

-0.0043 

40.9845 

40.1162 


10 

"r 

1.787 

-3.290 

-0.781 

-0.1511 

. 1 - 

0.0164 

! 0.0020 

40.9410 

40.0722 


0 

-f 10.83 

0 

4 0.500 

0 

- 

0.0447 

0 

40.8660 

0 

/k 

-33 












35 


3.373 

0 

-2.947 

-0.3692 

- 

0.0349 

0 

40.9926 

40.1751 


30 

- 

3.175 

-0.907 

-2.810 

-0.3584 

- 

0.0272 

-0.0089 

40.9901 

40.1715 


20 

- 

1.56G 

-2.282 

-1.814 

-0.2774 

+ 

0.0192 

-0.0121 

40.9675 

40.1424 


10 

+ 

1.763 

-2,310 

-0.337 

-0.1441 


0.0378 

4-0.0075 

+ 0.9107 

+0.0832 


0 

4- 

6.999 

0 

-hO.574 

0 

- 

0.1053 

0 

40.8192 

0 


-40 












40 

- 

2.193 

0 

-2.526 

-0.4041 

- 

0.0791 

0 

40.9782 

40.2237 


30 

~ 

1.834 

-1.137 

-2.168 

-0.3677 

- 

0.0303 

-0.0341 

40.9742 

40.2095 


20 

~ 

0.678 

-1.866 

-1,220 

-0.2690 

-4 

0.0667 

-0.0239 

40.9491 

40.1669 


10 

-i" 

1.483 

-1.699 

-0.048 

-0.1354 

+ 

0.0718 

40.0226 

40.8777 

40.0965 


0 


4.960 

0 

4-0.643 

0 


0.2243 

0 

40.7660 

0 

/k 

-45 












45 

- 

1.415 

0 

-2.167 

-0.4305 

- 

0.1591 

0 

40.9446 

40.2747 


40 

- 

1.384 

-0.385 

-2.106 

-0,4226 

- 

0,1386 

-0.0418 

40.9469 

40.2713 


30 

- 

1.097 

-1.081 

-1.635 

-0.3622 

■f 

0.0019 

-0.0838 

40.9561 

40.2441 


20 

- 

0.350 

-1.505 

-0.798 

-0.2550 

4 

0.1623 

-0.0353 

40.9371 

40.1892 


10 

4" 

1.175 

-1.323 

4-0.140 

-0.1254 

4 

0.H67 

40,0570 

40.8460 

40,1071 


0 

4* 

3.687 

0 

+0,707 

0 

— 

0.4371 

0 

40.7071 

0 



rSymmtnc(U Edge Loads 
Table 7(a) {Contd.) 


ih) (Continued) 


Vertical Edge Loads Horizontal Edge Load 


(1) 

Nx# 

(2) 

N, 

(3) 

(4) 

N* 

(5) 

(6) 

(7) 

Mf 

(8) 

/k = 50 ; 








50 - 0*838 

0 

-1.831 

-0.4457 

- 0.2911 

0 

+ 0.8743 

+ 0.3250 

40 - 0.842 

-0.461 

-1.678 

-0.4195 

- 0.1746 

-0.1378 

i-0.9021 

+ 0.3125 

30 - 0.759 

-0.908 

-1.225 

-0.3455 

+ 0.1012 

-0.1615 

-1-0.9516 

+0.2745 

20 - 0.314 

-1.227 

-0.517 

-0.2369 

+ 0.3240 

-0.0358 

-^0.9439 

-(0.2092 

10 -h 0.907 

-1.111 

-fO.281 

-0.1142 

+ 0.1G45 

-i 0.1245 

+ 0.8204 

+ 0.1167 

0 4- 3.402 

0 

+ 0.766 

0 

- 0.7874 

0 

+ 0.6428 

0 


(i) r/t^200ancl r/1-0.2 


/k=30 : 


30 

- 

4.804 

0 

-3.394 

-0.3054 

- 

0.2444 

0 

+ 0.9630 

+0.1216 

20 

- 

3.563 

-2.414 

-2.649 

-0.2592 

- 

0.0144 

-0.0894 

+ 0.9776 

+ 0.1084 

10 

+ 

1.170 

-3.280 

-0.836 

-0.1412 

+ 

0.2619 

-0.0028 

+ 0.9629 

+ 0.0679 

0 

+ 12.12 

0 

+ 0.500 

0 

- 

0.5594 

0 

+ 0.86GO 

0 

-35 











35 

- 

2.269 

0 

-2.720 

-0.3304 

- 

0.5645 

0 

+ 0.8832 

+ 0.1560 

30 

- 

2.290 

-0.624 

-2.624 

-0.3211 

- 

0.4523 

-0.1446 

+ 0.9000 

+0.1531 

20 

- 

2.035 

-1.854 

-1.855 

-0.2507 

-'r 

0.2416 

-0.2183 

1 0.9868 

+ 0.1291 

10 

+ 

0.648 

-2.423 

-0.474 

-0.1313 

4. 

0.5770 

+ 0.0604 

+ 0,9767 

+0.0783 

0 

+ 

9.620 

0 

+0.574 

0 

~ 

1.373 

0 

+0.8191 

0 

:=40 

; 










40 

- 

0.324 

0 

-2.021 

-0.3363 

- 

1.133 

0 

+0.6921 

+0,1847 

30 

- 

1,057 

-0.319 

-1.919 

-0.3098 

- 

0.4724 

-0.4965 

+0*8324 

+ 0.1760 

20 

- 

2*100 

-1*229 

-1.425 

-0.2331 

+ 

0.8653 

-0.3869 

+ 1.067 

+ 0,1458 

10 

- 

0.178 

-2.090 

-0.327 

-0.1202 

+ 

1.021 

+ 0*2424 

+ 1.036 

+0.(m73 

0 

+ 

9437 

0 

+0.643 

0 

— 

2,851 

0 

+0.7660 

0 



zou 




Table 7(a) {Contd,) 

(fl (Continued) 


Vertical Edge Load Horizontal Edge Load 


/ 

N, 

N., 



N, 


N# 

M* 

(1) 

(2) 

<3) 

(4) 

(5) 

(6) 

(7) 

(8) 

/k«45 










45 

+ 

1.358 

0 

-1.210 

-0.3140 - 

1.967 

0 

+0,3169 

+ 0.1973 

40 

-f- 

1.046 

+ 0.344 

-1.254 

-0.3103 - 

1.725 

-0.5171 

+0.3877 

+0.1967 

30 

- 

1.033 

-0,270 

-1.469 

-0.2789 - 

0.050 

-0.6113 

+0.8459 

+ 0.1884 

20 

- 

3.035 

~ 0.780 

-1.324 

-0.2104 + 

1.916 

-0.5110 

+ 1.281 

+0.1588 

10 

- 

0.885 

-2.169 

-0.327 

-0.1087 + 

1.486 

+ 0.6094 

+ 1.159 

+ 0.0955 

0 

-h 10.91 

0 

+ 0.707 

0 - 

5.085 

0 

+ 0.7071 

0 

/k=-50 

: 









50 

+ 

2.686 

0 

-0.312 

-0.2588 - 

2.910 

0 

-0.2665 

+0.1007 

40 

+ 

1.320 

+ 1.218 

-0.671 

-0.2562 - 

1.790 

-1.391 

+ 0.1445 

+0.1856 

30 

- 

1.860 

+ 1.105 

-1.355 

-0.2385 + 

0.904 

-1.675 

+ 1.046 

+ 0.1809 

20 

- 

4.145 

-0,669 

-1.455 

-0.1867 + 

3.198 

-0.4671 

+ 1.649 

+0.1655 

10 

- 

1.190 

-2.490 

-0.395 

-0.0979 - 

1.779 

+ 1.160 

+ 1.332 

+ 0.0992 

0 

+ 12.58 

0 

+0.766 

0 - 

7.777 

0 

+0.6428 

0 





(J) r/t=200 Mid 

r/l=0.3 




/k»=30: 










30 

~ 

2.875 

0 

-3.097 

-0.2688 

- 1,018 

0 

+ 0.8433 

+0.1065 

20 

- 

3.544 

-1.727 

-2.595 

-0.2300 

- 0.025 

-0.3675 

+0.9558 

+0.0961 

10 

- 

1.006 

-3.351 

-1.021 

-0.1270 

+ 1.142 

+0.0251 

+ 1.038 

+ 0.0619 

0 

+ 17.10 

0 

+0,500 

0 

- 2.610 

0 

+0.0660 

0 

/k«35: 










35 

+ 

1.157 

0 

-2.003 

-0.2639 

- 3.540 

0 

+0.5377 

+0.1233 

30 

+ 

0.434 

+0.250 

-2.034 

-0.2580 

- 1.763 

-0.5643 

+0.6157 

+0,1220 

20 

- 

3.630 

-0.571 

-1.989 

-0.2098 

+ 1.001 

-0.8379 

+ 1.051 

+0.1087 

10 

- 

2.937 

-2,907 

-0.903 

-0.1149 

+ 2-310 

+0.2927 

+ 1.184 

+0i)698 

0 

+ia66 

0 

+0.574 

0 

- 5,780 

0 

+0.8192 

0 



Summetrical Loads 2S» 

Tabu: 7(a) (Coatd.) 

(j) (Gontinited) 


Vertical Edge Load Horizontal Edge Load 


/ 


N, 




N, 

N,^ 

N# 

M, 


(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(») 

^k=40 

: 









40 

+ 

4.491 

0 

-0.695 

-0.2230 

- 4.689 

0 

-0.0553 

+0.1198 

30 

+ 

0.927 

+ 1.787 

-1.263 

-0.2170 

- 1.599 

-1.680 

+0.4612 

+ 0.1225 

20 

- 

5.904 

+ 0,374 

-1.979 

-0.1B36 

+ 2.992 

-1.296 

+ 1.378 

+0.1168 

10 

- 

4.643 

-3.248 

-1.057 

-0.1038 

+ 3.576 

+0.8937 

+ 1.451 

+0.0774 

0 

+ 22.53 

0 

+ 0.643 

0 

-10.29 

0 

+0.7660 

0 

m 

It 










45 

+ 

6.463 

0 

-r0.608 

-0.1511 

- 5.443 

0 

-0.8614 

+0.0899 

40 

+ 

5.541 

+ 1.688 

+0,369 

-0.1543 

- 4.617 

-1.379 

-0.6652 

+0.0937 

30 

- 

0.843 

+ 3,190 

-1.138 

-0.1700 

- 0.203 

-2.859 

+0.6257 

+ 0.1158 

20 

- 

8.160 

+0.555 

-2.324 

-0.1610 

+ 5.220 

-1.401 

+ 1.929 

+ 0.1250 

10 

- 

5.055 

-3.891 

-1.245 

-0.0955 

+ 4.276 

+ 1.728 

+ 1.762 

+ 0.0858 

0 

+25,47 

0 

+ 0.707 

0 

-14.77 

0 

+ 0.7071 

0 

/k=50 

: 









50 

+ 

6.626 

0 

+ 1.510 

-0.0742 

- 5.740 

0 

-1.603 

+0.0441 

40 

+ 

3.900 

+ 3.127 

+0.564 

-0.0969 

- 3.696 

-2.769 

-0.7707 

+0.0676 

30 

- 

2.878 

+ 3.516 

-1.463 

-0.1393 

+ 1.552 

-3.453 

+ 1.111 

+0.1158 

20 

- 

8.823 

+ 0.094 

-2.598 

+0.1467 

+ 6.637 

-1.072 

+ 2.491 

+0.1375 

10 

- 

4.273 

-4.274 

-1.262 

-0.0891 

+ 4.214 

+2.483 

+ 1.987 

+0.0953 

0 

+ 25.53 

0 

+ 0.766 

0 

-17.75 

0 

+0.6428 

0 





(k) r/t: 

..200 mnd r/l»0.4 




/k«30 










30 

+ 

1.124 

0 

-2.479 

-0.2211 

- 2.625 

0 

+0.5943 

+0.0868 

20 

- 

3.463 

-0,295 

-2.481 

-0.1937 

- 0.066 

-0.9430 

+0,9092 

+0.0810 

10 

— 

3,528 

-3.468 

-1.407 

-0.1117 

+ 2.974 

+0,0700 

+ 1.194 

+0.0553 


0 +27.68 0 +0.500 0 - €.899 


0 +0.8660 


0 
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Table 7(a) (Conld.) 

(i) (Conclude) 


Vertical Edge 

Load 


Horizontal Edge Load 

/ 

Nx 

Nx^ 

N# 


Nx 

N.# 



(1) 

(2) 

(3) 

(*) 

(5) 

(6) 

(7) 

(8) 

/•‘=35: 









35 

4 6.873 

0 

-0.795 

-0.1830 

- 4.932 

0 

-0.0417 

4-0.0837 

30 

4- 5.012 

H-1.712 

-1.039 

-0.1820 

- 3.951 

-1.261 

+0.1374 

+ 0.0848 

20 

- G.203 

4 1.614 

-2.206 

- 0.1647 

+ 2.208 

-1.889 

+ 1.153 

+ 0.08G2 

10 

- 9.087 

-3.682 

-1.633 

-0.1001 

+ 5.303 

+ 0.6597 

+ 1.536 

+0.0621 

0 

4-34.19 

0 

+ 0.574 

0 

-13.36 

0 

+ 0'8192 

0 

> 

II 

O 









40 

-t-11.34 

0 

4 0.768 

-0.1216 

- 7.637 

0 

-0.8602 

+ 0.0620 

30 

-h 3.392 

-1-4.247 

-0.465 

-0.1293 

- 2.992 

-3.037 

-1-0.0122 

+ 0.0723 

20 

-10.20 

-i-2.361 

-2.620 

-0.1409 

+ 5.333 

-2.419 

+ 1.731 

+ 0.0915 

10 

-10.34 

-4.580 

-1.955 

-0.0931 

+ 6.841 

+ 1.629 

+ 1.957 

+ 0.0704 

0 

■4 39.09 

0 

+ 0.643 

0 

-19.78 

0 

+ 0.7660 

0 

/•‘=45 









45 

-h 9.707 

0 

+ 1.934 

-0.0436 

- 7.229 

0 

-1.692 

+ 0.0199 

40 

8.573 

-1 2.572 

4 1.567 

-0.0513 

- 6.456 

-1.911 

-1.419 

+ 0.0264 

30 

- 0.227 

4 5.188 

-0.825 

-0.0982 

- 0.709 

-4.101 

+ 0.4128 

+ 0.0678 

20 

-11.70 

+ 1.769 

-3.045 

-0.1296 

+ 7.382 

-2.215 

+ 2.378 

+ 0.1027 

10 

- 9.060 

-5.153 

-2,000 

-0.0887 

+ 7.017 

4 2.520 

+ 2.255 

+ 0.0800 

0 

4*38.68 

0 

+ 0.707 

0 

-23.69 

0 

+0.7071 

0 

/k=50 

: 








50 

+ 7.414 

0 

+2-207 

4-0.0042 

- 6.022 

0 

-2.055 

-0.0134 

40 

+ 4,947 

+ 3,616 

+ 1.124 

-0.0267 

- 4.389 

-3.008 

-1.161 

+ 0.0151 

30 

- 2.266 

4 4.540 

-1.356 

-0.0910 

+ 0.8355 

-4.146 

4 0.9927 

+0.0776 

20 

- 10.69 

+0.849 

-3.073 

-0.1245 

+ 7.B57 

-1.711 

+2.811 

+0.1179 

10 

- 7.142 

-5.081 

-1.774 

-0.0835 

+ 6,637 

+ 3.045 

+2.378 

+0.0892 

0 

+35.00 

0 

+0.766 

0 

-25.44 

0 

+0.6428 

0 



Sjmfuetrical Edge Loads 
Table 7(a) (Contd,) 


27r 


VerticalTIdge Load ' Horizontal Edge Load 


/ 

N., 

N, 


Nx 




(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(BJ 



(I) 

r/t—200 and 

r/I=0.5 





/k-30: 


30 

6.908 

0 

-1.578 

-0.1695 

- 4.932 

0 

f 0.2325 

+0,0656 

20 

- 3.091 

{-1.791 

-2.323 

-0.1564 

- 2.320 

-1.780 

f 0.8452 

40.0654 

10 

-12.18 

-3.626 

-1.972 

-0.0957 

-t- 5.663 

f 0.128 

+ 1.422 

40.0492 

0 

+ 43.35 

0 

+ 0.500 

0 

-13.29 

0 

+0.8660 

0 

y*^=35; 









35 

-1 12.92 

0 

+ 0.520 

-0.1106 

- 7.760 

0 

-0.6687 

4 0.0486 

30 

-1-10.14 

+ 3.193 

+ 0.037 

-0.1J51 

- 6.371 

-1.952 

-0.3803 

40.0518 

20 

- 8.763 

-1-4.022 

-2.425 

-0.1266 

H- 3.367 

-3.036 

-1.253 

40.0670 

10 

-16.09 

-4.484 

-2.447 

-0.0097 

+ 8.692 

+ 1.030 

f 1.926 

+ 0.0564 

0 

+ 52.21 

0 

+ 0.574 

0 

-22.16 

0 

-0.8192 

0 

> 

II 

o 









40 

+ 13.93 

0 

+ 1.963 

-0.0443 

- 8.898 

0 

-1.529 

+0.0185 

30 

+ 5.361 

+ 5.888 

-1 0.146 

-0.0720 

- 4.097 

-3.897 

-0.3259 

+0.0398 

20 

-12.79 

+ 3.938 

-3.042 

-0.1129 

+ 6.622 

-3.303 

+ J.951 

+0.0737 

10 

-15,31 

-5.476 

-2.659 

-0.0866 

+ 9.721 

+2.099 

+ 2.350 

+0.0645 

0 

+ 53.53 

0 

+ 0.643 

0 

-28.17 

0 

4 0.7660 

0 

> 

1! 









45 

+ 10.22 

0 

+2.435 

+0.0045 

- 7.1% 

0 

-1.959 

-0.0106 

40 

+ 9.385 

+2.771 

+2.035 

-0.0052 

- 6.757 

-1.967 

-1.675 

-0.0034 

30 

+ 0.957 

+5.868 

-0.565 

-0.0616 

- 1.640 

-4.438 

+0.2286 

+0.0431 

20 

-12.61 

+2.686 

-3.298 

-0.1102 

4- 7.723 

-2.850 

+2.505 

+0.0801 

10 

-12^2 

-5.653 

-2.457 

-0.0032 

+ 9.498 

+2.791 

+2,554 

+0.0750 


0 +48*96 0 


+0.707 


0 


-30.94 


0 +0.7071 


0 
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Table 7(a) — (Contd,) 

(0 (Continued) 


Vertical Edge Loab 


Horizontal Edge Load 

^ Ni 

(1) (2) (3) 

M* 

(4) 

Nx 

(5) (6) (7) (8) 


/k«=50 : 


50 i- 5.720 

0 

+ 2.151 +0.0279 

- 4.333 

0 

-1.931 

-0.0295 

40 -f- 5.105 

+ 3.070 

+ 1.265 -0.0015 

- 4.431 

-2.438 

-1.238 

-0.0037 

30 - 0.025 

+ 4.652 

-1.014 - 0.0656 

- 1.252 

-4.161 

+ 0.6846 

+0.0569 

20 -10.40 

+ 1.897 

-3.112 -0.1093 

+ 7.442 

-2.639 

+2.813 

+0.1043 

10 -12.65 

-5.039 

-2.643 -0.0852 

+ 11.50 

+ 3.115 

+ 3.155 

+0.0913 

0 +42.10 

0 

+0.766 0 

-31.89 

0 

+ 0.6428 

0 

(m) r/i=200 and r/l:=:0.6 

/k«30 : 







30 +13.41 

0 

-0.550 -0.1215 

- 7.494 

0 

-0.177 

+ 0.0459 

20 - 2.95 

+ 4.174 

-2.106 -0.1221 

- 0.317 

-2.725 

+0.756 

+0.0512 

10 -19.88 

-3.751 

-2.624 -0.0867 

+ 8.756 

+ 0.171 

+ 1.682 

+0.0443 

0 +61.86 

0 

+ 0.500 0 

-20.84 

0 

+0.866 

0 

/k«35 : 







35 +17.48 

0 

+ 1.581 -0,0576 

- 9.794 

0 

-1.155 

+0.0231 

30 +13.76 

+ 4.442 

+ 0.942 -0.0648 

- 8.004 

-2.520 

-0.794 

+ 0.0279 

20 -10.37 

+ 6.000 

-2.570 -0.0989 

+ 4.010 

-3.973 

+ 1.313 

+0,0531 

10 -22.33 

-5.090 

-3.136 -0.0827 

+ 11.70 

+ 1.270 

+2,252 

+0.0523 

0 +68.85 

0 

+ 0.574 0 

-30.32 

0 

+0.819 

0 

/itw40: 







40 +14.46 

0 

+2.530 -0.0052 

- 8,900 

0 

-1.788 

-0.0029 

30 + 6.70 

+6.504 

+0.519 -0.0397 

- 4.840 

-4.143 

-0.527 

+0.0213 

20 -13J24 

+4.992 

-3.107 -0.0946 

+ 6.608 

-3.889 

+2.003 

+0.0630 

10 -19.32 

-5.810 

-3.114 -0.0812 

+ 12.10 

+2.231 

+2.601 

+0i)6l6 

0 +65JZ3 

0 

+0.643 0 

-35,15 

0 

+0.766 

0 







Sjmsmlriml Edgi Lo^ 2 W 

Table 7(a)^{C(m<rW.) 

(^) (Gonciudc) 


Vertical Edge Load Horizontal Eoge Load 


/ 

N, 

Nx, 



N. 


N# 


(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

m 

k=45 









15 

f 8.60 

0 

+ 2.397 

+ 0.0217 

- 5.729 

0 

-1.858 

-0.0205 

40 

4 8.15 

+2.319 

+2.068 

+0.0133 

- 5.622 

-1.562 

-1.636 

-0.0140 

30 

r 2.60 

+ 5.666 

-0.311 

-0.0418 

- 2.980 

-4.165 

+ 0.041 

4 0.0293 

20 

~ 11.68 

+ 3.500 

-3.237 

-0.0948 

+ 6.764 

-3.438 

+ 2.416 

f0.0759 

10 

-16.02 

-5.641 

-2.752 

-0.0772 

+ 12.12 

+ 2.709 

+ 2.752 

+0.0695 

0 

4-58.53 

0 

+ 0.707 

0 

-38.04 

0 

+0.707 

0 

''»--50 









50 

3.09 

0 

+ 1.709 

+0.0284 

- 1.816 

0 

-1.467 

-0.0273 

40 

-f 4.42 

+ 1.981 

4-1.179 

+ 0.0063 

- 3.693 

-1.374 

-1.120 

-0.0084 

30 

’1- 2 57 

r 4.287 

-0.638 

-0.0476 

- 3.650 

-3.722 

+0.325 

4 0.0406 

20 

- 9.53 

+ 2.775 

-2.920 

-0.0908 

+ 6.372 

-3.425 

4 2.581 

+0.0862 

10 

-14.34 

-5,142 

-2.383 

-0.0706 

+ 13.11 

i 2.955 

+2.077 

+ 0.0757 

0 

+ 53.46 

0 

+ 0.766 

0 

-41.80 

0 

+ 0.643 

0 


m 


Pmtmsti CmcTiU Structures 


Table 7(b)—S ymmetrical Edge Load on Simply 
Supported Cylindrical Shells 


Smear Edge Load 


Edge Moment Load 


(a) Basic Formulas and Loading Diagrams 


Longitudinal Force — 

Sl Col. (9) J sin 

Shearing Force — 

Sl X Col. (10) jeos 
Transverse Force — 
SlxCoI. (ll)xsin ^ 
Transverse Moment — 
Sl [r X Gol. (12) sin 


Longitudinal Force Ny- 


71 X 

71 X 

I 




^ , X Col. (13) 

Shearing Force Nnn — 

Ml r I ^ 

- 1 — X Col. (14) 


r Ir 


sm ^ 

1 cos —i. 

J ^ 


Transverse Force — 

—— X Col. (15) X sm 
Transverse Moment — 
Ml X Col. (16) X sin ~ 








/ 

(9) 

(10) 

N, 

(11) 

M, 

(12) 

N, 

(13) 

Nx, 

(14) (15) 

(16) 



(b) r/t = 

100 and 

r/l = 0.1 



?^Ka«30 : 







30 -^0.0904 

0 

-0.0207 

-0.0010 

-0.0038 

0 -40.0008 

4-0.9738 

20 -0.0396 

-0.0403 

-0.0081 

-0.0007 

40.0172 

-40.0021 [0.0022 

-40.9767 

10 40.1118 

- 0.0250 

4 0.0142 

40.0002 

40.0264 

-40.0173 40.0014 

4-0.9854 

0 [0.3600 

10.1000 

0 

0 

-0.1370 

0 0 

4-1.000 








35 0.0774 

0 

-0.0243 

-0.0015 

-0.0310 

0 -0.0031 

4-0.9642 

30 -0.0694 

-0.0205 

-0.0213 

-0.0014 

-0.0211 

-0.0076 -0.0037 

4-0.9650 

20 - 0.0054 

-0.0439 

-0.0015 

-0.0008 

4-0.0373 

-0.0013 -40.0040 

4-0.9710 

10 f0.12!2 

--0.0149 

4-0.0185 

-0.0002 

4-0.0469 

-40.0251 4 0.0045 

-(-0.9825 

0 -i-0.3076 

-fO.lOOO 

0 

0 

-0.2051 

0 0 

4-1.000 




Edge Lieads 2^1 

Tadls 7(b)— [Conti,) 

ib) (Continued) 


Shear Edge Load Edge Moment Load 


(9) 

N., 

(10) 

(11) 

(12) 

N, 

(13) 

Nx^ 

(14) 

N# 

(15) 

M, 

(16) 

W: 

40 -0.0675 

0 

-0.0279 

-0.0022 

-0.0712 

0 

-0.0184 

+ 0.9530 

30 -0.0461 

-0.0331 

-0.0179 

-0.0018 

-0.0196 

-0.0293 

-0,0074 

+0.9570 

20 -10.0181 

-0.0423 

1 0.0054 

-0.0009 

+0.0815 

-0.0118 

+ 0.0112 

+ 0.9653 

10 f0.1236 

- 0.0057 

+ 0.0221 

-0.0002 

( 0.0724 

+ 0.0998 

+ 0.0106 

+0.9798 

0 +0.2682 

j O.IOOO 

0 

0 

-0.3099 

0 

0 

+ 1.000 

/ k=45 : 

45 -0.0596 

0 

-0.0315 

-0.0031 

-0.1280 

0 

-0.0437 

0.9392 

40 -0.0559 

-0.0160 

-0.0292 

-0.0030 

- 0.1102 

-0.0325 

-0.0385 

4 0.9402 

30 -0.0258 

- 0.0398 

-0.0123 

-0.0022 

-40.0128 

-0.0642 

-0.0047 

-0.9469 

20 4 0.0338 

-0.0389 

+ 0.0120 

-O.OOlO 

4 0.1523 

-0.0158 

+ 0.0277 

+ 0.9595 

10 +0.1222 

+ 0.0025 

+ 0.025D 

-0.0002 

+ 0.0981 

+ 0.0680 

+ 0.0212 

4 0.9771 

0 +0.2378 

i 0.1000 

0 

0 

-0.4613 

0 

0 

+ 1.000 

/ k=50 : 

50 -0.0531 

0 

-0.0350 

-0.0042 

-0.2048 

0 

-0.0885 

+ 0.9218 

40 -0.0423 

-0.0271 

-0.0268 

-0.0037 

-0.1192 

-0.0964 

-0.0573 

-J-0.9258 

30 -0.0098 

-0.0424 

-0.0057 

-0.0025 

+0.0849 

-0.1086 

+0.0111 

4-0.9371 

20 +0.0440 

-0.0340 

+ 0.0181 

-0.0010 

+ 0.2503 

-0.0099 

+0.0576 

+0.9337 

10 +0.1188 

+ 0.0077 

+ 0.0275 

-0.0002 

+0.1176 

+ 0.1119 

f0.0373 

+0.9745 

0 +0.2138 

4 0.1000 

0 

0 

-0.6695 

0 

0 

+ 1.000 



(c) r/t 

SB 100 «nd r/lssO.Z 




/k=30: 

30 -0.1946 

0 

-0.0414 

-0.0005 

-0.549 

0 

-0.0813 

+0,9009 

20 - 0.0755 

-a0776 

-0.0145 

0 

-0.073 

-0.2142 

-0,0153 

+ 0.9124 

10 +0.2208 

-0.0469 

+ 0.0287 

4-0.0009 

+0.557 

-0.0429 

+ 0X1568 

+0.9456 

0 +0.7119 

+0.2000 

0 

0 

-1.067 

0 

0 

+ 1.000 
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Table 7(b) — (Conld.) 

(f) (Conclude) 


Shear Edge Load Edge Moment Load 




N, 

N., 

N, 


Nx 

Nx^ 

N* 

M, 


(9) 

(10) 

(11) 

(12) 

(13) 

(14) 

(15) 

(16) 

/lt=35: 










35 

-0.1407 

0 

-0.0458 

-0.0024 

-0.912 

0 

-0.1914 

-r 0.8637 


30 

-0,1334 

-0.0394 

-0.0401 

-0.0022 

-0.742 

-0.2343 

-0.1585 

i 0.8669 


20 

-0.0106 

-0,0845 

-0.0018 

-0.0012 

+ 0.327 

-0.3747 

-0.0315 

r0.8914 


10 

H 0.2378 

-0.0280 

+ 0.0369 

-0.0001 

+0.928 

+ 0.0486 

i 0,1212 

+ 0.9362 


0 

+ 0.6159 

+ 0.2000 

0 

0 

-2.045 

0 

0 

+ 1.000 


a»40 ; 










40 

-0.1273 

0 

-0.0525 

-0.0035 

-1.421 

0 

-0.3885 

+ 0.1056 


30 

-0.0880 

-0.0G26 

-0.0335 

-0.0029 

-0.631 

-0.6461 

-0.2007 

4 0.8306 


20 

H-0.0323 

-0.0817 

-1 0.0109 

-0.0013 

+ 1.015 

-0.5396 

+ 0.1574 

+ 0.0707 


10 

~f 0.2408 

-0.0111 

0.0434 

-0.0007 

+ 1.316 

+ 0.2523 

+0.2259 

+ 0.9271 


0 

1 0.5460 

+ 0.2000 

0 

0 

-3.452 

0 

0 

-t 1.000 


=.45 










45 

-0.1067 

0 

-0.0577 

-0.0050 

-2.074 

0 

-0.7365 

+0.7509 


40 

-0.0988 

-0.0287 

-0.0535 

-0.004B 

-1.820 

-0.5460 

-0.6382 

+0.7558 


30 

-0.0506 

-0.0726 

-0.0228 

- 0.0034 

-0.116 

-1.138 

-0.1410 

+ 0.7920 


20 

+ 0.0570 

-0.0737 

+0.0224 

-0,0014 

+ 1.958 

-0.5987 

+ 0.3956 

+0.8510 


10 

+0.2333 

+ 0.0028 

+ 0.0482 

0 

-1 1.641 

+0.5811 

+ 0,3778 

+0.9196 


0 

+0.4995 

+ 0.2000 

0 

0 

- 5.299 

0 

0 

+ 1.000 


:«*50 










50 

-0,0848 

0 

-0.0601 

-0.0065 

-2.614 

0 

- 1.245 

+0.6613 


40 

-0.0714 

-0.0439 

-0.0468 

-0.0056 

-1.762 

-1.381 

-0.8336 

+0.6869 


30 

-0.0258 

- 0,0723 

-0.0113 

-0.0035 

+0.797 

-1.690 

+0.0859 

+ 0.7523 


20 

f 0.0664 

-0.0639 

; 0.0312 

-0.0013 

1-3.038 

-0.536 

-1 0.7607 

+0.8338 


10 

+ 0.2257 

'0.0125 

+ 0.0513 

0 

+ 1.811 

+ 1.083 

-0,5718 

-0.9154 


0 

+0.4748 

+0.2000 

0 

0 

-7.473 

0 

0 

+ 1.000 
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Table 7(b)— 

Shear Edge Load Edge Moment Load 



N* 

N*^ 

N# 

M, 

N, 



M, 

(9) 

(to) 

(11) 

(12) 

(13) 

(14) 

(15) 

(16) 




(d) r/t 

= 100aiidr/t=0.3 




> 

II 

o 

J 








30 

-0.2618 

0 

-0.0596 

-0.0024 

- 2.101 

0 

-0.3444 

+0.7859 

20 

-0.1182 

-0.1174 

-0.0231 

-0.0016 

- 0.108 

-0.7669 

-0.0602 

H-0,8119 

10 

4 0.3251 

-0.0750 

-1-0.0421 

-0.0003 

+ 2.372 

! 0.0141 

>0.1945 

f 0.8845 

0 

4-1.102 

+0.3000 

0 

0 

- 5.456 

0 

0 

+ 1.000 

/k=35 









35 

-0.2140 

0 

-0.0685 

-0.0036 

- 3.493 

0 

-0.7613 

+0.7084 

30 

-0.1937 

-0.0568 

-0,0603 

-0.0033 

- 2.808 

-0.8945 

-0.6139 

+ 0.7161 

20 

-0.0244 

-0.1248 

-0.0046 

-0.0018 

+ 1.506 

-1.358 

+ 0.1098 

+0.7726 

10 

+ 0.3456 

-0.0471 

+0.0535 

-0.0002 

+ 3.764 

+0.4236 

4 0.4372 

+0.B689 

0 

+ 0.9676 

+ 0.3000 

0 

0 

- 9.403 

0 

0 

^ 1.000 

II 









40 

-0.1668 

0 

-0.0736 

-0.0048 

- 5.193 

0 

-1.469 

+0.6071 

30 

-0.1238 

-0.0837 

-0.0485 

-0.0039 

- 2.222 

-2.288 

-0.7475 

+0.6444 

20 

+ 0.0263 

-0.1164 

+ 0.0125 

-0.0018 

+ 3.993 

-1.809 

+ 0.5716 

+ 0.7382 

10 

+0.3397 

-0.0252 

+0,0611 

-0.0001 

+ 5,004 

+ 1.180 

+0.7966 

+0.8572 

0 

+0.8934 

+0.3000 

0 

0 

-14.38 

0 

0 

+ 1.000 

II 









45 

-0.1142 

0 

+0.0719 

-0.0059 

- 6.844 

0 

-2.463 

+0.4746 

40 

-01112 

-0.0310 

-0.0674 

-0.0056 

- 6.032 

-1.802 

-2.202 

+0.4871 

30 

-0.0776 

-0.0851 

-0.0328 

-0.0040 

- 0.316 

-3.743 

-0.4779 

+0.5768 

20 

-0.0382 

-0.1013 

+0.0241 

-0.0016 

+ 6,770 

-1.867 

+1.312 

+0.7124 

10 

+0.3209 

-0.0128 

+0.0645 

-0.0001 

+ 5.696 

+2.250 

+ 1.229 

+0.8510 

0 

+0.8743 

+0.3000 

0 

0 

-19.61 

0 

0 

+1.000 
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Table 7(b) — (Contd*) 

{ d ) (Continued) 


Shear Edge Load 


Edge Moment Load 




N* 

Nx, 



Nx 

Nx^ 




(9) 

(10) 

(11) 

(12) 

(13) 

(14) 

(15) 

(16) 


«50 : 










50 

-0.0565 

0 

-0.0611 

-0.0063 

- 7.871 

0 

-3.553 

H-0..3153 


40 

-0.0651 

-0.0327 

-0.0514 

-0.005G 

- 4.994 

-3.782 

-2.394 

r4 

CD 

O 


30 

-0.0643 

-0.0700 

-0.0208 

-0.0036 

+ 2.207 

-4.666 

+ 0.2204 

H 0.5257 


20 

-h 0.0214 

-0.0879 

+ 0.0276 

-0.0013 

+ 8.917 

-1.422 

4^2.171 

1-0.699.) 


10 

+ 0.3005 

-0.0113 

+0.0639 

fO.0002 

+ 5,588 

+ 3.317 

4-1.625 

+ 0.8508 


0 

+0.8992 

+0.3000 

0 

0 

-23.76 

0 

0 

+ 1.000 





(e) r 

/tnslOO and r/t = 0.4 




/k 

an: 30 










30 

-0.3318 

0 

-0.0772 

-0.0028 

- 5.33 

0 

-0.879 

+ 0.6558 


20 

-0.1568 

-0.1503 

-0.0304 

-0.0019 

- 0.14 

-1.920 

-0.196 

+ 0.6995 


10 

+0.4153 

-0.0998 

+ 0.0545 

-0.0003 

+ 6.27 

4 0,187 

+ 0.502 

+ 0.8169 


0 

+ 1.508 

-4 0.4000 

0 

0 

-15.27 

0 

0 

+ 1.000 

/- 

^-35 










35 

-0.2518 

0 

-0.0842 

-0.0040 

- 8.48 

0 

-1.890 

+ 0.5364 


30 

-0.2316 

-0.0672 

-0.0746 

-0.0037 

- 6.82 

-2.173 

-1.574 

+0.5500 


20 

-0.0480 

-0.1540 

-0,0073 

-0.0019 

+ 3.69 

-3.300 

+0.248 

+0.6463 


10 

+0.4268 

-0.0671 

+0.0673 

-0.0001 

+ 9.37 

+ 1.106 

+ 1.064 

+ 0.8000 


0 

4-1.373 

+0.4000 

0 

0 

-23.99 

0 

0 

+ 1.000 


S. 333 40 










40 

-0.1542 

0 

-0.0818 

-0.0049 

-11.15 

0 

-3,211 

+ 0,3896 


SO 

-0.1315 

-0.0851 

-0.0567 

-0.0059 

- 4.83 

-4.920 

-0.164 

+0.4541 


20 

-1-00025 

-0.1351 

+0.0099 

-0.0017 

+ 8.71 

-3.904 

+ 1.250 

+0.6098 


10 

+0,4228 

-0.0471 

+0.0728 

0 

+11.30 

+ 2.733 

+ 1.764 

+0.7918 


0 

+ 1,368 

+0.4000 

0 

0 

-33.39 

0 

0 

+ 1,000 




Sjmmetrical Edgs Loads 

Table 7(b)^(Giii/</.) 

f^) (Continued) 




Shear Edge Load 


Edge Moment Load 


/ 

N, 

Nx, 



Nx 

Nx, 




(9) 

(10), 

(11) 

(12) 

(13) 

(H) 

(15) 

(16) 

/k 

=45 










45 

-0.0653 

0 

-0.0657 

-0.0051 

- 12,50 

0 

-4.647 

+0.22 lo 


40 

-0.0723 

-0.0186 

-0.0630 

-0.0049 

-11.09 

-3.299 

-4.168 

+0.2 H2 


30 

-0.1030 

-0.0673 

-0.0384 

-0.0035 

- 0.92 

-6.970 

-0.971 

+0.3846 


20 

-0.0344 

-0.1142 

+ 0.0158 

-0.0013 

h 12.56 

-3.637 

f-2.441 

+0.5941 


10 

4-0.3651 

- 0.0449 

+0.0716 

+0.0003 

1-11.51 

1-4.262 

+ 2.363 

4-0,7936 


0 

4-1.388 

+ 0.4000 

0 

0 

-39.59 

0 

0 

+ 1.000 

/k 

=50 










50 

+0.0216 

0 

-0.0395 

-0.0045 

-11.45 

0 

-5.493 

i-0.0676 


40 

-0.0276 

+ 0.0025 

-0.0408 

-0.0041 

- 7.65 

-4.182 

-3.773 

+0.1539 


30 

-0.1165 

-0.0382 

-0.0313 

-0.0029 

+ 2 61 

-3.745 

40.216 

+0.3594 


20 

-0.0779 

-0.1025 

+ 0.0109 

-0.0010 

+ 13.82 

-1.157 

+ 3.391 

+0.5981 


10 

+ 0.3428 

-0.05H 

1 0.0667 

-h 0.0003 

! 10.19 

+ 5.359 

4 2.668 

+ 0.7998 


0 

+ 1.459 

+ 0.4000 

0 

0 

-41.80 

0 

0 

+ 1.000 

(f) r/t=»100*»nd r/l=0.5 

/k 

=30 










30 

-0.3849 

0 

-0.0912 

-O.O03O 

-10.64 

0 

-1.779 

+0.5185 


20 

-0.1963 

-0.1773 

-0.0368 

-0.0020 

- 0.48 

-3.877 

-0.421 

+0.5825 


10 

+ 0.4854 

-0.1263 

+ 0.0654 

-0.0002 

4 12.53 

+ 0.236 

4^0.998- 

+ 0.7480 


0 

+ 1.964 

+ 0 5000 

0 

0 

-30.35 

0 

0 

+ 1.000 


=35 










35 

-0.2558 

0 

-0.0962 

-0.0039 

-14.99 

0 

-3.345 

+0.3692 


30 

-0.2428 

-0.0837 

-0.0873 

-0.0037 

-12,12 

-4.668 

-2.786 

+0.3888 


20 

-0.0879 

-0.1706 

- 0.0227 

-0.0018 

4 6.40 

-3.907 

+0.453 

+0.5266 


10 

+0.4733 

-0.0921 

4-0,0629 

4-0,0000 

+ 17.12 

+ L978 

+ 1.931 

+0.7345 


0 

+ 1.867 

+0.5000 

0 

0 

-44,56 

0 


+ 1.000 
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Table 7(b)— ( Contd ,) 

if) (Continued) 


Shear Edge Load Edge Moment Load 


/ 

N* 

N., 



N, 

N., 

N, 


{^) 

(10) 

(11) 

(12) 

(13) 

(14) 

(15) 

(Ifi) 

/k.*40 









40 

-0.U43 

0 

-0.0775 

-0.0034 

-17.17 

0 

-5.060 

+ 0.2033 

30 

-0.1408 

-0.0683 

-0.0585 

-0.0034 

- 7.86 

-7.678 

-2.645 

+0.2912 

20 

-0.0853 

-0.1408 

+0.0027 

-0.0014 

4-13.14 

-6.372 

+ 1.904 

! 0.5001 

10 

1-0.4218 

-0.0802 

+ 0.0780 

+ 0.0003 

+ 18.72 

+ 4.129 

+2.821 

+0.7347 

0 

‘^Kt=45 

+ 1.^0 

! 0.5000 

0 

0 

-54.72 

0 

0 

+ 1 .000 

45 

-fO.0153 

0 

-0.0477 

-0.0038 

-15.73 

0 

-6.128 

+ 0.0522. 

40 

-0.0054 

+ 0.0023 

-0.0480 

-0.0037 

-14.17 

-4.167 

-5.525 

i-0.0765 

30 

-0.1266 

-0.0318 

-0.0417 

-0.0028 

- 2.11 

-9.122 

-1,418 

+ 0.2487 

20 

-0.1395 

-0.1180 

+0.0012 

-0.0011 

4-16.12 

-5.253 

+ 3.200 

+0.5015 

10 

+ 0.3807 

-0.0882 

+0.0726 

+ 0.0003 

+ 17.30 

+5.658 

+ 3.294 

+ 0.7426 

0 

-H 2.002 

+ 0.5000 

0 

0 

-58.57 

0 

0 

+ 1.000 

/k=50 









50 

+ 0.1028 

0 

-0.0139 

-0.0027 

-11.38 

0 

-6.094 

-0.0520 

40 

+ 0.0147 

1-0.0398 

-0.0269 

-0.0027 

- 8.59 

-5.742 

-4.363 

+ 0.0339 

30 

-0.1664 

-0.0015 

-0,0410 

-0.0022 

+ 0.92 

-8.235 

-0.093 

+0.2533 

20 

-0.1868 

-0,1144 

-0.0079 

-0.0010 

+ 15.24 

-3.756 

+3.776 

+0.5154 

10 

+ 0.3719 

-0.1018 

+ 0.0671 

+0.0003 

+ 14.96 

+6.079 

+3.305 

+0.7497 

0 

+2.065 

+0.5000 

0 

0 

-56.51 

0 

0 

+ 1.000 




(f) Tit 

=rl00 aad r/1^0.6 




/Km30 









30 

-0.4130 

0 

-0.1015 

-0.0031 

-17.24 

0 

-2.909 

+0.3912 

20 

-0.2349 

-0.J448 

-0.0424 

-0.0010 

- 0.99 

-6.327 

-0.707 

+0.4746 

10 

+0.5284 

-G.1530 

+0.0739 

-0.0001 

+ 16.89 

+0.297 

+ 1.631 

+0.6844 

0 

+2.481 

+0.6000 

0 

0 

-50.48 

0 

0 

+1.000 
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Table 7(b)--(Ci»«/</.) 

(g) (ConeJode) 


Shear Edge Load Edge Moment Load 


of 


N. 

Nx, 


M, 

9 

(9) 

(10) 

(11) (12) (13) 

(14) 

(15) 

(16) 

^=35 : 






35 -0.2245 

0 

-0,0937 -0.0036 -21.54 

0 

-4.900 

+0.2286 

30 -0.2258 

-0.0617 

-0.0849 -0.0034 -17.56 

-5,539 

-4.097 

+ 0,2534 

20 -0.1434 

-0.1738 

-0.0163 -0.0014 + 8.78 

-8.709 

+ 0.609 

+0.4257 

10 H 0.4825 

-0.1215 

+0.0821 +0.0005 1-25.70 

+ 2.778 

+ 2.864 

+0.6789 

0 +2.453 

+ 0.6000 

0 0 -67.87 

0 

0 

+ 1.000 

II 

o 






40 -0.0378 

0 

-0.0653 -0.0034 -20.91 

0 

-6.413 

+ 0.0741 

30 -0.1275 

-0.0385 

-0.0561 -0.0020 -10.34 

-9.508 

-3.449 

4-0.1748 

20 -0.1799 

-0.1354 

-0.0078 -0.0012 +16.02 

- 8.383 

,2.316 

+ 0.4147 

10 +0.4136 

-0.1192 

+ 0.0787 -1-0.0004 +25.53 

4 5.071 

+ 3.686 

+ 0.6842 

0 2.558 

+ 0.6000 

0 0 -75.81 

0 

0 

+ 1.000 

>^k=45 : 






45 +0.1009 

0 

-0.0267 - 0.0026 -15.56 

0 

-6,655 

-0.0364 

40 +0.0669 

+0.0245 

-0.0302 -0.0025 -14.36 

-4.156 

-6.057 

-0.0122 

30 -0.1460 

1-0.0082 

-0.0439 - 0.0022 - 3.96 

-9.685 

-1.817 

+0.1633 

20 -0.2510 

-0.1174 

—0.0148 - 0.0010 -1 16.43 

-6.537 

+3.383 

f 0,4285 

10 +0.3813 

-0.1339 

+0.0714 +0.0004 +22.53 

,1-6.087 

+ 3.873 

+0.6947 

0 +2.659 

+ 0.6000 

0 0 -74.68 

0 

0 

+ 1.000 

J?k=50 ; 






50 +0.1678 

0 

+0.0073 -0.0015 - 8 26 

0 

-5.666 

-0.0950 

40 +0.0523 

+0.0699 

-0.0131 -0.0017 - 8.00 

-4.483 

-4.344 

-0.0164 

30 -0.2030 

+0.0305 

-0.0491 -0.0018 - 1-93 

-7.812 

-0.623 

+0.1835 

20 -0^862 

-0.1225 

-0.0245 -0.0010 +13.86 


+3.549 

+0.4425 

10 +0.3899 

-0.1463 

+0.0675 + 0.0003 +20.05 

+5.942 

+3.658 

+0.6986 

0 +2.688 

+0.6000 

0 0 -70.37 

0 

0 

+ 1.000 
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Table 7(b)— 


Shear Edge Load Edge Moment Load 


/ 

N . Nx * 

( 9 ) ( 10 ) 

( 11 ) 

( 12 ) 

Nk 

( 13 ) 

( 14 ) 

( 15 ) 

M, 

( 16 ) 



(h) r/t 

=200 and 

r/I=0.1 




/5i=.30 








30 

- 0.0905 0 

- 0.0207 

- 0.0009 

- 0.1005 

0 

- 0.0164 

+ 0.9730 

20 

- 0.0397 - 0.0403 

- 0.0080 

- 0.0006 

- 1 - 0.0123 

- 0.0332 

- 0.0024 

+ 0.9761 

10 

J - 0 . ni 7 - 0.0251 

+ 0.0142 

- 0.0002 

+ 0.1340 

f 0.0177 

< 0.0099 

+ 0.9852 

0 

4 0.3604 J-O.IOOO 

0 

0 

- 0.3 807 

0 

0 

+ 1.000 

> 

il 

iO 








35 

- 0.0773 0 

- 0.0243 

- 0.0015 

- 0.2044 

0 

- 0.0435 

+ 0.9623 

30 

- 0.0693 - 0.0205 

- 0.0212 

- 0.0014 

- 0.1601 

- 0.0520 

- 0.0356 

+ 0.9632 

20 

- 0.0055 - 0.0439 

- 0.0015 

- 0.0008 

+ 0.1134 

- 0.0710 

+ 0.0090 

1 - 0.9700 

10 

+ 0.1211 - 0.0150 

+ 0.0185 

- 0.0002 

+ 0.2305 

+ 0.0464 

-h 0.0256 

+ 0.9823 

0 

+ 0.3082 + 0.1000 

0 

0 

- 0.6605 

0 

0 

+ 1.000 









40 

- 0.0670 0 

- 0.0278 

- 0.0022 

- 0.3607 

0 

-O.IOOO 

+ 0.9476 

30 

- 0 . 045 B - 0.0329 

- 0.0170 

- 0.0018 

- 0.1407 

- 0.1563 

- 0.0487 

+ 0.9521 

20 

+ 0.0177 - 0.0425 

+ 0,0054 

- 0.0009 

+ 0.3060 

- 0.1102 

+ 0.0428 

+ 0.9635 

10 

+ 0.1231 - 0.0058 

+ 0.0220 

- 0.0002 

+ 0.3419 

+ 0.1068 

+ 0.0540 

+ 0.9795 

0 

+ 0.2696 + 0.1000 

0 

0 

- 1.083 

0 

0 

+ 1.000 

j^K«=45 

: 







43 

- 0.0585 0 

- 0.0311 

- 0.0031 

- 0.5815 

0 

- 0.2039 

+ 0.9270 

40 

- 0.0549 - 0.0127 

- 0 . 02 B 8 

- 0.0030 

- 0.5076 

- 0.1526 

- 0.1817 

+ 0.9284 

30 

- 0.0259 - 0.0392 

- 0,0122 

- 0.0021 

+ 0.0014 

- 0.3085 

- 0.0344 

+ 0.9392 

20 

+ 0,0326 - 0.0387 

+ 0.0118 

- 0,0010 

+ 0.5987 

- 0.1323 

+ 0.1135 

40.9566 

10 

+ 0.1213 + 0.0021 

+ 0 . 024 B 

- 0.0002 

+ 0.4491 

+ 0.2141 

+ 0.0996 

+ 0.9768 

0 

+ 0.2407 + 0.1000 

0 

0 

- 1.684 

0 

0 

+ 1,000 
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Tabie 7(b}^(Co>i^rfO 

(h) (Continued) 


Shear Edge Load Edge Moment Load 



/ 

N , 

N .# 



Nx 

N ., 


M , 


(9) 

( 10 ) 

( II ) 

( 12 ) 

( 13 ) 

( 14 ) 

( 15 ) 

( 16 ) 

/k 

rv 50 ; 










50 

- 0.0506 

0 

0.0340 

- 0.0041 

- 0.8725 

0 

- O .3803 

4 - 0.8948 


40 

- 0.0408 

- 0.0260 

- 0.0262 

- 0.0036 

- 0.5294 

- 0.4145 

- 0.2512 

+ 0.9030 


30 

- 0.0107 

- 0.0411 

- 0.0176 

- 0.0024 

+ 0.2947 

- 0.4901 

J 0 0344 

{^ 0.9238 


20 

f 0.0369 

-0 0337 

-{ 0.0174 

- 0.0010 

+ 0.9856 

- 0.1131 

4 - 0,2362 

4 * 0.9497 


10 

4 - 0.1175 

^ 0 0087 

+ 0.0271 

- 0.0001 

■f 0.5268 

+ 0.3830 

+ 0.1664 

4 0,9741 


0 

+ 0.2199 

+ 0.1000 

0 

0 

- 2.487 

0 

0 

+ 1.000 





( i ) rjt- 

=200 and 

r/l=0.2 




/k 

= 30 










30 

- 0.1770 

0 

- 0.0407 

- 0.0017 

- 1.972 

0 

- 0.3043 

40.8904 


20 

- 0.0792 

- 0.0792 

- 0.0160 

- 0.0012 

- 0.154 

- 0.7298 

- 0.0618 

-}- 0,9051 


10 

+ 0.2192 

- 0.0502 

^ 0.0279 

- 0.0003 

4 2.142 

-{ 0.0427 

+ 0.1925 

4 - 0.9435 


0 

+ 0.7297 

+ 0.2000 

0 

0 

- 4.639 

0 

0 

+ 1.000 

/k 

= 35 










35 

- 0.1455 

0 

- 0.0466 

- 0.0027 

- 3.344 

0 

- 0.7035 

+ 0.8373 


30 

- 0.1313 

- 0.0386 

- 0.0410 

- 0.0025 

- 2.696 

- 0.8582 

- 0.5812 

4 0.8425 


20 

-00150 

- 0.0842 

- 0.0033 

- 0,0014 

1 1.373 

- 1.319 

+0^1200 

+ 0.8767 


10 

+ 0,2331 

- 0 . 03 CH ) 

+ 0.0358 

- 0.0002 

+ 3.519 

+ 0.3350 

+ 0.4303 

+ 0.9335 


0 

+ 0.6376 

+0,2000 

0 

0 

- 8.444 

0 

0 

+ 1.000 

/k 

=40 

: 









40 

-0 1144 

0 

- 0.0503 

- 0.0037 

- 3,147 

0 

- 1,422 

+ 0,7549 


30 

- 0.0838 

- 0.0572 

- 0.0331 

- 0.0030 

- 2.213 

- 2.270 

- 0.7127 

+ 0,7838 


20 

+0.0202 

- 0.0785 

+ 0.0084 

- 0.0015 

+ 3.880 

- 1.816 

+ 0.5816 

+04519 


10 

+ 0.2295 

- 0.0158 

+0.(HU 

-0.0002 

+ 4.849 

+ 1.085 

+ 0.8003 

+ 0,0255 


0 

+ 0.5858 

+0.2000 

0 

0 

- 13.55 

0 

0 

+1.000 
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Table 7{b) — {Contd,) 

(i) (Continued) 


Shear Edge Load 


Edge Moment Load 

/ 

(9) 

N*4 

( 10 ) 

N# 

( 11 ) 

( 12 ) 

N. 

( 13 ) 

( 14 ) 

N# 

(15) 

M, 

( 16 ) 

/^k^45 : 

45 - 0.0793 

0 

- 0.0494 

- 0.0047 

- 7.076 

0 

- 2.500 

+ 0.6266 

40 - 0.0769 

-0 0215 

- 0.0462 

- 0.0045 

- 6.231 

- 1.862 

- 2.231 

+ 0.6378 

30 - 0.0516 

- 0.0642 

- 0.0223 

- 0.0032 

- 0.316 

- 2.536 

- 0.5827 

+ 0.7167 

20 4 0.0289 

- 0.0681 

+ 0.0165 

- 0.0014 

+ 6.897 

- 1.941 

: 1.367 

+ 0.8267 

10 + 0.2164 

- 0.0071 

+ 0.0436 

- 0.0001 

+ 5.708 

! 2.201 

+ 1.273 

+ 0.9200 

0 + 0.5724 

+ 0.2000 

0 

0 

- 19.32 

0 

0 

+ 1.000 

/k=,.50; 

50 - 0.0305 

0 

- 0.0419 

- 0.0052 

- 8.502 

0 

- 3.770 

+ 0.4461 

40 - 0.0445 

- 0.0226 

- 0.0351 

- 0.0046 

- 5.350 

- 4.060 

- 2.523 

+ 0.5106 

30 - 0.0420 

- 0.0476 

- 0.0140 

- 0.0031 

+ 2.433 

- 4.983 

+ 0 2750 

+ 0.6671 

20 + 0.0168 

- 0.0585 

+ 0.0187 

- 0,0013 

1- 9.459 

- 1.527 

+ 2.336 

+ 0,8314 

10 + 0.2016 

- 0.0062 

+ 0.0428 

- 0.0001 

+ 5.734 

-1 3.392 

+ 1.737 

+ 0.9393 

0 - 10.5914 

+ 0.2000 

0 

0 

- 24.30 

0 

0 

+ 1.000 



(j) r/t- 

^200 and 

r/i = 0.3 




/ k =30 ; 

30 - 0.2481 

0 

- 0.0585 

- 0.0023 

- 8.01 

0 ’ 

- 1.251 

+ 0.7583 

20 - 0.1187 

- 0.0759 

- 0.0236 

- 0.0916 

- 0.32 

- 2.906 

- 0.242 

+ 0.7953 

10 + 0.3098 

- 0.1126 

+ 0.0402 

- 0.0003 

+ 9.20 

+ 0.158 

+0707 

+ 0.8828 

0 + 1.138 

+ 0.3000 

0 

0 

- 21.66 

0 

0 

+ 1,000 

/k=35 : 

35 -- 0.1777 

0 

- 0.0616 

- 0,0033 

- 12.73 

0 

+ 2.708 

+ 0.6320 

30 - 0.1630 

- 0.0475 

-00548 

- 0.0031 

- 10.23 

- 3.260 

- 2.236 

+ 0.6464 

20 -0.0418 

-0.1115 

- 0,0066 

- 0.0017 

+ 5.57 

- 4.934 

+ 0.474 

+ 0.7427 

10 + 0.3091 

- 0.0522 

+ 0 . 0^7 

-0.0002 

+ 13.92 

+ 1,650 

+ 1.650 

+ 0.8689 

0 +K058 

+ 0.3000 

0 

0 

- 35.32 

0 

0 

+ 1,000 
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Table l{b)—{Cotttd.) 

[j) (Continued) 


m 


Shear Edge Load Edge Moment Load 


/ N , 

(9) 

( 10 ) ( 11 ) 

( 12 ) 


Nk 

( 13 ) 

Nx # 

(H) 


( 15 ) 

M , 

( 16 ) 

/ k -40 : 









40 - 0.0958 

0 - 0.0550 

- 0.0039 

- 

16.80 

0 

- 

4,723 

1 0^4470 

30 - 0.0958 

- 0,0529 - 0.0397 

- 0.0032 

~ 

7.30 

- 7.430 

- 

2.380 

1 - 0.5253 

20 - 0.0298 

- 0.0936 -f 0.0040 

- 0.0016 

“ T ‘ 

12.97 

- 5.929 


1,932 

+ 0.6997 

10 0.2786 

- 0.0416 + 0.0506 

- 0.0001 

-h 

16.75 

r 3.932 

+ 

2.673 

h 0,8621 

0 + 1.069 

+ 0.3000 0 

0 

- 

48.57 

0 


0 

-f 1.000 

> 

II 

Ln 









45 - 0.0114 

0 - 0.0370 

- 0.0038 

- 

17.92 

0 

- 

6,551 

i 0.2280 

40 - 0.0214 

- 0,0039 - 0.0364 

- 0.0037 

- 

15.90 

- 4.718 

- 

5,866 

0,2542 

30 - 0.0772 

- 0.0304 - 0.0273 

- 0.0028 


1.34 

- 9.994 

- 

1.292 

1 0.4354 

20 - 0,0627 

- 0.0765 - 1 - 0.0042 

- 0.0013 


17.97 

- 5.233 

1 

3.575 

+ 0.6795 

10 + 0.2474 

- 0.0456 +0 0471 

- 0.0000 

4 - 

16.41 

f 6.050 

H - 

3.437 

H 0.8640 

0 + 1.134 

+ 0.3000 0 

0 

- 

56.01 

0 


0 

-[ 1.000 

/ k =50 ; 









50 + 0.0544 

0 - 0.0135 

- 0.0031 

- 

15.39 

0 

- 

7.343 

+ 0.0368 

40 + 0.0026 

+ 0.0201 - 0.0201 

- 0.0029 

- 

10.44 

- 7.529 

- 

5.048 

+ 0.1442 

30 - 0.1000 

- 0.0070 - 0.0254 

- 0.0023 

+ 

3.25 

- 9.817 

+ 

0.304 

- i ' 0.4060 

20 - 0.1008 

- 0.0715 - 0.0025 

- 0.0011 

+ 

18.60 

- 3.576 

+ 

4.612 

+ 0.6832 

10 + 0.2354 

- 0.0563 [ 0.0424 

- 0.0000 


14.04 

[ 7,094 


3.666 

H 0,8700 

0 + 1.193 

+ 0.3000 0 

0 

- 

56.30 

0 


0 

1 1.000 


(k) r/t 

==200 and 

r/l 

1=0.4 





/ x =-30 : 









30 - 0.2847 

0 - 0.0710 

- 0.0026 

- 

20.19 

0 


3.173 

+ 0 . S 913 

20 - ai 583 

- 0.1339 - 0.0302 

- 0.0018 

- 

0.87 

- 7.343 

- 

0.619 

4ae6i9 

10 + 0.3622 

-> 0.1029 + 0.0493 

- 0.0003 

+ 

23 . S 7 ; 

+ 0.435 

+ 

1.999 

+0J155 

0 + 1^34 

+ 0.4000 0 

0 


36.32 

0 


0 

+ 1.000 
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Table l{h)-^{Contd.) 

( k ) (Conclude) 


Shear Edge Load Edge Moment Load 


/ 

Nx 

( 9 ) 

( 10 ) ( 11 ) 

( 12 ) 


Nx 

( 13 ) 

Nx , 

( 14 ) 

( 15 ) 

M , 

( 16 ) 

/ k .= 35 










35 

- 0.1462 

0 - 0.0635 

- 0.0032 

- 

27.50 

0 

- 

5.935 

+ 0.3911 

30 

- 0.1482 

- 0.0403 - 0.0577 

- 0.0030 

- 

22.24 

- 7.055 

- 

4.913 

+ 0.4179 

20 

- 0.0986 

- 0.1152 - 0.0124 

- 0.0017 

+ 

11.73 

- 10.83 

•f 

1.001 

+ 0.5937 

10 

0.3204 

- 0.0822 + 0.0539 

- 0.0001 

- f - 

31.27 

+ 3.503 

1 - 

3.651 

+ 0.8049 

0 

- M .639 

1 - 0.4000 0 

0 

- 

80.78 

0 


0 

+ 1.000 

/ k =40 










40 

+ 0.0319 

0 - 0.0448 

- 0.0032 

- 

32.54 

0 

- 

8.301 

+ 0.2027 

30 

- 0,0781 

- 0.0171 - 0.0365 

- 0.0026 

- 

13.32 

- 12.80 


4,292 

+ 0.2888 

20 

- 0.1367 

- 0.0848 - 0.0086 

- 0.0014 

4 - 

21,73 

- 10.76 

+ 

3.315 

+ 0.5642 

10 

1 - 0.2620 

- 0.0845 i- 0.0492 

- 0.0000 

+ 

31.74 

+ 6 . 8 BI 

+ 

4.858 

+ 0 . B 083 

0 

4 - 1.744 

+ 0.4000 0 

0 

- 

92.98 

0 


0 

+ 1.000 

/ k -45 










45 

-f 0.095 7 

0 - 0.0099 

- 0.0065 

- 

22.45 

0 

- 

B .938 

- 0.0169 

40 

+ 0.0691 

4 0.0238 - 0.0133 

- 0.0043 

- 

20.42 

- 5.970 

- 

8.074 

+ 0.0165 

30 

- 0,0987 

+ 0.0199 - 0.0292 

- 0.0020 

- 

4.08 

- 13.43 

- 

2.116 

+ 0.2506 

20 

- 0,1953 

- 0.0728 - 0.0161 

- 0.0012 


23.35 

- 0 260 

+ 

4.819 

+ 0.5714 

10 

-! 0.2396 

- 0.0981 -! 0,0429 

- 0.0000 

+ 

27.40 

f 8.293 

+ 

5.115 

+ 0.8168 

0 

+ 1.826 

4 0.4000 0 

0 

- 

91.16 

0 


0 

+ 1.000 

/ k =:50 

: 









50 

+ 0.1395 

0 + 0.0147 

- 0.0013 

- 

13.14 

0 

- 

7,852 

- 0.1157 

40 

+ 0.0505 

4 - 0.0598 - 0.0042 

- 0.0015 


11.30 

- 6.932 

- 

5.801 

- 0.0061 

30 

- 0.1446 

4-0 0347 - 0.0352 

- 0.0017 

- 

1.18 

- 10.95 


0.390 

^* 0.2725 

20 

- 0.2193 

- 0.0793 - 0 0240 

-OOOU 

+ 

19.84 

- 6.154 

+ 5.079 

+ 0.5892 

10 

+ 0.2513 

- 0.1076 + 0.0402 

+ 0.0001 

+ 

23.56 

+ 7.944 

+ 

4.801 

+0 8219 

0 

+ 1.840 

+ 0.4000 0 

0 

— 

84.42 

0 


0 

+ 1.000 



Sjmm^trkid Edgi L»ads 
Table 7(b)—(CiwidE.) 


Shear Edge Load 


Edge Moment Load 


Nx 

Nx# 

N# 


Nx 

Nx# 

N# 

M# 

(9) 

(10) 

(11) 

(12) 

(13) 

(14) 

(15) 

(16) 


(l) r/t=200 and r/l==0.5 


/k-30 : 

2Q —0.2715 0 —0.0759 —0.0026 — 36.SO 0 

20 —0.1974 —0.1375 —0.0355 —0.0018 — 2.00 —13.49 

10 +0.3600 -0.1314 +0.05366 -0.0002 + 43.95 + 0.71 

0 +2.253 +0.5000 0 0 -107.5 0 

/k=35 : 

35 +0.0566 0 -0.0520 -0.0027 - 41.17 0 

30 -0.0847 -0.0181 -0.0505 -0.0025 - 33.79 -10.62 

9n -0 1818 -0.0966 -0.0204 - 0,0015 1*16.53 -16.90 


-0.0025 - 33.79 -10.62 


20 -0.1818 -0.0966 -0.0204 - u.uuio i* - 

10 +0.2700 —0.1200 +0.0516 -0.0001 50.25 + 5.26 

0 +2.374 +0.5000 0 0 -132.8 0 

/k=40 : 

40 +0.1093 0 -0.0175 -0.0020 - 32.96 0 

30 -0.0475 +0.0298 -0.0294 -0.0019 - 17.70 -15.29 

20 - 0.2613 - 0.0652 - 0.0242 -0.0012 + 24.15 -14.33 

10 + 0.2136 - 0.1319 + 0.0433 -0.0000 + 44.95 + 8.13 

0 +2.509 +0.5000 0 0 -133.2 0 

/k=45 : 

45 + 0.1830 0 + 0.0132 -0.0011 - 18.31 0 

40 +0.1446 +0.0466 + 0.0066 - 0.0012 - 17.78 - 4.98 

30 -0.1100 + 00637 - 0.0303 -0.0014 - 8.90 -13.02 

20 -0.3155 - 0.0676 - 0.0341 -O.OOH + 20.73 -10.69 

10 +0.2211 -0.1467 + 0.0389 -O.OOOl + 38.31 + 8.33 

0 +2.539 +0.5000 0 0 -123.1 0 


-0.0012 + 24.15 -14.33 

-0.0000 + 44.95 + 8.13 

0 -133.2 0 


-O.OOn - 18.31 
-0.0012 - 17.78 
-0.0014 - 8.90 


0 

- 4.98 
-13,02 


- 5.858 + 0.4164 

- 1.174 + 0.5258 
+ 3.711 - 10.7505 

0 +1.000 

- 9 . 1 BI -1 0.1851 

- 7.611 + 0.2222 
1 1.429 I 0.4668 
+ 5.747 I 0.7504 

0 +1.000 

- 10.30 - 0.0072 

- 5.506 + 0,1389 
+ 3.905 + 0.4653 
+ 6.422 + 0 . 76 U 

0 +1.000 

- 8.981 -0.1009 

- 8.263 - 0,0771 

- 2.079 + 0.1523 
+ 4-696 +0.4876 
+ 6 068 +0.7681 

0 +1.000 


0 
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Table 7(b)— {Conid.) 

(/) (Continued) 


Shear Edge Load Edge Moment Load 



N , 

( 9 ) 

( 10 ) 

( 11 ) 

( 12 ) 

( 13 ) 

Nx , 

( 14 ) 


N * 

( 15 ) 

( 16 ) 

/ k =50 










50 

4 0.1739 

0 

40.0295 

40,0002 

- 4.66 

0 

- 

6.575 

- 0.1404 

40 

-1 0.0786 

40.0777 

40.0054 

- 0.0007 

- 9.77 

- 3.60 

- 

5.629 

- 0.0518 

30 

- 0.1578 

40.0593 

- 0.0387 

- 0.0013 

- 10.31 

- 9.96 

- 

1.682 

40.1945 

20 

- 0.2949 

- 0.0794 

- 0.0364 

- o.oon 

4 16.18 

- 9.65 

4 

4.675 

40.5157 

10 

40.2141 

- 0.1221 

4 0.0366 

-0 0000 

4 41.78 

4 9.30 


7.575 

40.8127 

0 

42.441 

40.5000 

0 

0 

- 116.1 

0 


0 

41.000 




(m) 

r/t=200 and r/l=0.6 














30 

- 0.2086 

0 

- 0.0732 

- 0.0024 

- 53.95 

0 

- 

8.721 

40.2589 

20 

- 0.2355 

- 0.1233 

- 0.0394 

- 0.0016 

- 4.01 

- 20.04 

- 

1.828 

40.4042 

10 

40.3019 

- 0.1613 

40.0532 

- 0.0001 

4 66.27 

4- 0.71 

4 - 

5.559 

4 - 0.6931 

0 

43.003 

40.6000 

0 

0 

- 166.4 

0 


0 

41.000 

/ k -35 










35 

40.0614 

0 

- 0.0363 

- 0.0020 

- 48.68 

0 

- 

11.31 

40.0433 

30 

40.0019 

40.0113 

- 0.0381 

- 0.0020 

- 40.77 

- 12.62 

- 

9.488 

4 0.0867 

20 

- 0.2759 

- 0.0663 

- 0.0294 

- 0.0012 

4 17.11 

- 21.22 

4 

1.522 

40.3710 

10 

40.1839 

- 0.1613 

40,0454 

- 0.0000 

4 66.22 

4 3.83 

4 

7.338 

40.7029 

0 

43.204 

40.6000 

0 

0 

- 180*9 

0 


0 

41.000 

/k«40 

: 









40 

4 - 0*2096 

0 

40.0030 

- 0.0012 

- 29.22 

0 

- 

10.53 

- 0.0850 

30 

- 0.0157 

40*0719 

- 0.0224 

- 0*0013 

- 20.21 

- 14.50 

- 

6.191 

40,0578 

20 

- 0.3733 

- 0.0458 

- 0.0384 

- 0.0010 

4 19.37 

- 16*37 

4 

3.594 

40,3909 

10 

40.1569 

- 0.1797 

40.0373 

- 0 .( K )01 

4 56.09 

4 7.56 

4 

7.285 

40-7139 

0 

43*297 

40.6000 

0 

0 

-169.2 

0 


0 

41000 




Sjmmitrical Edge Loads 2^ 

Table 7(b)— {Ctmdd.) 

(m) (Conclude) 

Shear Edge Load Edge Moment Lo^ 



N , 

( 9 ) 

Nx , 

( 10 ) 

N , 

( H ) 

Mf 

( 12 ) 

Nx 

( 13 ) 

( 14 ) 


( 15 ) 

( 16 ) 

y ^ K —45 










45 

+ 0.2347 

0 

+ 0.0286 

- 0.0004 

- 8.38 

0 

- 

7.554 

- 0.1241 

40 

+ 0,1924 

+ 0.0605 

+ 0.0199 

- 0.0005 

- 10.38 

- 2.49 

- 

7.198 

- 0.0988 

30 

- 0,1065 

+ 0.0944 

- 0.0306 

- 0.0011 

- 15.36 

- 10.11 

- 

3.686 

+ 0.0939 

20 

- 0.4030 

- 0.0596 

- 0.0476 

- 0.0011 

+ 12.42 

- 13.03 

+ 

3.667 

+ 0.4113 

10 

- 0.1906 

- 0.1895 

+ 0.0361 

- 0.0001 

+ 50.54 

+ 6.80 


6.668 

+ 0.7160 

0 

+ 3.268 

+ 0.6000 

0 

0 

- 158.3 

0 


0 

1 1.000 

11 










50 

+ 0.1854 

0 

+ 0.0382 

+ 0.0002 

+ 7.18 

0 

- 

3.972 

- 0 . r 088 

40 

+ 0.1051 

-^ o . oa 72 

+ 0.0118 

- 0.0003 

- 5.77 

+ 1.40 

- 

4.634 

- 0.0572 

30 

- 0.1481 

+ 0.0826 

- 0.0419 

- 0.0012 

- 20.51 

- 6.83 

- 

3.347 

! 0.1206 

20 

- 0.3819 

- 0.0757 

- 0.0497 

- 0.0012 

+ 7.78 

- 12.83 

- 1 - 

3.041 

+ 0.4149 

10 

+ 0.2199 

- 0.1803 

+ 0.0384 

- 0.0001 

+ 51.00 

+ 5.85 

+ 

6.371 

} 0.7134 

0 

+ 3.218 

+ 0.6000 

0 

0 

- 156.6 

0 


0 

+ 1.000 
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Table 8 ( a )— Symmetrical Edge Loads on Simply Supported 
Cylindrical Shells (displacement of edge at 0 ss « O ) 


Vertical Edge Load 

Horizontal Edge Load 

Vertical Displacement w 

Vl-^X Col. (1) X 

r^tE ^ ' 1 1 

Horizontal Displacement 

Vl— X Col. (2) X 

Rotation S — 

Vl-^ X Col. (3) X sin-^ 
tL 1 1 

(Downward Positive) 

P ^ , /.X . K X 

Col. (4) X sin —^ 

V (Inward Positive) 

Hl /* X Col. (5) X sin^ 
t E ^ ' 1 

Rotation 0 — 

X Col. (6) X sin -5^ 

^ w V 0 w V 6 

/k 

(1) (2) (3) (4) (5) (6) 

(a) r/t=100 


r //= 0.1 : 

30 

12.53 

0.1445 

0.1108 

~ 0.1445 

- 0.0585 

- 0.04556 

35 

6.265 

0.2508 

0.1420 

- 0.2508 

- 0.1231 

- 0.07108 

40 

3.611 

0.4009 

0.1752 

- 0.4009 

- 0.2325 

- 0.1039 

45 

2.591 

0.5987 

0.2088 

- 0.5981 

- 0.4040 

- 0.1444 

50 

2.043 

0.8434 

0,2410 

- 0.8434 

- 0.6538 

- 0.1925 

f //« 0.2 ; 

30 

17,38 

2.031 

0-0982 

- 2.031 

- 0.8742 

- 0.04288 

35 

12.87 

3.538 

0.1259 

- 3,538 

- 1.794 

- 0.06530 

40 

12.51 

5.544 

0.1524 

- 5.544 

- 3.282 

- 0.09256 

45 

13.47 

7.956 

0 , 174 B 

- 7.956 

- 5.447 

- 0.1233 

30 

14.54 

10.50 

0.1899 

- 10,50 

- 8.270 

- 0,1546 

r //= 0 . 3 : 

30 

35.24 

9.474 

0.0891 

- 9.474 

- 4.010 

- 0.03866 

35 

37,31 

15.65 

0.1092 

- 15.65 

- 7.890 

- 0.05606 

40 

42.38 

22.99 

0.1245 

- 22.99 

- 13.59 

- 0.07595 

45 

46.06 

30.12 

0.1317 

- 30.12 

- 20.69 

- 0.09384 

50 

45.75 

35.11 

0.1285 

- 35.11 

- 27.93 

- 0.1070 



JEdge iMds 
Table 8(a)—(Conld.) 

(a) (Continued) 

Vertical Edoe Load Horizontal Edge Load 


/k 

w 

(I) 

V 

(2) 

d 

(3) 

w 

(4) 

V 

(5) 

0 

(6) 

1 

c> 

Jt 

ao 

75.06 

26.10 

0.07760 

- 26.10 

- 11.06 

-0.03483 

35 

87.57 

40.75 

0.09046 

- 40.75 

- 20.25 

-0.04716 

40 

96.68 

55.00 

0.09596 

- 55.00 

- 32.68 

-0.05921 

45 

96.10 

64.69 

0.09256 

- 64.69 

- 44.95 

-0.06746 

50 

85.15 

67.32 

0,08360 

- 67.32 

- 54.74 

-0.07216 

r;r-o.5: 

30 

142.2 

54.14 

0.06634 

- 54.14 

- 22.98 

-0,02900 

35 

163.2 

78.77 

0.07239 

- 7B.77 

- 39.97 

-0.03811 

40 

167.7 

97.43 

0.07124 

- 97.43 

- 58.47 

-0.04484 

45 

152.4 

104.9 

0.06505 

-104.9 

- 74.31 

-0.04883 

50 

127.5 

103.9 

0.05747 

-103.9 

- 87.21 

-0.05166 

r//«0 6 : 

30 

238.5 

88.47 

0.05559 

- 08.47 

- 39.78 

-0.02434 

35 

257.7 

126.7 

0.05714 

-126.7 

- 64,74 

-0.03049 

40 

245.4 

144.9 

0.05366 

-144.9 

- 88.10 

-0.03396 

45 

212.3 

149.5 

0.04873 

-149.5 

-108.3 

-0.03700 

50 

175.8 

143.7 

0.04304 

-147.9 

-127.9 

-0.03967 




(b) r/t^ 

200 



r, 7-0.1 : 

30 

13.59 

0.5598 

0.10563 

-0.5598 

-0.3112 

-0.04555 

35 

7.732 

0.9838 

0.13813 

-0.9838 

-0.4916 

-0.07100 

40 

5.711 

1.576 

0,1719 

-1.576 

-0.9269 

-0J036 

45 

5.186 

2.354 

0.2050 

-2*354 

-1.462 

-0.1434 

50 

5.265 

3,292 

0J2352 

-3.292 

-2.576 

-04^5 
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Table 8(a)— (Contd.) 

(^) (Contmued) 


Vertical Edoe Load Horizontal Edge Load 


/k 

w 

(I) 

V 

(2) 

e 

(3) 

w 

(4) 

V 

(5) 

0 

(6) 

r/<-0.2 : 

30 

32.02 

8.267 

0.0986 

- 8.267 

- 3,492 

-0.04257 

35 

33.96 

14.07 

0.1245 

- 14.07 

- 7.090 

-0.06423 

40 

39.51 

21.38 

0.1468 

- 21.38 

- 12.62 

-0.08898 

45 

44.27 

28.96 

0.1600 

- 28.96 

- 19.84 

-0.1132 

50 

45.16 

34.63 

0.1600 

- 34.63 

- 27.44 

-0.1321 

fit ^ O .3 : 

30 

110.9 

37.12 

0.08756 

- 37.12 

- 15.70 

-0,03796 

35 

123.0 

58.70 

0.10342 

- 58.70 

- 29.63 

-0.05150 

40 

136,4 

78-62 

0.10899 

- 78.62 

- 46.73 

-0.06707 

45 

131.1 

89.18 

0.10274 

- 89.18 

- 62,16 

-0.07481 

50 

111.5 

89.27 

0.09013 

- 89.27 

- 73.18 

-0.07807 

rll ^ OA : 

30 

247.6 

98.82 

0.07423 

- 98.82 

- 41.89 

-0.03237 

33 

283.3 

139.7 

0.07945 

-139.7 

- 70.98 

-0.04180 

40 

273.8 

161.7 

0.07471 

-161.7 

- 97.64 

-0.04717 

45 

232.0 

163.1 

0.06551 

-163,1 

-117,2 

_ -0.04975 

50 

187.9 

157.7 

0.05768 

-157.7 

-135.5 

-0.05270 

rll^O.5 : 

30 

473,4 

194,4 

0.06058 

-194.4 

- 82,77 

-0.02666 

35 

486.4 

244.3 

0.05905 

-244.3 

-125.5 

-0.03167 

40 

424,2 

256.6 

0.05240 

-256.6 

-158,6 

-0,03414 

45 

349.1 

254.2 

0.04653 

-254.2 

-189.1 

-0.03671 

50 

295.1 

260.4 

0.04398 

-260,4 

-234.5 

-0.04173 




^ymmitrical Edge Loads 
Table 8(a) — (Cencid.) 

(b) (Condadc) 


Vertical Edge Load 


Horizontal Edge 

Load 


w 

V 

e 

w 

V 

6 

!Pk 


(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

r//=0.6: 

30 

756.0 

315.3 

0.04830 

-315.3 

-135.1 

-0.02155 

35 

706.1 

360.6 

0.04430 

-360.6 

-188.1 

-0.02429 

40 

591.7 

367.3 

0.03930 

-367.3 

-232.8 

-0.02637 

45 

490.8 

374.8 

0.03615 

-374.8 

-287.2 

-0.02931 

50 

431.9 

389.3 

0.03392 

-389.3 

-357.3 

-0.03284 
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Table 8(b)—S ymmetrical Edge Loads on Simply Supported 
Cyundrigal Shells (displacement of edge at 0 =0) 

SiiEAR Edge Load i Moment Edge Load 


Vertical Displacement w (Downward Positive) 


Sl 

c. 


X Col, (7) X 

[orizontal Di 

Jl X 

' 

TVyf 1 V 


V, ■ 

Sin __ 

tUE- 

H 

P 

sin—f- 

isplaccment 

• ^ ^ 

Qi n ■ 1 1 

i T* t E —^ ^ 

V (Inward Positive) 

1* 

Mlv __X Col (W) 

. llx 

V QlTI _ 

Rotation d — 

jr* 

11 ^ 

Jl X 

iVlL A y.4 ^ ^ ^ 1 1 J 

Rotation $— 

1 \/f. Ny ^ vy 

/\ Mil ^ 

Jl a: 

Cln 


El 


sin-f- 

^ El 


Mil ^ 


w 

V 

0 

w 

V 

0 



(7) 

(8) 

(9) 

(10) 

(11) 

(12) 




(a) r/t= 

100 



r//-=0.l : 

30 

0.3401 

0.000480 

0.000363 

- 1.330 

- 0.5469 

-0.5144 

35 

0.2178 

0.001006 

0.000544 

- 1.704 

- 0.8531 

-0.5964 

40 

0.1443 

0.002009 

0.000822 

- 2.102 

- 1.247 

-0.6749 

45 

0.1084 

0.003771 

0.001223 

- 2.505 

- 1.734 

-0.7542 

50 

0.0792 

0.006516 

0.001776 

- 2.892 

- 2.312 

-0.8290 

r//=0.2 : 

30 

0.6950 

0.00726 

0.000353 

- 18.86 

- 8.233 

-0.4893 

35 

0.4733 

0.02065 

0.000678 

- 24.18 

- 12.54 

-0.5364 

40 

0.3715 

0.04590 

0.001145 

- 29.25 

- 17.77 

-0.6159 

45 

0.3402 

0.08862 

0.001757 

- 33.56 

- 23.67 

-0.6651 

50 

0.3610 

0.1526 

0.002478 

- 36.46 

- 29.70 

-0.6986 

r//-0.3: 

30 

1.187 

0.06357 

0.000536 

- 06.64 

- 37.58 

-0.4499 

35 

0.9583 

0.1474 

0,000923 

-106.2 

- 54.50 

-0.4965 

40 

0.9561 

OJ2931 

0.001413 

-121.0 

- 73,83 

-0.5288 

45 

1.073 

0.5020 

0.001927 

-127.9 

- 91.21 

-0.5434 

50 

1.209 

0.7422 

0.002334 

-124.9 

-104.0 

-0,5402 



(fl) (Continued) 


Sj^mmetricel Edgt Loads 

Table 8(b)-^(C(mfifO 


m 


Shear Eoge Load 


w 

V 

0 


(7) 

(8) 

(9) 

/(=0.4: 




30 

1.940 

0.2256 

0.000632 

35 

1.924 

0.5080 

0.000994 

40 

2.189 

0.9067 

0.001384 

45 

2.500 

1 372 

0.001641 

50 

2.591 

1.731 

0.001732 

r// = 0.5: 




30 

3.218 

0.5995 

0.000644 

35 

3.588 

1.202 

0.000945 

40 

4.141 

1.938 

0.001160 

45 

4.418 

2.566 

0.001242 

50 

4.246 

2.945 

0.001199 

r//-0.6 : 




30 

5.112 

1.210 

0.000620 

35 

5.976 

2.242 

0.000834 

40 

6.629 

3.250 

0.000932 

45 

6.601 

3.942 

0.000910 

50 

6.678 

4.324 

0.000865 

(b) r/t-: 

f//=0.l 




30 

0.3446 

0,001423 

0.000252 

35 

0.2228 

0.003352 

0,000458 

40 

0.1579 

0.007139 

0.000718 

43 

0.1237 

0.01391 

0.001117 

50 

0.1083 

0.02506 

0.001649 


Moment E^e Load 


( 10 ) 


-239.2 

-277.7 

-293.8 

-284.1 

-255.7 

-497.6 

-542.9 

-535.2 

-487.9 

-431.0 

-864.6 

-888.7 

-834.6 

-743.9 

-669.4 


(H) 


-104.0 

-145.2 

-181.4 

-207.1 

- 220.8 

-216.6 

-285.9 

-335.5 

-366.2 

-387.5 

-378.6 

-474.2 

-52B.2 

-575.4 

-618.7 


- 5.070 

- 6.630 

- 8,250 

- 9.842 
-U.29 


2.186 

3.408 

4.974 

6.883 

9.097 


e 

( 12 ) 


-0.4049 

-0.4320 

-0.4417 

-0.4348 

-0.4228 

-0.3602 

-0.3706 

-0.3668 

-0.3568 

-0.3493 

-0.3247 

-0.3185 

-0.3171 

-0.3042 

-0.3086 


-0.5143 

-0.5958 

-0.6749 

-0.7503 

-0j8t95 



2^ Pfisimsed Ctmcrek Skmiurts 

Table 8(b)— (Conld.) 

(i) (Continued) 


Shear Edge Load Momeot Edge Load 


/k 

w 

(7) 

V 

(8) 

e 

(9) 

w 

(10) 

V 

(11) 

e 

(12) 

f//«0.2 : 

30 

0.7716 

0.03561 

0.000385 

- 75.70 

- 32.70 

-0.4866 

33 

0.6124 

0,08739 

0.000700 

- 95.68 

- 49 33 

-0.5497 

40 

0.6071 

0.1815 

0.001123 

- 112.7 

- 68.34 

-0.5990 

45 

0.6944 

0.3237 

0.001601 

~ 122.9 

- 86.91 

-0.6273 

50 

0.8010 

0.4950 

0.002014 

- 122.0 

- 101.0 

-0.6299 

f//-=0,3 : 

30 

1.641 

0.2500 

0.000532 

- 340.4 

- 147.6 

-0.4+43 

35 

1.782 

0.5520 

0.000868 

- 402.2 

- 200.2 

-0.4792 

40 

2.154 

0.9824 

0.001193 

- 423.7 

- 260.8 

-0.4884 

45 

2,432 

1.410 

0.001376 

- 399,4 

- 290.9 

-0.4749 

50 

2.437 

1.695 

0.001382 

- 350.4 

- 303.5 

-0.4550 

rjl^OA : 

30 

3.525 

0.9471 

0.000586 

~ 912.9 

- 397.8 

-0.3936 

35 

4.354 

1.701 

0.000837 

- 976.3 

- 513.6 

-0.4011 

40 

4.977 

2.518 

0.000964 

- 918,0 

- 579.7 

-0.3884 

45 

4.925 

3.016 

0.000945 

- 805.0 

- 611.3 

-0.3732 

50 

4,456 

3.239 

0,000875 

- 708.8 

- 647.5 

-0.3670 

f//«0.5: 

SO 

6.899 

2.116 

0.000570 

-1817. 

- 800.0 

-0.3421 

35 

8.309 

3.527 

0,000704 

-1772. 

- 950.2 

-0.3343 

40 

8.519 

4.483 

0,000707 

-1572. 

-1024. 

-0,3210 

45 

7.792 

4.924 

0.000653 

-1396. 

-1101. 

-0.3156 

50 

6J01 

5,075 

0.000616 

-1319. 

-1252. 

-0.3226 




Sjtmmetm^l Edge Loads 2§7 

Table 8(b)— {Conctd^) 

(h) (Conclude) 


Shear Edoe Load Moment Edge Load 


/ k " 

w 

(7) 

V 

(8) 

9 

(9) 

w 

(10) 

V 

(11) 

8 

(12) 

f/7=0.6: 







30 

11.02 

3.979 

0.000510 

-3009. 

-1341. 

-0.2961 

35 

13.15 

5.790 

0.000555 

-2756. 

-1511. 

-0,2847 

40 

12.46 

6.714 

0.000519 

-2445. 

-1640. 

-0.2778 

45 

11.18 

7.265 

0.000486 

-2249. 

- 1823. 

-0.2782 

50 

10.21 

7.983 

0.000481 

-2110. 

- 2043. 

-0.2807 



2^ Pristressid Concreie Structures 

Table 9(a)— Edge Loads on Simply Supported Cylindrical Shell 


Tangential Edge Load 


Radial Edge Load 


(a) Formulas for n—l $ for 11=33 Substitute 


37:a_ ^ _ - TTX 

— luatcad off 


Longitudinal Force jVx— 
Tl X Col. (1) X sin 
Shearing Force .Ax^— 

Tl X Col. (2) X cos ^ 
Transverse Force ^— 

Tl X Col. (3) X sin ^ 


I Longitudinal Force — 

Rl X-^X Col. (5) xsin-^ 
Shearing Force JVx^— 

Rl X y X Col. (6) X cos-^ 
Transverse Force — 

Rl XyX Col. (7) xsin-^ 


Transverse Moment M ^— 


Transverse Moment M ^— 



Tl X 1 > 

< Col. (4) >; sin 

7t X 

1 

Rl X 

1 X Col. (8) X sin 

7t X 

~~T 





(6) n = 

1 








1 

1 

^ ! 

<■ ! 

1 

1 

1 

1 

< 



7 

s 

Nv 




Nx 


N* 


^TTP 

(I) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(8) 

r t 

/> 

0.002: 








3.2 

- 0.595 

-0.337 

-i 0,032 

+0.3010 

+0.0209 

+0.00594 

+0.00026 

-0.0039' 

1.6 

4 0.635 

+ 1.303 

-0.188 

-1.8271 

-0.0633 

-0.02668 

-0.00011 

+0.0313f 

0.8 

-10.323 

-1.441 

-0.434 

-2.1133 

+0.1676 

-0.00575 

40.01432 

+0.07662 

0.4 

- 2.658 

-3.637 

+ 0.285 

-0.5169 

+0.1105 

4 0.04052 

+0.00946 

+0.05128 

0.2 

4 11^37 

-3 132 

+ 0.754 

+0.0620 

-0.1123 

+ 0.04313 

+0.00356 +0.02703 

O.l 

4^23,039 

-1.990 

4-0.929 

+ 0,1309 

-0.3127 

+0.02938 

+0.00108 +0,01362 

0.0 

+37.430 

0 

+ 1.000 

0 

-0.5848 

0 

0 

0 





(*) (Continued) 


Table 9(a)—(C obW.) 


Tangential Edge Load Radial Edge Load 


s 

N» 

N,, 

N# 


Nx 


N* 


^rll‘ 

(I) 

(2) 

(3) 

(4) 

(5) 

(6) 

0) 

(8) 

r t 

yi ' 

0.003; 








3.2 

- 0.393 

-0.288 

+0.038 

+ 0.2387 

+0.0203 

4 0.00695 

4 0.00015 

-0.00432 

1.6 

+ 0.316 

+ 1.115 

-0,204 

-1.4220 

-0.0629 

-0.03104 

4 0.00041 

4 0.03275 

0.8 

- 8.063 

-1.331 

-0.405 

-1.5481 

4 0.1741 

- 0.00573 

+ 0.01B53 

^0*07012 

0.4 

- 1.920 

-3.205 

--0.305 

-0.3150 

+ 0.1214 

+ 0.04716 

i 0.01212 

-1-0.0.5225 

0.2 

4 9.454 

-2.742 

+ 0.762 

[0.1030 

-0.1185 

4 0.04990 

+ 0.00455 

+0.02758 

0.1 

18.230 

- 1.739 

-[0.931 

^ 0.1323 

-0.3269 

0.03395 

+ 0.00138 

4 0.01394 

0.0 

[-29.509 

0 

+ 1.000 

0 

-0.6104 

0 

0 

0 

Tt 

-= 

/• 

0.004: 








3.2 

- 0.278 

-0,254 

+ 0.042 

+ 0.2008 

+ 0.0196 

+ 0.00771 

-4 0.00000 

-0.00459 

1.6 

-f 0,142 

+0.991 

-0.215 

-1.1832 

-0.0618 

-0.03434 

1 0.00103 

+0,03355 

0.8 

- 6.733 

-1.259 

-0.381 

- 1.2254 

+ 0 1776 

-0.00550 

+0.02214 

+ 0.07856 

0.4 

- 1.500 

-2.923 

-f 0.321 

-0.2052 

4 0.1226 

1-0.05223 -1-0.01437 

4-0.05255 

0,2 

+ 8.039 

-2.488 

-f 0.769 

+ 0.1217 

-0.1224 

+ 0.05501 

+0.00539 

+ 0.02779 

O.l 

+ 15.393 

-1.575 

[0.933 

+ 0.1301 

-0.3353 

-1-0.03740 

+0.00163 

4 0.01407 

0.0 

+ 24.846 

0 

+ 1.000 

0 

-0.6254 

0 

0 

0 

■/« =' 

0.006; 








3.2 

- 0.153 

-0,209 

+ 0,047 

+ 0.1550 

+0.0179 

4-0.00877 

-0.00034 

-0.00493 

1.6 

- 0,103 

+0.827 

-0.230 

-0.9042 

-0.0591 

-0.03910 

+ 0.00239 

+ 0.03457 

0^ 

- 5.182 

-1.161 

-0.344 

-0.8634 

+ 0.1807 

-0.00480 +0.02822 

+0,07956 

a4 

- 1.030 

-2.556 

+0.347 

-0.0900 

+0.1227 

+0.05977 

+0.01810 

+0.05372 

0^ 

+ 6.371 

-2.158 

+0.778 

+0.1355 

-0.1270 

40.06253 

+0.00677 

+0.02870 

OJ 

+ 12.071 

-1.363 

+ 0.936 

+0.1232 

-0.3444 

+0.04246 

+0.00205 

+0,01463 

0.0 

+ 19.407 

0 

+ 1.000 

0 

-0.6412 

0 

0 

0 



m 


Pmtms44 CmcriU Struttures 


( h ) (Continued) 


Table 9(a)— ( Contd .) 


Tanoenttal Edge Load Radial Edge Load 


s 

N, 

Nx, 



Nk 





(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(8) 

-—-=0.008: 








3.2 

- 0.086 

-0.178 

4 0.050 

4 0.1271 

+0.0163 

H 0.00949 

-0.00072 

-0.00511 

1.6 

-- 0.131 

-I 0.719 

-0.240 

-0.7409 

-0.0562 

-0.04265 

+ 0.00383 

+ 0.03459 

0.8 

- 4.278 

- 1.094 

-0.313 

-0.6617 

+ 0.1813 

-0.00397 

1-0.03329 

+ 0.07719 

0.4 

- 0.770 

-2.316 

+ 0.367 

-0.0315 

+ 0.1217 

+ 0.06531 

+ 0.02116 

+ 0.05188 

0.2 

+ 5.382 

-1.945 

1 0.785 

4 0.1383 

-0.1293 

+ 0.06797 

+ 0.00791 

+0.0276B 

0.1 

-] 10.120 

-1,226 

i 0.938 

4-0.1163 

-0.3483 

+ 0.04611 

+ 0.00239 

+0.01411 

0.0 

-1-16.225 

0 

+ 1.000 

0 

-0.6479 

0 

0 

0 

7^=' 

0.010: 








3.2 

- 0,045 

-0.155 

+ 0.052 

4 0.1079 

4 0.0148 

4 0.00997 

-0.00111 

-0,00521 

1.6 

- 0.183 

4 0.640 

-0.246 

-0.6312 

-0.0534 

-0.04527 

+ 0.00527 

+ 0.03458 

0.8 

- 3.671 

-1.043 

-0.288 

-0.5322 

40.1807 

-0.00313 

+0.03767 

+0.07597 

0.4 

- 0.604 

-2.141 

-1-0.384 

+ 0.0026 

+0.1202 

+ 0.06960 

+0.02378 

+0.05126 

0.2 

+ 4.712 

-1.789 

+ 0.791 

+ 0.1370 

-0.1305 

+ 0.07215 

+ 0.00887 

+0.02748 

0.1 

4- 8.807 

-1,127 

+ 0,940 

+ 0.1100 

-0.3496 

4 0.04892 

+0.00268 

+0.01406 

0.0 

-} 14.089 

0 

+ 1.000 

0 

-0.6501 

0 

0 

0 

r t 

L -0.015: 








3.2 

-f 0.011 

-0.U5 

+0.055 

+0,0775 

+ 0.0117 

+0.01060 

-0,00205 

-0.00527 

1.6 

- 0.243 

+0.504 

-0.255 

-0,4648 

-0,0474 

-0,04966 

+0.00882 

+0.03405 

0.8 

- 2,753 

-0.952 

-0.236 

-0.3476 

+0,1769 

-0.00114 +0.04659 

+0.07280 

0.4 

- 0.371 

-1,845 

+0.416 

+ 0,0440 

+0,1159 

+0.07720 +0.02902 

+0.04970 

0,2 

-f 3.678 

-1.529 

+0.803 

+0.1287 

-0,1309 

+0.07946 +0.01080 

+0.02699 

< 0,1 

+ 6.801 

-0.961 

+0.943 

+0.0969 

-0,3472 

+0.0538S +0.00326 

+0,01393 

0.0 

-H0.843 

0 

+ 1.000 

0 

-0.6465 

0 

0 

0 


(i) (Continued) 


Edge Loads 

Table 9(a) — {Goittd.) 


»>1 


Tangential Edge Load Radial Edge Load 


r N* M* N, 

(1) (2) (3) (4) (5) (6) (7) (8) 


= 0 . 020 : 

3.2 H- 0.033 -0.080 

1.6 - 0.263 +0.415 

0.8 - 2.225 -0.888 

0.4 - 0.250 -1.652 
0.2 -i- 3.068 -1.361 
0.1 + 5.634 -0.854 
0.0 + 8.964 0 

=0.025: 

3.2 + 0.044 - 0.069 

1.6 - 0.268 +0,351 

0.8 - 1.875 -0.839 

0.4 - 0.177 -1.512 

0.2 + 2.656 -1.240 
0.1 + 4.853 -0.777 

0.0 + 7.714 0 

-^=0.030: 

3.2 -+ 0.050 - 0.054 
1.6 - 0.265 +0.301 
0.8 - 1.625 -0.798 
0.4 - 0.129 -1.403 
0.2 + 2.355 -1.147 
0.1 + 4.287 -0.719 
0.0 + 6.811 0 


^0.054 

+0.0594 

+ 0.0091 

-0.258 

-0.3689 

-0.0424 

-0.193 

-0.2500 

+ 0.1720 

4 0,440 

+ 0.0601 

+0.U17 

+ 0.812 

i 0.1192 

-0.1296 

f 0.946 

-1 0.0868 

-0.3426 

+ 1.000 

0 

-0.6374 


4 0.053 

-1 0.0472 

+0.0071 

-0.257 

-0.3054 

-0.0382 

-0.161 

-0.1901 

1 0.1667 

4 0.460 

+0.0668 

+ 0.1078 

+ 0.819 

+ 0.1104 

-0,1275 

+ 0.948 

+ 0 0787 

-0.3362 

+ 1.000 

0 

-0.6263 


+ 0.051 

-40.0383 

40.0034 

-0.254 

-0.2599 

-0.0346 

-0.131 

-0.1497 

40.1616 

+0.477 

40.0693 

40.1043 

+0.825 

+0.1028 

--0.1249 

+ 0.949 

40.0722 

-0.3292 

41.000 

0 

-0.6144 


4 0.01073 -0.00290 -0.00518 
-0.05224 +0.01217 1 0.03322 
-1-0.00061 ! 0.05358 +0.06986 
+ 0.08214 1 0.03306 1-0.04833 
4 0.08417 4 0.01230 fO.02659 
-10.05700 +0.00371 10.01384 
0 0 0 

-) 0.01060 - 0.00364 - 0.00502 
-0.05380 -• 0.01529 +0.03229 
1-0.00212 1-0.05928 +0.06722 
+ 0.08554 -4-0.03631 + 0.04747 
i 0.08738 +0.01350 i 0.02630 
+ 0.05918 1 0.00407 + 0.01380 
0 0 0 

+0.01031 -0.00428 - 0.00482 
-0.05470 +0.01818 0.03133 

1 0.00344 +0.06403 + 0.06485 
+ 0.08796 4 0.03900 +0.04617 
+ 0.08966 +O.01449 +0.02607 
+ 0.06074 +0.00437 + 0.01379 
0 0 0 




m 


Prestressid iJmicreie ^iructures 


TABtE 9{^)‘^(Cmid,) 

(&) (Continued) 


Tangential Edge Load Radial Edge Load 


(1) (2) (3) 

(4) 

N. 

(5) 

(6) 

N# 

(7) 

(8) 

-^=0.040: 






3.2 -1 0.053 -0.033 ^ 0.045 

4 0.0263 

40.0028 

+ 0.00947 

-0.00526 

-0.00434 

1.6 - 0.253 -fO.227 -0.246 

-0.1986 

-0.0209 

-0.05524 

+0.02329 

+0.02944 

0.8 - 1.286 -0.735 -0.081 

-0.1002 

+0.1516 

+0.00551 

+ 0.07145 

+ 0.06091 

0.4 - 0.072 ~ 1.241 i 0.505 

K 0.0682 

40.0980 

+ 0.09076 

+0.04319 

+0.04469 

0.2 -h 1.938 -1.010 +0.834 

+0.0895 

-0.1195 

4 0.09230 

+ 0.01605 

+ 0.02586 

0.1 ! 3,512 -0.632 4 0.952 

-[ 0.0618 

-0.3152 

1-0.06258 

1-0.00485 

+ 0.01389 

0.0 + 5.579 0 +1.000 

0 

-0.5904 

0 

0 

0 

0.060; 






3.2 + 0.047 -0.009 4'0.034 

+0.0135 

-0.0003 

+0.00747 

-0.00631 

-0.00356 

1.6 - 0.222 +0.137 -0.222 

-0.1313 

-0.0213 

-0.05387 

+0.03126 

+0.02620 

0.8 - 0.910 - 0.645 - 0.005 

-0,0531 

4-0.1343 

+ 0.00814 

+ 0.08098 

+ 0.05495 

0.4 - 0.023 -1.035 +0.545 

+ 0.0605 

40.0881 

+ 0.09213 

4 0.04853 

+0.04274 

0.2 + 1.456 -0.838 +0.848 

+ 0.0708 

-0.1084 

+ 0.09368 

+0.01807 

+ 0.02586 

0.1 i 2.629 -0.524 +0.956 

4 0,0480 

-0,2886 

+ 0.06370 

+ 0,00547 

+ 0.01425 

0.0 + 4.187 0 +1.000 

0 

-0.5452 

0 

0 

0 

Ij- ==0.080: 






3.2 + 0.039 4-0.002 -h 0.023 

+0.0072 

-0.0018 

+0.00559 

-0.00651 

-0.00285 

1.6 - 0.195 + 0.083 -0.196 

-0.0951 

-0.0166 

-0.05117 

+0.03683 

+0.02346 

0.8 - 0.705 - 0.581 +0.052 

^0.0320 

+0,1199 

+0.00946 

+ 0.08620 

+0.05066 

0.4 - 0.005 -0.904 + 0.574 

+ 0.0523 

+0.0801 

+0.09073 

+0.05150 

+0.04162 

0.2 + 1.179 - 0.730 +0.857 

+0,0582 

-0.0980 

+0.09256 

+0.01923 

+0.02615 

0.1 + 2.130 -0.458 +0.959 

+0.0391 

-0.2648 

+0.06315 

+0.00583 

+0.01471 

0.0 + 3.407 0 +U000 

0 

-0.5051 

0 

0 

0 






Edgi Loads 



m 

[b) (Conclude) 


Table 9(a)— 

{Concld) 





Tangential Edge Load 


Radial Edge Load 


s 

N* 


N, 




N* 


i/THi 

(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(8) 

r t 

T 

0.100: 








3.2 

-i- 0.032 

4-0.008 

i-o.oij 

4-0.0038 

-0.0026 

[-0.00400 

-0.00620 - 

0.00229 

1.6 

- 0.171 

4'0.048 

-0.171 

-0.0728 

-0.0135 

-0.04807 

i-0.04061 4 

0.02U7 

0.8 

- 0.576 

-0,533 

[-0,097 

-0.0210 

i-0.1078 

4-0.00995 

1-0.08883 4“ 

0.04740 

0.4 

~1 0.002 

-0.811 

f 0.595 

-0.0454 

f0.0747 

4-0.08805 

{-0 05308 j 

0.04(^J3 

0.2 

-f 0.997 

-0.655 

[0.865 

4-0.0490 

-0.0886 

-{-0.09028 

{-0.01989 4- 

0.02656 

0.1 

i 1.807 

-0.411 

4-0.961 

4-0.0328 

-0.2437 

f 0.06183 

4-0.00605 4 

0.01520 

0.0 

-1- 2.903 

0 

4-1.000 

0 

-0.4697 

0 

0 

0 
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Table 9(b) 


Tangential Edge Load 


Radial Edge Load 


[c) 11=3 




Nx 

Ratio 

(1) 

N,, 

(2l 

(3) 

(4) 

N, 

(5) 

(6) 

(7) 

(8) 

-^^0,002: 








1.6 -h 0.285 

-0.025 

1-0.090 

+ 0.0576 

-0.0034 

+ 0.00384 

-0 00282 

-0.00287 

0,8 - 0.902 

-1 0.307 

-0.353 

-0.4678 

-0.0010 

-0.01922 

4 0.00817 

+ 0.01637 

0.4 - 2.287 

-1.204 

-0,080 

-0.1920 

+ 0.0635 

+ 0.00753 

+ 0.01653 

+ 0.02281 

0.2 + 0.448 

-1.717 

-1-0,538 

1-0.0868 

+0.0227 

+ 0.02868 

+ 0.00880 

+0.01449 

0.1 r 3.947 

-1.310 

4 0.851 

+ 0.1194 

-0.0602 

+ 0.02591 

i-0.00309 

+ 0.00779 

0.0 4 9.616 

0 

+ 1.000 

0 

-0.2138 

0 

0 

0 

-^=0.003: 








1.6 4 0.221 

+0.009 

-i 0.071 

+ 0.0296 

-0.0042 

+ 0.00318 

-0,00328 

-0.00243 

0.8 - 0.730 

1 0.195 

-0.331 

-0.3235 

+0.0006 

-0.01901 

+ 0.01074 

+0.01530 

0.4 - 1.664 

-1.058 

-0.020 

-0.1060 

+ 0.0600 

+ 0.00878 

+ 0,01978 

+ 0.02138 

0.2 -t 0.399 

-1-458 

-0.567 

+ 0.0889 

+ 0.0211 

+ 0.03082 

+ 0.01044 

+0.01395 

0.1 4 3.028 

-1.106 

! 0.861 

+ 0.1027 

-0.0583 

+ 0.02775 

+ 0.00366 

+ 0.00767 

0.0 4 7.321 

0 

f 1.000 

0 

-0.2072 

0 

0 

0 

-^-=0.004: 








1.6 4 0.177 

+0.026 

+0.055 

+ 0.0155 

-0.0046 

+ 0.00252 

-0.00351 

-0.00206 

0.8 - 0.619 

+0.126 

-0.308 

-0.2442 

+0.0016 

-0.01982 

+0.01281 

+0.01433 

0.4 - 1.314 

-0.959 

+ 0.026 

-0.0647 

+0.0566 

+0.00958 

+0.02211 

+ 0.02024 

0.2 4 0.358 

-1,290 

+0.590 

+0.0843 

+ 0.0198 

+0,03193 

+0.0il62 

+0.01357 

0.1 4 2.492 

-0.975 

+0.868 

+0.0899 

-0.0561 

+0.02872 

+0,00408 

+0.00762 

0.0 + 6.005 

0 

+ 1.000 

0 

-0,2000 

0 

0 

0 
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Tangential Edge Load Radial Edge Load 


Nx 




Nx 



M, 

Ratio 

(i) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(8) 


^^= 0 . 006 : 


1.6 

+0.122 

f-0.041 

0.031 

+ 0.0025 

-0.0047 

+0.00138 

-0,00353 

-0,00150 

0.8 

-0.478 

+ 0.045 

-0,265 

-0.1588 

! 0.0026 

-0.00913 

+ 0.01586 

+ 0.01271 

0.4 

-0.929 

-0.825 

1-0.096 

-0.0271 

+ 0.0507 

+ 0.01044 

-0.02518 

+ 0.01853 

0.2 

T 0.296 

-1.076 

+ 0.622 

+0.0726 

+ 0.0180 

+ 0.03269 

-0.01317 +0.01309 

0.1 

+ 1.875 

-0.810 

+ 0.879 

+0.0716 

-0.0515 

+ 0.02942 

+0.00463 

+ 0.00763 

0.0 

+ 4.514 

0 

+ 1.000 

0 

-0.1861 

0 

0 

0 

r t 

- 

0,008: 








1.6 

+ 0.088 

+0.044 

r. 0.014 

-0.0028 

-0.0045 

+ 0.00050 

-0.00324 

-O.OOlll 

08 

-0.390 

-0.001 

-0.226 

-0.1141 

+0.0030 

-0.01011 

+0.01791 

+0.01142 

0.4 

-0.719 

-0.736 

+0.148 

-0.0116 

+ 0.0458 

+ 0.01070 

+0.02698 

+ 0.01731 

0.2 

+ 0.252 

-0.940 

+ 0.646 

+ 0.0623 

+0.0167 

-h 0.03247 

+0.01409 

+ 0.01284 

0.1 

+ 1.520 

-0.707 

+ 0,886 

4-0.0591 

-0.0473 

+0.02930 

+0.00496 

+0.00773 

0.0 

+ 3.674 

0 

+ 1.000 

0 

-0.1735 

0 

0 

0 

T t 

0.010: 








1.6 

+ 0.066 

+0.044 

+0.002 

-0.0050 

-0.0042 

-0.00015 

-0.00282 

-0.00083 

0.8 

-0.329 

-0.030 

-0.191 

-0.0869 

+0.0030 

-0.01702 

+0 01925 

+ 0.01037 

0.4 

-0.588 

-0.669 

+0.189 

-0.0042 

+0.0416 

+0.01064 

+0.02798 

+0-01639 

0.2 

+0.218 

-0.844 

+0.663 

+0.0539 

+0.0157 

+0,03177 

+0.01463 

+0.01271 

O.l 

+ 1J288 

-0.635 

+0.892 

+0.0501 

-0.0434 

+0.02880 

+0.00516 +0.007$6 

0.0 

+3.131 

0 

^1.000 

0 

-0.1623 

0 

0 

0 
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(c) (Continued) 


Tangential Edge Load 


Radial Edge Load 


Ratio 


N, 

N., 


M, 

Nx 

Nx# 

N# 

M# 

(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(81 




1.6 

+ 0.034 

4 0.035 

0.8 

-0.236 

-0.067 

0.4 

-0.409 

-0.558 

0,2 

+ 0.160 

-0.692 

0.1 

+ 0.948 

-0.523 

0.0 

+ 2.351 

0 

r 1 

/* “■ 

0,020: 


1.6 

+0.019 

+0.026 

0-8 

-0.183 

-0.081 

0.4 

-0.320 

-0.489 

0.2 

+ 0.123 

-0.604 

0.1 

+0.763 

-0.459 

0.0 

+ 1.939 

0 

f t 

/a 

0.025; 


1.6 

+0.011 

+0.019 

0.8 

-0.150 

-0.086 

0 4 

-0.269 

-0.441 

0.2 

+0.096 

-0.547 

O.l 

+0.649 

-0.419 

0.0 

4-1.690 

0 


-0.014 

-0.0060 

-0 0034 

-0.121 

-0.0512 

+0.0026 

4 0.261 

4 0.0022 

1-0.0337 

+ 0.694 

1 0.0393 

+0.0141 

+ 0.901 

+ 0.0358 

-0-0354 

+ 1.000 

0 

-0.1390 


-0.018 -0.0053 

-0.0027 

-0.070 -0.0346 

+0.0019 

-h 0.306 -1 0.0033 

+ 0.0280 

4 0.7ll -i-0.0302 

+0.0130 

+ 0.906 +0.0274 

-0.0291 

+ 1.000 0 

-0.1209 


-0.010 

-0.0044 

-0.0021 

-0.033 

-0.0254 

0.0013 

+ 0.336 

+0.0031 

+0.0237 

-hO.722 

+ 0.0241 

+ 0.0122 

+ 0.909 

f 0.0221 

-0.0243 

+ 1,000 

0 

-0.1065 


-0.00107 -0.00166 -0.00040 
-0 01450 -f 0.02065 +0.00844 
+ 0.00979 +0.02859 +0.01481 
+ 0.02924 ! 0.01506 +0.01262 
+0.02686 +0.00536 +0.00824 
0 0 0 


-0.00140 -0.00071 -0.00019 
-0.01244 +0.02045 +0,00713 
1 0.00858 +0.02703 | 0.01380 
+0.02646 +0.01483 +0.01265 
+ 0.02469 +0.00533 +0.00860 
0 0 0 


-0.00146 -0.00006 - 0.00008 
-0.01080 +0.01948 +0.00619 
+0.00736 +0.02650 +0.01307 
+0.02384 + 0.01433 + 0,01273 
+0.02262 +0-00520 + 0.00892 
0 0 0 


(c) (Continued) 


Edgi Loads 

Table 9(b)— (Contd.) 


m 


Tangential Edge Load 



Radial Edge Load 

Nx 


Ny 

Nx, N, M, 

Ratio 

(1) (2) (3) 

(4) 

(5) 

(6) (7) (8) 


j/- =0.030: 


1.6 

4 0.007 

4 0.014 

-0.016 

-0.0037 

-0.0017 

-0.00139 

+0,00035 

-0.00002 

0.8 

-0.127 

-0.086 

-0.006 

-0-0197 

+0,0009 

-0.00949 

+0.01820 

+ 0.00548 

0-4 

-0.236 

-0.406 

4 0.354 

i 0.0025 

+0.0203 

+ 0.00624 

+0.02497 

+ 0.01251 

0.2 

-f0.076 

-0.508 

' 0.728 

< 0.0199 

+ 0.0115 

+ 0.02149 

+0.01370 

+0.01200 

0.1 

1-0.571 

-0.392 

-1 0.911 

4 0.0184 

-0 0204 

+ 0.02074 

+ 0.00502 

+ 0.00920 

0.0 

-f 1.527 

0 

+ 1.000 

0 

-0.0948 

0 

0 

0 

r t 

- 

0.040: 








1.6 

-f 0.002 

-^0.008 

-0.011 

-0.0025 

-0.0011 

-0.00114 

+ 0.00069 

+0. 00003 

0.8 

-0.099 

-0.084 

4 0.027 

-0.0134 

+ 0.0001 

-0.00756 

4-0.01547 

+0.00448 

0.4 

-0.198 

-0.361 

+ 0.373 

4-0.0013 

4 0.0155 

1 0.00439 

+0,02195 

+0.01167 

0.2 

4 0.053 

-0.461 

+0.732 

4-0.0142 

+0.0104 

+ 0.01764 

+ 0.01241 

+0.01292 

0.1 

4 0.483 

-0.362 

+ 0.911 

+ 0.0135 

-0.0148 

+ 0.01761 

+ 0.00462 

4 0.00965 

0.0 

4*1.351 

0 

+ 1.000 

0 

-0.0771 

0 

0 

0 

f f 

1^ 

:0.060: 








1.6 

-0.000 

+ 0.002 

-0.005 

-0.0013 

-0.0006 

-0.00069 

+0.00066 

+0,00005 

0.8 

-0.071 

-0.072 

4 0.052 

-0.0079 

-0.0005 

-0.00521 

+0.01099 

+0.00330 

0.4 

-0.168 

-0,309 

+ 0.375 

+ 0.0001 

+ 0.0100 

4 0.00207 

+0.01705 

+0.01054 

0.2 

4-0.012 

-0.415 

+0.725 

+0.0091 

+0.0086 

+0.01245 

+0.01024 

+0.01303 

0.1 

4-0.375 

-0.337 

+0.907 

+0.0092 

-0,0085 

+0.01326 +0.00394 

+0.01027 

0.0 

4-1.165 

0 

+ LOOO 

0 

-0.0554 

0 

0 

0 
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Table 9(b)— {Concld.) 

(c) (Conclude) 


Tanoentul Edge Load Radial Edge Load 




N# 


Nx 


Nx 


Ratio 







(1) 

(2) 

(3) 

(4) 

(5) 

(6) 

(7) 

(8) 

~ =0.080: 








1.6 -0.001 

+ 0.001 

-0.002 

-0.0008 

-0.0003 

-0,00043 

+0.00047 

+ 0.00004 

0.8 -0.056 

-0.062 

+0.056 

-0.0053 

-0.0007 

-0 00387 

+ 0.00803 

+ 0.00263 

0.4 -0.155 

-0.280 

+0.362 

-0.0005 

f 0.0070 

+0.00084 

1-0.01368 

+ 0.00975 

0.2 -0.012 

-0.396 

+0.712 

+0.0065 

+ 0.0073 

+0.00933 

+ 0.00865 

+0.01305 

0.1 -hO.323 

-0.331 

+0.901 

+ 0.0069 

-0.0052 

+0.01054 

+ 0.00342 

I-0.Q1069 

0.0 +1.097 

0 

+ 1.000 

0 

-0.0428 

0 

0 

0 

■^—-=0.100; 








1.6 -0.001 

-0.000 

-0.000 

-0.0005 

-0.0002 

-0.00028 

+0 00033 

+ 0.00003 

0.8 -0.047 

-0.054 

+0.053 

-0.0042 

-0.0007 

-0.00300 

+ 0.00609 

+ 0 00219 

0.4 -0.146 

-0.260 

+0.346 

-0.0009 

+0.0052 

+0.00017 

+ 0.01131 

+ 0.00913 

0.2 -0.029 

-0.385 

+0.698 

+ 0.0050 

+0.0063 

+ 0.00730 

+0.00750 

+0.01302 

O.l +0.209 

-0.330 

+0.895 

+0,0056 

-0.0033 

+0.00070 

+0.00303 

+ 0.01100 

0.0 +1.064 

0 

+ 1.000 

0 

-0.0348 

0 

0 

0 



Edge Loads jJOg 

Table 9(c)—Edge Loads on Simply Supported Cyundrioal Shell 


Shear Edge Load 


Moment Edge Load 


(a) Basic Formulas for n==l; for 0=^3 Substitute 


3 Tt X 


Instead id 


7t a 

1 


Longitudinal Force jVx— 

Sl X Col. (9) X sin 
Shearing Force J\fx ^— 

Sl X Col. (10) X cos ~ 
Transverse Force M 4 — 

Sl X Col. (11) X sin 
Transverse Moment — 

3Z X 

Sl X / X Col. (12) X sin.. 


Longitudinal Force — 
MlX-|-X Col. (13) X sin ™ 
Shearing Force N^ 4 — 

Mlx —X Col. (14) X cos 

t I 

Transverse Force N 4 — 

MLXy X Col. (15) X sin -p 
Transverse Moment M 4 — 
Mlx Col. (16) X sin 


(f>) n»=l 



*/ 7 n (9) (loj (11) (12) (13) (14) (15) (16) 


-^ = 0.002: 

3.2 - 0.012 - 0.039 + 0.0084 + 0.0419 + 0.1022 + 0.0127 + 0.00503 - 0.001 

1.6 - 0.204 + 0.123 - 0.0368 - 0.2418 - 0.3372 - 0.0526 - 0.02517 + 0.075 

0.8 - 0.788 - 0.260 - 0.0180 - 0,1408 + 0.4747 - 0.0790 + 0,02973 + 0.534 

0.4 + 1.580 - 0.230 - 0.0607 + 0.0162 + 0.6238 + 0.0956 + 0.02863 + 0.761 

0.2 + 4.371 + 0.150 + 0,0701 + 0.0348 - 0.1552 + 0.1370 + 0.01205 + 0.872 

0.1 + 6.321 + 0.503 + 0.0491 + 0.0222 - 0.9661 + 0.1017 + 0.00382 + 0.932 

0.0 + 8.706 + 1.000 0 0 1 — 2.1686 0 0 + 1.000 
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Table %c)^{Conid.) 

(6) (Continued) 


Shear Edge Load MoMErrr Edge Load 


, N. 

i/Tii' ( 9 ) 

N., N, 

(10) (11) 

(12) 

N, 

(13) 

(14) 

N, 

(15) 

(16) 

-=0.003: 







3.2 f 0.000 

-0.036 n-0.0008 

+ 0.0360 

r 0.0904 

+ 0.0132 

1-0.00529 

-0.002 

1.6 -0.205 

+0.113 -0.0421 

-0.2075 

-0.3010 

-0.0517 

-0.02790 

+ 0.066 

0.8 -0.665 

-0.261 -0,0160 

-0.1067 

+ 0.4217 

-0.0796 

+0.03239 

+ 0.493 

0.4 +1.451 

-0.219 (-0.0697 

; 0.0260 

+0.5681 

+ 0.0942 

+0.03157 

+ 0.728 

0.2 +3.919 

+ 0.161 +0.0785 

-1-0.0369 

-0.1315 

+ 0.1367 

+ 0.01334 

+0.852 

0.1 +5.642 

+ 0,510 +0.0546 

(0.0227 

-0.8691 

40.1019 

+ 0.00424 

+0.922 

U.O ; 7.750 

-1 1.000 0 

0 

-1.9706 

0 

0 

+ 1.000 

=0.004: 







3.2 +0.008 

-0.033 +0.0108 

+ 0.0320 

+0.0817 

f 0.0134 

+0.00539 

-0.002 

1,6 -0.205 

+ 0.106 -0.0461 

-0.1849 

-0.2743 

-0.0502 

-0.02974 

+0.060 

0.8 -0.585 

-0.262 -0.0136 

-0.0851 

+0.3819 

-0.0794 

+ 0.03386 

(-0.462 

0.4 +1.366 

-0.208 +0.0771 

+0.0318 

+ 0.5264 

4 0.0918 

+ 0.03339 

+ 0.702 

0.2 +3.624 

+0.169 +0.0851 

+0.0378 

-0.1135 

+0.1348 

+0.01418 

+ 0.837 

0.1 ^5.200 

+0.515 +0.0589 

+ 0.0227 

-0.7959 

+ 0.1008 

+0.00452 

+ 0.913 

0,0 +7.129 

+ 1.000 0 

0 

-1.8212 

0 

0 

+ 1.000 

^=0.006; 







3.2 +0.017 

-0.029 +0.0122 

+0-0265 

+0.0692 

+0.0134 

+0.00536 

-0,002 

1.6 -0.202 

+0.094 - 0.0522 

-0.1554 

-0.2359 

-0.0467 

-0.03216 

+0.050 

0.8 -0.481 

-0.263 -0.0089 

-0,0585 

+0.3234 

-0.0780 

+0.03503 

+0,417 

0.4 +1.253 

-0.197 +0.089g 

+ 0.0380 

+0.4651 

+0.0860 

+0.03538 

+0.664 

0.2 +3.240 

+0 182 + 0.0955 

+0.0382 

-0.0872 

+0.1294 

+0.01514 

+0,814 

0.1 +4.628 

+0.523 +0.0655 

+0.0224 

-0.6882 

+0.0975 

+0.00464 

+0.901 

0.0 +6.328 

+ 1.000 0 

0 

-1.6010 

0 

0 

+ 1.000 





(b) (Continued) 
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Shbar Edge Load Moment Edge Load 


J 

Nx 



Nx 

Nx, 

N, 



( 9 ) 

(10) 

( 11 ) ( 12 ) 

( 13 ) 

(14) 

(15) 

(16) 

T t 

“■ 

0.008: 







3.2 

+0.022 

-0.025 

f0.0132 +0.0227 

+0.0605 

40.0132 

-1-0.00522 

-0.002 

1.6 

-0.199 

+ 0.084 

-0.0567 -0.1360 

-0.2087 

-0.0432 

- 0.03372 

+ 0.043 

0.8 

-0.414 

-0.2G3 

-0.0042 -0.0422 

1-0.2814 

-0.0763 

f-0.03497 

+ 0.385 

0.4 

f 1.177 

-0.187 

-1 0.0988 +0.0410 

1-0.4211 

+ 0.0803 

+ 0.03618 

+ 0.637 

0.2 

+ 2.990 

40.191 

+ 0.1036 +0.0379 

—0.0676 

+ 0.1235 

i 0.01561 

40.796 

0.1 

+ 4.256 

+ 0.530 

+0.0707 +0.0218 

-0.6093 

+ 0.0937 

40.00501 

1-0.892 

0.0 

+ 5.810 

+ 1.000 

0 0 

-1.4397 

0 

0 

+ 1.000 

r t ^ 

0.010: 







3.2 

+ 0.026 

-0.022 

+ 0.0138 f 0.0199 

+ 0.0539 

+ 0.0128 

^0.00503 

-0.002 

l.G 

-0.196 

f 0.076 

-0.0601 -0.1218 

-0.1880 

-0.0399 

-0.03485 

+ 0.038 

0.8 

-0.365 

-0.262 

+ 0.0004 -0.0312 

! 0.2487 

-0.0746 

, 0.03426 

+ 0.359 

0.4 

+ 1.121 

-0.178 

+0.1071 +0.0425 

+ 0.3866 

H-0.0748 

+ 0.03637 

-+0.614 

0.2 

+ 2.807 

+ 0.199 

+ 0.1105 +0.0372 

-0.0524 

+ 0.1178 

40.01581 

+ 0.783 

0.1 

+ 3.986 

+ 0.534 

H 0.0750 H 0.0212 

-0.5477 

+0.0899 

+ 0.00509 

+ 0.B84 

0.0 

+ 5.435 

+ 1.000 

0 0 

-1.3134 

0 

0 

+ 1.000 

-^-=0.015: 







3.2 

+ 0,030 

-0.016 

+0.0146 -t 0.0149 

+ 0.0425 

+0.0119 

+ 0.00455 

-0.002 

1.6 

-0.187 

+ 0.059 

-0.0657 -0.0980 

-0.1518 

-0,0325 

-0,03674 

+ 0.028 

0.8 

-0.284 

-0.260 

+ 0.0112 -0.0145 

+ 0.1904 

-0.0708 

+0.03121 

+ 0.313 

0.4 

+ 1.023 

-ai60 

+ 0.1242 + 0,0435 

+ 0.3249 

4 0.0626 

+0.03557 

+0.573 

0.2 

+ 2,498 

+ 0.214 

+0.1242 +0.0352 

-0.0252 

+ 0.1047 

+ 0.01574 

+0.757 

O.l 

+ 3.S33 

+ 0.544 

+0.0836 4 0.0197 

-0.4365 

+0.0811 

+0.00511 

+0.869 

0.0 

+ 4 .eu 

+ 1.000 

0 0 

-1.0849 

0 

0 

+ L 000 
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Prestressed Concrete Structures 
Table 9(c)— {Conid,) 


{b) (Ccmtinucd) 


Shear Edge Load Moment Edge Load 


i/'rt’P- 

N, 

(9) 

(10) 

(11) 

(12) 

Nx 

(13) 

(14) 

(15) 

(16) 

™-=0.020: 








3.2 

H-0.031 

-0.011 

+ 0.0147 

+0.0116 

+0.0352 

+ 0.0111 

+ 0.00412 

-0.002 

1.6 

-0.178 

1 0.047 

-0.0689 

-0.0825 

-0.1279 

-0.02 64 

-0.03805 

+0.022 

0,8 

-0.233 

-0.257 

+ 0.0212 

-0.0052 

+ 0.15»0 

-0.0676 

1-0.0274I 

+0.281 

0,4 

i 0.957 

-0.146 

+ 0.1381 

+ 0.0428 

] 0.2824 

+ 0.0523 

+0.03331 

+ 0.544 

0.2 

+2.297 

-f-0.225 

+0.1350 

+0.0331 

-0.0068 

+0.0934 

+ 0.01527 

+ 0.738 

0.1 

+ 3.241 

+ 0.550 

+ 0.0902 

+ 0.0183 

-0.3599 

+ 0.0735 

+ 0.00500 

+0.859 

0.0 

-1 4.410 

+ 1.000 

0 

0 

-0.9265 

0 

0 

+ 1,000 

r i 

0.025: 








3.2 

+ 0.031 

-0.008 

+ 0.0143 

+ 0.0092 

+ 0.0301 

+ 0.0103 

+ 0.00376 

-0.001 

1.6 

-0.170 

+ 0.036 

-0.0705 

-0.0715 

-0.1107 

-0.0213 

-0.03912 

+ 0.017 

0.8 

-0.197 

-0.253 

1 0.0305 

+ 0.0005 

+ 0.1221 

-0.0649 

+ 0.02345 

+ 0.257 

0.4 

i 0.906 

-0.135 

! 0.1499 

-j 0.0416 

-1 0.2507 

-I 0.0436 

+0.03181 

+ 0.521 

0.2 

-1-2,150 

H 0.234 

-0.1440 

+ 0.0312 

-1-0.0067 

+ 0.0830 

+ 0.01466 

+ 0.723 

0.1 

+ 3.029 

+ 0.556 

+ 0.0958 

+ 0.0170 

-0.3028 

+ 0.0670 

+ 0,00484 

+ 0.850 

0.0 

+ 4.123 

+ 1.000 

0 

0 

-0.8076 

0 

0 

+ 1.000 

r t ^ 

Ji 

0.030: 








3.2 

+0.030 

-0.005 

+ 0.0137 

4 0.0073 

+ 0.0263 

+ 0.0096 

+0.00345 

-0.001 

1.6 

-0.163 

+ 0.028 

-0.0712 

-0.0630 

-0.0976 

-0.0170 

-0.04002 

+ 0.013 

0.8 

-0.169 

-0,250 

+ 0.0392 

1 0.0044 

+ 0.0998 

-0.0627 

+ 0.01962 

+0.237 

0.4 

+0.866 

-0.125 

+0.1604 

+0.0402 

+0.2259 

+ 0.0360 

+ 0.02977 

+0.502 

0.2 

+2.035 

+ 0.242 

+0.1518 

+0.0294 

+0.0171 

+ 0.0754 

+ 0.01401 

+0.710 

0.1 

+2.866 

+ 0.560 

+ 0.1005 

+ 0.0159 

-0.2581 

+0.0613 

+0.00467 

+ 0.843 

0.0 

1 3,902 

+ 1.000 

0 

0 

-0.7141 

0 

0 

+ 1.000 



{b) ( Coatinucd ) 


Edge Loads 

Table 9 { c )-^( Cob / J .) 
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Shear £doe Load Moment Edge Load 


5 

Nx 

N., 

N# 


N* 




^riJ^ 

( 9 ) 

( 10 ) 

( 11 ) 

( 12 ) 

( 13 ) 

( 14 ) 

( 15 ) 

( 16 ) 

Ii_=l 

/» 

0 . 040 ; 








3.2 

f 0.028 

+ 0.000 

+ 0.0120 

+ 0.0047 

+ 0.0210 

+ 0.0085 

+ 0.00297 

- 0.000 

1.6 

- 0.150 

+ 0.014 

- 0.0704 

- 0.0507 

- 0.0787 

- 0.0100 

- 0.04169 

+ 0.008 

0.8 

- 0.131 

- 0.242 

+ 0.0550 

! 0.0088 

40.0678 

- 0.0589 

+ 0.01218 

+ 0.208 

0.4 

+ 0.804 

- 0.109 

+ 0.1781 

+ 0.0372 

I - O . 1 B 07 

+ 0.0238 

H - 0.02556 

+ 0.473 

0.2 

+ 1.866 

+ 0.253 

+ 0.1648 

+ 0.0263 

4 0.0315 

+ 0.0615 

+ 0.01258 

+ 0.690 

0.1 

+ 2.625 

+ 0.567 

+ 0.1085 

+ 0.0140 

- 0.1925 

+ 0.0517 

I 0.00426 

+ 0.831 

0.0 

+ 3.580 

+ 1.000 

0 

0 

- 0.5749 

0 

0 

+ 1.000 

7?“—* 

0 . 060 ; 








3.2 

+ 0.023 

+ 0.005 

+ 0.0081 

+ 0.0017 

+ 0.0151 

+ 0.0070 

+ 0,00225 

- O.OOl 

1.6 

- 0.130 

- 0.005 

- 0.0646 

- 0.0359 

- 0.0563 

- 0,0007 

- 0.04437 

4 0.001 

O.B 

- 0.085 

- 0.230 

4 0.0822 

+ 0.0122 

4 0.0302 

- 0.0533 

- 0.00023 

+ 0.170 

0.4 

+ 0.718 

- 0.086 

+ 0.2059 

+ 0.0319 

+ 0.1416 

+ 0.0065 

+ 0.01821 

+ 0.431 

0.2 

+ 1.647 

+ 0.269 

+ 0.1850 

+ 0,0216 

+ 0.0474 

+ 0.0415 

+ 0.01001 

+ 0,661 

0.1 

+ 2.321 

+ 0.575 

+ 0.1207 

+ 0.0112 

- 0.1122 

+ 0.0378 

+ 0.00352 

+ 0.014 

0,0 

+ 3.179 

+ 1.000 

0 

0 

- 0.4003 

0 

0 

+ 1.000 

r t 

1 * “ 

0 . 080 : 








3.2 

+ 0.018 

+ 0.008 

+ 0.0044 

+ 0.0002 

+ 0.0118 

+ 0.0061 

+ 0.00166 

- 0.000 

1.6 

- 0.114 

- 0.018 

- 0.0564 

- 0.0271 

- 0.0433 

+ 0.0050 

- 0.04634 

- 0.002 

0.8 

- 0.060 

- 0.218 

+ 0.1045 

+ 0.0128 

+ 0.0100 

- 0.0491 

- 0.00982 

+ 0.146 

0.4 

+ 0.659 

- 0.071 

+ 0.2273 

+ 0.0277 

+ 0.1128 

- 0.0047 

+ 0.01226 

+ 0,402 

0.2 

+ 1.506 

+ 0.278 

+ 0.2004 

+ 0.0182 

+ 0.0549 

+ 0.0280 

+ 0.00787 

+ 0.639 

0.1 

+ 2.130 

+ 0.580 

+ 0.1301 

+ 0.0093 

- 0.0654 

+ 0.0283 

+ 0.00289 

+ 0.801 

0,0 

+ 2.931 

+ 1.000 

0 

0 

- 0.2949 

0 

0 

+ 1.000 
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( 6 ) ( Conclude ) 


Table 9(c)— {Concld,) 


Shear Edge Load Moment Edge Load 


5 

N .. 

(9) 

( 10 ) 

( 11 ) 

( 12 ) 

Nx 

( 13 ) 

Nx , 

( 14 ) 

N* 

( 15 ) 

( 16 ) 

'j-=0,100: 








3.2 

- I - 0.015 

+ 0.009 

h 0.0014 

- 0.0006 

+ 0.0097 

+ 0.0056 

+ 0.00110 

- 0.000 

1.6 

- 0.102 

- 0.026 

- 0.0474 

- 0.0214 

- 0.0347 

HO 0086 

- 0.04764 

- 0.004 

0.8 

- 0.045 

- 0.209 

i 0.1231 

1 0.0126 

- 0.0027 

- 0.0456 

- 0.01715 

+ 0.128 

0.4 

- fO .614 

- 0.059 

i 0.2446 

+ 0.0243 

' r 0.0922 

- 0.0123 

f 0.00751 

4 0.380 

0.2 

+ 1.406 

+ 0.285 

[- 0.2129 

[- 0.0156 

f 0.0578 

- H 0.0183 

1 - 0.00611 

+ 0.622 

0.1 

+ 1.995 

1 0.503 

1 0.1378 

+ 0.0078 

- 0.0360 

[- 0.0213 

f 0.00237 

h 0.790 

0.0 

+ 2.760 

r 1.000 

0 

0 

- 0.2250 

0 

0 

+ 1.000 




Edge Loads 

Table 9 ( d ) 


3i^ 


Shear Edge Load 


Moment Edge Load 


(c) n=x3 



'■^= 0 . 002 : 


1.6 

+ 0.082 

-[- 0.015 

f 0.0153 

-f- 0.0020 

+ 0.0364 

+ 0.0312 

- 0.00623 

- 0.014 

0,8 

- 0.309 

- 0.009 

- 0.0737 

- 0.0861 

- 0.1255 

- 0.0620 

- 0.02633 

4 0.069 

0.4 

- 0.069 

- 0.278 

1 0.0506 

+ 0.0107 

1 0.2392 

- 0.0438 

I 0.03600 

4 0.352 

0.2 

+ 1.288 

- 0.082 

+ 0.1401 

! 0.0436 

4 0,2567 

! 0.0734 

4 - 0.03054 

+ 0.601 

O.l 

+ 2.610 

+ 0.298 

4 0.1229 

+ 0.0304 

- 0.0956 

+ 0.0961 

4 0.01249 

+ 0.775 

0.0 

+ 4.553 

+ 1.000 

0 

0 

- 0.9839 

0 

0 

+ 1.000 

r t 

f - 

0 . 003 : 








1.6 

4 0.066 

4 - 0.020 

+ 0.0111 

- 0.0019 

4 0.0287 

1 0.0267 

- 0.00637 

- 0.011 

0.8 

- 0.267 

- 0,027 

- 0.0723 

- 0.0638 

- 0.1024 

- 0 . 01-86 

- 0.03020 

4 - 0.05 

0.4 

- 0.024 

- 0.267 

+ 0.0697 

; 0.0174 

40,1734 

- 0.0444 

40.02937 

4 - 0.306 

0.2 

+ 1.157 

- 0.061 

4 0.1609 

4 - 0.0406 

40.2128 

4 - 0.0560 

40.02767 

+ 0.562 

0.1 

+ 2.312 

+ 0.313 

+ 0.1378 

+ 0.0272 

- 0.0527 

4 0.0796 

4 0.01165 

4 - 0,750 

0.0 

+ 4.028 

f 1.000 

0 

0 

- 0.7678 

0 

0 

+ 1.000 

r t 

P 

= 0 . 004 ; 








1.6 

+ 0.054 

+ 0.023 

+ 0.0071 

- 0.0039 

4 0.0242 

+ 0.0236 

- 0.00633 

+ 0.008 

0.8 

- 0.237 

- 0.039 

- 0.0686 

- 0.0503 

- 0.0878 

- 0.0386 

- 0.03359 

+ 0.039 

0.4 

+ 0.002 

- 0.256 

4 0.0860 

+ 0.0199 

+ 0.1311 

- 0.0449 

+ 0.02933 

+ 0.274 

0.2 

+ 1.069 

- 0.046 

j - 0.1774 

+ 0.0376 

- 1 - 0.1835 

+ 0.0425 

+ 0.02450 

+ 0.534 

O.l 

+ 2.119 

+ 0.323 

40.1494 

+ 0.0244 

- 0.0253 

+ 0.0667 

+ 0.02008 

+ 0.732 

0.0 

+ 3.694 

+ 1.000 

0 

0 

- 0.6246 

0 

0 
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Table 9 ( d )— {Contd.) 

M (Continued) 


Shear Edoe Load Moment Edge Load 


Ratio 

N . 


N # 


N * 

Nx # 

N , 



( 9 ) 

( 10 ) 

( H ) 

( 12 ) 

( 13 ) 

( 14 ) 

( 15 ) 

( 16 ) 

ft 

P 

0 . 006 : 








1.6 

4 . 0.038 

+ 0.023 

+ 0.0003 

- 0.0055 

+ 0.0190 

+ 0.0195 

+ 0.00617 

- 0.006 

0.8 

- 0.196 

- 0.055 

- 0.0583 

- 0.0344 

- 0.0695 

+ 0.0247 

+ 0.03921 

- h 0.025 

0.4 

- fO .030 

- 0.239 

+ 0.1132 

-1 0.0210 

-i 0.0798 

+ 0.0452 

+ 0.01138 

-1 0.232 

0.2 

0.950 

- 0.024 

+ 0.2032 

+ 0,0322 

+ 0.1453 

+ 0.0231 

+ 0.01888 

+ 0.495 

0.1 

+ 1,871 

+ 0.337 

+ 0.1674 

+ 0.0202 

+ 0.0074 

-1 0.0477 

+ 0.00882 

+ 0.706 

0.0 

+ 3,277 

+ 1.000 

0 

0 

- 0.4429 

0 

0 

+ 1.000 

r t 

0 . 008 : 








1.6 

+ 0.027 

+ 0.024 

- 0.0048 

- 0.0059 

+ 0.0160 

+ 0.0170 

- 0.00614 

- 0.005 

0.8 

- 0.168 

- 0.064 

- 0.0468 

- 0,0253 

- 0.0381 

- 0.0158 

- 0.04352 

+ 0.016 

0.4 

+ 0.043 

- 0.226 

+ 0.1354 

r 0.0203 

+ 0.0499 

- 0.0450 

+ 0.00214 

+ 0.205 

0.2 

+ 0.871 

- 0.009 

+ 0.2231 

+ 0.0280 

+ 0.1208 

+ 0.0099 

- i - 0.01408 

+ 0.467 

0.1 

+ 1.713 

+ 0.346 

) 0.1811 

+ 0,0171 

+ 0.0253 

+ 0.0345 

1 - 0.00720 

+ 0.686 

0.0 

+ 3.018 

+ 1.000 

0 

0 

- 0.3316 

0 

0 

+ 1.000 

r i 

n 01 n. 








“ 

V.VJ 1 U. 








1.6 

+ 0.020 

+ 0.023 

- 0.0084 

- 0.0058 

+ 0.0139 

+ 0.0152 

- 0.00623 

- 0.004 

0.8 

- 0.147 

- 0.070 

- 0.0353 

- 0,0196 

- 0.0500 

- 0.0096 

- 0.04672 

+ 0.011 

0,4 

+ 0.050 

- 0.214 

+ 0.1539 

+ 0.0190 

+ 0.0308 

- 0.0443 

- 0.00521 

+ 0.184 

0.2 

+ 0.812 

[ 0.002 

+ 0.2394 

+ 0.0247 

+ 0.1032 

+ 0.0006 

+ 0.01013 

+ 0.445 

0,1 

+ 1.599 

+ 0.332 

+ 0.1924 

+ 0.0147 

+ 0,0359 

f 0,0249 

+ 0,00584 

+ 0.671 

0,0 

+ 2838 

+ 1.000 

0 

0 

- 0.2567 

0 

0 

+ 1.000 



U) (Continued) 


Edge Loads 

Table 9 {d)— {Contd,) 
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Shear Edge Load Moment Edge Load 


N, 

Ratio 



M, 

Nt 



M* 

(9) 

( 10 ) 

( 11 ) 

( 12 ) 

( 13 ) 

( 14 ) 

( 15 ) 

( 16 ) 


jj—= 0 . 015 : 


i .6 

-h 0.009 

+ 0.017 

- 0.0127 

- 0.0049 

+ 0.0104 

+ 0.0124 

- 0.00668 

- 0.003 

0,8 

- 0.114 

- 0.076 

- 0.0097 

- 0.0118 

- 0.0366 

- 0.0007 

- 0.05099 

+ 0.003 

0.4 

+ 0.055 

- 0.193 

+ 0.1888 

+ 0.0157 

+ 0.0054 

- 0.0415 

- 0.01754 

+ 0.150 

0.2 

+ 0.710 

+ 0.019 

+ 0.2698 

+ 0.0187 

+ 0.0749 

- 0.0130 

H 0.00308 

+ 0.406 

0.1 

+ 1.415 

+ 0.359 

+ 0.2138 

+ 0.0107 

f 0.0469 

+ 0.0098 

+ 0.00336 

+ 0.642 

0.0 

+ 2.560 

+ 1.000 

0 

0 

- 0.1481 

0 

0 

+ 1.000 

r ( 

'll— - 

= 0 . 020 ; 








1.6 

+ 0.004 

+ 0.012 

- 0.0131 

- 0.0039 

+ 0.0081 

+ 0.0104 

- 0.00702 

- 0.002 

0.8 

- 0.094 

- 0.077 

+ 0.0103 

- 0.0081 

- 0.0282 

+ 0.0036 

- 0.05168 

- 0.001 

0.4 

+ 0.051 

- 0.179 

+ 0.2123 

+ 0.0130 

- 0.0060 

- 0.0379 

- 0.02428 

+ 0.127 

0.2 

+ 0.642 

+ 0.026 

-1 0.2910 

+ 0.0150 

+ 0.0575 

- 0.0192 

- 0.00126 

+ 0.377 

0.1 

+ 1.301 

+ 0.360 

+ 0.2295 

+ 0.0083 

+ 0.0486 

+ 0.0018 

+ 0.00176 

+ 0.620 

0.1 

+ 2.401 

+ 1.000 

0 

0 

- 0.0928 

0 

0 

+ 1.000 

r t 

/* 

0 . 025 : 








1.6 

+ 0.002 

+ 0.009 

- 0.0118 

- 0.0031 

+ 0.0065 

+ 0.0088 

- 0.00706 

- 0.002 

0.8 

- 0.080 

- 0.076 

+ 0.0252 

- 0.0061 

- 0.0223 

+ 0.0059 

- 0,05036 

- 0.003 

0.4 

+ 0.045 

- 0.170 

+ 0.2284 

+ 0.0109 

-O.OU 4 

- 0.0342 

- 0,02778 

+ 0.111 

0.2 

+ 0.592 

1 0.028 

+ 0.3066 

+ 0.0124 

+ 0.0457 

- 0.0220 

- 0.00395 

+ 0.356 

0.1 

+ 1.223 

+ 0.357 

+ 0.2418 

+ 0.0067 

+ 0.0470 

- 0.0028 

+ 0,00071 

+ 0.609 

0.0 

+ 2.301 

+ 1.000 

0 

0 

- 0.0614 

0 

0 

+ 1.000 
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Table 9 (d)— 

(c) (Continued) 

[ Contd .) 


Shear Edge Load 


Moment 

Edge Load 

Nx 




Ratio 

(9) (10) (11) 

(12) 

(13) (14) 

(15) (16) 


= 0 . 030 : 


1.6 

h 0.000 

+ 0.006 

- 0.0099 - 0.0025 

4 0.0053 

1 0.0076 

- 0.00683 

- 0.001 

0.8 

- 0.071 

- 0.073 

+ 0 0358 - 0.0049 

- 0.0179 

+ 0.0071 

- 0.04799 

- 0.004 

0.4 

H 0.039 

- 0.163 

+ 0.2392 + 0.0092 

- 0.0140 

- 0.0307 

- 0.02938 

1 - 0.099 

0.2 

+ 0.533 

+ 0.027 

+ 0.3183 + 0.0106 

+ 0.0372 

- 0.0229 

- 0.00563 

+ 0.330 

0.1 

+ 1.165 

+ 0.353 

+ 0.2516 + 0.0057 

-( 0.0443 

- 0.0054 

+ 0.00002 

+ 0.588 

0.0 

+ 2.233 

+ 1.000 

0 0 

- 0.0424 

0 

0 

H- 1.000 

rt 

“ 

0 . 040 : 







1.6 

- 0.001 

+ 0.003 

- 0.0065 - 0.0017 

+ 0.0037 

1 0,0056 

- 0.00595 

- 0.001 

0.8 

- 0.058 

- 0.068 

-1 0.0483 - 0.0036 

- 0.0119 

- 40.0000 

- 0.04220 

- 0.006 

0.4 

+ 0,026 

- 0.154 

+ 0.2511 L 0.0069 

- 0.0156 

- 0.0248 

- 0.02964 

+ 0.081 

0.2 

-1 0.494 

1 0,021 

10.3343 ■ 10.0082 

+ 0.0258 

- 0.0224 

- 0.00724 

-i 0,310 

0.1 

+ 1.083 

+ 0.340 

hO .2668 + 0.0043 

+ 0 . 03 B 1 

- 0.0078 

- 0.00072 

+ 0.565 

0.0 

+ 2.150 

+ 1.000 

0 0 

- 0.0223 

0 

0 

+ 1.000 

r t 

7 * 

^ 0 . 060 : 







l.G 

- 0.001 

+ 0.000 

- 0.0023 - 0.0009 

+ 0.0021 

+ 0.0031 

- 0.00397 

- 0.001 

0.8 

- 0.046 

- 0.050 

4 - 0.0549 - 0.0025 

- 0.0057 

+ 0.0077 

- 0.03157 

- 0.006 

0.4 

+ 0.005 

- 0.146 

0.2546 10.0043 

- 0.0142 

- 0.0165 

- 0,02659 

+ 0.058 

0.2 

+ 0.415 

+ 0.003 

+ 0.3503 + 0.0057 

+ 0.0141 

- 0.0189 

- 0.00797 

+ 0.271 

O.l 

+ 0.983 

+ 0,314 

+ 0.2867 + 0.0030 

+ 0.0282 

- 0.0084 

- 0.00133 

+ 0.530 

0.0 

+ 2.076 

+ 1.000 

0 0 

- 0.0081 

0 

0 

+ 1.000 





Edge Lands 31# 

Table 9(d) — {Concld.) 

(f) (Conclude) 


Shear 

Edge Load 



Moment Edge Load 


Nx 

Ratio 

Nx^ 

N, 


N« 


(9) 

(10) 

(ID 

(12) 

(13) (14) (15) 

(16) 


r t 

/* “ 

0.080: 








1 6 

-0.001 

-0.000 

-0.0007 

-0.0005 

+0.0013 

+ 0.0020 

-0.00259 

-0.000 

0.0 

-0.038 

-0.050 

lO.0527 

-0.0020 

-0.0029 

1 0.0068 

-0.02401 

-0.006 

0.4 

-0.010 

-0.141 

4-0.2485 

+ 0.0029 

0.0121 

-0.0115 

-0.02306 

+ 0.044 

0.2 

-fO.362 

-0.015 

4 0.3569 

f 0.0044 

-I 0.0084 

-0.0158 

-0.00764 

i 0.244 

O.l 

-{-o.nio 

4 0.289 

f 0.2997 

+ 0.0024 

1-0.0218 

- 0,0078 

-0.00145 

4 0.505 

0.0 

-f- 2.045 

4- 1.000 

0 

0 

-0.0037 

0 

0 

4-1.000 

f i 

0,100: 








1.6 

-O.OOl 

-0.000 

- 0.0001 

-0.0003 

L 0.0008 

40.0013 

-0.00173 

-0.000 

0.8 

-0.033 

-0.043 

h0.0484 

-0.0016 

-0.0015 

40,0059 

-0,01878 

-0.006 

0.4 

-0.020 

-0.138 

H- 0.2398 

; 0 0021 

--0.0104 

-0.0084 

-0.02088 

+ 0.035 

0.2 

1-0.323 

-0.030 

f 0.3594 

4-0.0036 

+ 0.0051 

-0.01.35 

-0.00706 

+ 0,224 

0.1 

H-0.872 

1-0.268 

-f 0.3091 

1 0.0020 

1-0.0174 

-0.0072 

-0 00135 

+ 0.485 

0,0 

4-2.020 

-M.OOO 

0 

0 

-0.0020 

0 

0 

1.000 


Xote : Tables 4 to 9 arc reproduced from ASCE Manual 31 with the permission of 
the American Society of Civil Engineers. 
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